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2  EXPERIMENTS    ON    FLOW    OF   WATER   IN    PIPES. 

Intkoduction. 

The  history  of  the  experiments  to  be  described  may  be  considered 
as  properly  beginning  in  the  summer  of  1893,  when  the  writers  became 
associated  in  the  Engineering  Department  then  organized  by  the 
Board  of  Water  Commissioners  of  the  City  of  Detroit,  Mich.,  the 
Regulations  governing  which  prescribing,  as  among  the  duties  of  the 
Civil  Engineer,  the  head  of  that  Dejjartment,  that  "He  shall  particu- 
larly have  charge  of  the  Distribution  System,  and  shall  make  it  his 
especial  study  and  care  that  the  said  system  shall  be  as  perfect  as 
possible." 

Beginning  with  such  crude  instruments  as  Botirdon  gauges,  and 
gradually  working  up  past  the  mercury  column  to  the  more  delicate 
apparatus  to  be  described  later,  many  valuable  and  interesting  data 
were  obtained  in  the  next  three  years,  which  would  comi^are  not  unfa- 
vorably with  work  done  by  others,  and  which,  from  time  to  time,  has 
been  presented  before  this  and  similar  societies;  but  the  opportunity 
of  taking  up  this  particular  investigation  systematically,  though  long 
looked  forward  to,  did  not  offer  itself  until  the  fall  of  1896,  when  the 
Engineering  Department  recommended,  and  the  Board  ordered,  the 
laying  of  a  30-in.  main  through  a  distance  of  about  5  000  ft.  to  connect 
two  older  mains.  The  course  selected  for  this  main  embraced  ten  right- 
angled  deflections,  including  the  two  at  the  beginning  and  end,  the 
deflections  being  alternately  to  the  right  and  left.  In  the  design  of 
this  work,  which  was  immediately  constructed,  provision  was  made 
for  the  experiments  under  consideration.  Further  constructions  in 
1898  enabled  the  investigations  to  be  extended  to  l(5-in.  and  12-in. 
isipe,  which  work  has  been  carried  on  since  at  intervals  as  opportunity 
occurred.  Descriptions  of  these  constructions  will  be  found  in  this 
paper  under  the  headings,  "  Thirty-Inch  Cast-Iron  Pipe,"  "  Sixteen- 
Inch  Cast-Iron  Pipe  "  and  "  Twelve-Inch  Cast-iron  Pipe." 

Object  of  the  Experiments. 

The  purpose  of  the  investigation  was  to  determine  the  effect  of 
curvature  upon  the  flow  of  water  in  closed  circular  conduits  under  i3res- 
sure,  and,  jDarticularly,  to  examine  the  effect  of  changes  in  radius  of 
curvature  upon  the  losses  of  head  in  those  cases  occurring  in  ordinary 
water- works  distribution  systems.  In  carrying  out  this  purpose  it  has 
become  necessary  to  investigate  various  allied  problems,  and  to  devise 
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and  construct  special  apparatiis  to  fiu-ther  its  accomplishment.  Some 
of  these  secondary  questions  have  proved  of  almost,  if  not  quite,  as 
great  interest  as  the  main  question,  but  the  fact  is  not  to  be  lost  sight 
of  that  the  effect  of  curvature  was  the  subject  chiefly  under  consid- 
ei'ation. 

Having  already  satisfied  themselves  that  there  were  no  data  extant 
that  an  engineer  was  warranted  in  applying  to  the  cases  occurring  in 
ordinary  practice,  notwithstanding  the  ixnanimity  of  opinion  expressed 
in  hydraulic  treatises,  the  -writers  have  considered  it  unnecessary  to 
jjresent  any  resume  of  the  meager  data  supposed  to  bear  upon  the 
qiiestion  in  hand,  nor  do  they  projjose  in  the  body  of  this  paper  to 
devote  attention  to  any  experiments  which  have  already  been  pub- 
lished.* The  intention  has  been  to  observe  existing  conditions  as 
accurately  as  j^ossible,  and  to  present  the  results  first  as  they  were 
observed,  and  then  with  such  reductions  as  carefiil  study  of  them 
suggested;  and  to  discuss  nothing  with  which  a  familiarity  has  not 
been  gained  by  actual  contact. 

The  writers  do  not  pretend  by  any  means  to  have  exhausted  the 
subject,  and,  as  these  investigations  cover  only  curves  of  90°,  and  do 
not  reach  the  curves  of  very  long  radiiis  occasionally  used,  there  is 
still  a  very  interesting  and  extensive  field  left  untouched. 

Conditions  of  Experiment. 
The  Lines  Investigated. — The  pipe  lines  experimented  upon  were  in 
every  case  a  part  of  the  distribution  system  of  the  Detroit  Water- 
Works,  and  were  required  to  perform  their  designed  function,  either 
wholly  without  interruption,  or  with  very  brief  intermissions.  It 
became  necessary,  therefore,  to  operate  at  such  times  and  in  such  a 
manner  as  not  to  interfere  with  the  regular  service.  For  this  reason, 
the  work  of  the  first  series  of  experiments  upon  the  30-in.  jaipe  was 
generally  done  at  night,  and,  in  order  that  the  additional  consumption 
of  water  should  prove  the  least  serious  at  the  pumping  station,  Satur- 
day night  was  usually  selected,  although  the  first  observations  were 
made  on  Memorial  Day,  May  30th,  1898.  The  other  series  have  been 
carried  out  in  the  day  time,  but  velocities  have  been  necessarily 
restricted  and  variations  frequent. 

*  A  discussion,  of  the  previous  investigations  upon  tliis  subject,  by  one  of  the  writers, 
may  be  found  in  The  Technic  for  1899,  published  by  the  Engineering  Society  of  the  Uni- 
versity of  Michigan,Ann  Arbor. 
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The  Force  Employed. — The  party  was  made  up  of  the  employees 
of  the  Engineering  Dejaartment,  with  an  occasional  assistant  from 
outside. 

In  addition  to  the  writers,  who  have  each  handled  every  instru- 
ment and  each  had  charge  of  the  party,  the  following  men  have  been 
engaged  as  observers  and  recorders  in  these  investigations : 

Eugene  A.  Kummler,  Draftsman,  Eng.  Dept.,  Observer  on  Pitot 

tube  and  resistance  gauge. 
W.  Edgar  Hewitt,  Draftsman,  Eng.  Dept.,  Observer  on  Pitot 

tube  and  resistance  gauge. 
J.    Edward   McGrath,*   Draftsman,    Eng.    Dept.,    Observer   on 

Pitot  tiibe  and  resistance  gauge. 
J.  T.  Wagner,  Rodman,  Eng.  Dept.,  Observer  on  Pitot  tube  and 

meters. 
Herbert  O.  Hanford,  Draftsman,  Eng.  Dept. ,  Observer  on  resist- 
ance gauge  and  Recorder  on  Pitot  tube. 
Edward  A.  Kirby,  Clerk,  Eng.  Dept. ,  Observer  and  Recorder  on 

Pitot  tube. 
Anthony  F.  Dierkes,  Draftsman,  Eng.  Dept.,  Observer  on  resist- 
ance gauge,  and  maker  of  instruments. 
George  G.  Gibson,  Clerk,  Iron  Pipe  Dept.,  Recorder  on  Pitot  tube. 
Robert   N.    Burnham,    Draftsman,    Eng.    Dept.,   Observer   and 
Recorder  on  resistance  gauge. 
This  force  does  not  include  men  required  to  operate  gates,  in  mak- 
ing shut-oflfs  and  controlling  the  discharge. 

Dates  and  Duration. — The  dates  of  these  investigations  were  approx- 
imately as  follows: 

30-in.  investigations  of  1898,  May  30th,  to  September  21st. 
16-in.  "  "     September. 

12-in.  "  "     November. 

30-in.  "  1899,  June. 

12-in.  "  "    June. 

Since  the  field  work,  in  each  case,  the  available  time  of  the  writers 
and  their  assistants  has  been  spent  in  the  discussion  of  the  data 
obtained,  but  no  estimate  can  be  given  of  the  time  actually  silent  in  the 
investigation  as  a  whole,  which  has  now  extended  over  a  jjeriod  of 
more  than  three  years,  from  preliminary  experiments  on  12-in.  pipe, 
in  November,  1897,  to  the  last  work  on  the  30-in.  line  in  January, 
1901. 

Scope  of  Invesiigadons.— The  investigations  embraced  simultaneous 
observations  of  the  loss  of  head  in  at  least  two  sections  of  the  line 
*  Died  January  6th,  1901,  at  Detroit. 


EXPERIMENTS   ON    FLOW    OF   WATER   IN    PIPES.  5 

being  investigated,  and  a  determination  of  the  velocity  in  the  pipe. 
The  ranges  of  mean  velocity  experimented  with  have  been : 

For  30-in.  pipe,  zero  to  3.5  ft.  per  second. 
"    16-in.     "         "  5.8  ft. 

"    12-in.     "         "  4.8  ft. 

They  have  also  embraced  examinations  of  the  distribntion  of  veloci- 
ties within  the  pipes,  and  of  pressures  around  the  circumference,  and 
some  experiments  upon  the  flow  of  water  in  2-in.  and  5-in.  brass  pipes. 

Incidentally,  they  include  the  rating  and  standardizing  of  the  instru- 
ments used,  and  a  study  of  the  differences  of  condition  between  instru- 
ments moving  in  still  water,  and  instruments  stationary  in  moving 
water. 

Reductions  of  Observations. — Owing  to  the  removal  of  one  of  the 
writers  from  the  scene  of  the  investigations  before  the  completion  of 
the  experiments  it  has  been  necessary  to  divide  the  work  of  the  prepa- 
ration of  the  results  for  publication,  and,  while  frequent  consultations 
have  been  held  and  all  have  been  kept  fully  informed  of  every  part  of 
the  work  as  it  progressed,  both  in  the  experimental  stage  and  in  the 
digesting  of  the  gathered  material,  the  writers  feel  some  regret  at  not 
being  able  to  spend  together  the  time  devoted  to  the  computations  . 
and  consideration  of  results,  as  some  points  might  be  brought  out 
more  clearly  by  a  free  discussion  of  the  unreduced  data,  but  this  work, 
like  most  of  its  kind,  is  only  an  incident  among  the  many,  and,  there- 
fore, has  had  to  take  a  subordinate  place,  other  matters  being  of 
more  importance. 

Nomenclature. 

The  following  abbreviations  and  terms  are  used: 

A  =  Area; 

a  =  Coefficient; 

b  =  Constant; 

c  =  Coefficient  in  Chezy  formula; 

d  =  Diameter  of  a  circular  j^ipe; 

6r  =  Gauge; 

g  =  Acceleration  due  to  gravity  =  32.2  ft.  per  second; 

H  =Head; 

Hf  =  Head  lost  in  friction  and  other  resistance  between  two  points 

in  a  closed  pipe  of  uniform  section; 

Hi.  =  Head  producing  velocity; 

H^,^  =  Head  isroducing  velocity  at  the  center  of  the  pipe; 

I  —Length; 

m  =  Coefficient  or  exponent; 

n  =  Coefficient  or  exponent; 

V  =  Pressure ; 
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P.  C.  =  Point  of  Curvature  =  Beginning  or  up-stream  end  of  a  curve 

in  the  pipe  line; 
P.  I.   =  Point  of  Intersection   =  Intersection  of  two  tangents  to  a 

curve  in  the  pipe  line; 
P.  T.  =  Point  of  Termination  =  Termination  or  down-stream  end  of  a- 

curve  in  the  pipe  line; 
Q         z=  Quantity  of  discharge,  in  cubic  feet  per  second; 
R         =  Eadius  of  curvature  of  axis  of  pipe; 
r  :=  Eadius  of  a  right  section  of  circular  pipe; 

.s  =  Slope   -^  ; 

T        =  Tube; 

Tan.    =  Tangent; 

U        —  Mean  velocity,  in  feet  per  second,   in    pipe,   determined   by 

weight  of  water  discharged; 
V        =  Velocity,  in  feet  per  second; 

V^        —  Velocity,  in  feet  per  second,  at  the  center  of  pipe; 
V^       =  Mean  velocity,  when  determined  other  than  by  weight; 
V^        =  Velocity  at  any  point,  determined  by  the  Pitot  tube; 
^max   =  Maximum  velocity,  in  feet  per  second,  observed  in  a  pipe; 
W       =  Weight,  in  pounds  avoirdupois. 

"  Reading "  is  the  term  used  to  designate  a  single  reading  of  the 
scale  of  an  instrument. 

"  Observation  "  is  used  to  designate  such  a  combination  of  read- 
ings, one  or  more,  as  form  a  complete  unit  in  the  result. 

"Experiment"  is  used  to  designate  a  set  of  observations  made 
under  practically  constant  conditions. 

"  Series  "  is  used  to  designate  a  number  of  experiments  made  upon 
the  same  section  of  the  line. 

"  Traverse  "  is  a  term  used  to  describe  the  operation  of  measuring 
velocity  with  the  Pitot  tube  by  taking  observations  consecutively  at 
diflferent  points  along  a  diameter  of  the  pipe. 

"Position,"  when  applied  to  a  "traverse,"  designates  the  result 
of  the  set  of  obsr  >rations  taken  at  a  single  setting  of  the  instrument, 
i.  e. ,  at  one  point  on  the  diameter  traversed. 

"  Piezometer  "  designates  the  opening  or  openings  in  the  pipe  wall 
or  the  side  of  a  chamber  by  which  the  pressure  of  the  water  flowing 
past  is  communicated  to  a  gauge. 

Pitot  Tubes. 
Description  of  Pitot  Tubes  and  Their  Use. 

Forms  of  Tubes. — A  Pitot  tube,  when  complete,  consists  essentially 
of  two  jDipes,  one  of  which  terminates  in  an  orifice  which  may  be  so 
directed  as  to  receive  the  imjjact  of  a  flowing  stream,  while  the  other 
terminates  in  an  orifice  which  may  be  set  at  right  angles  to  the  direc- 
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tion  of  the  flowing  stream  and  may  then  communicate  its  jjressure. 
The  former  is  called  the  velocity  or  impact  tube  or  opening  or  simply 
the  point,  and  the  latter  the  pressure  opening  or  the  side.  The  latter 
may  terminate  in  an  orifice  or  orifices  in  the  pipe  wall,  or  may  open 
into  the  body  of  the  stream,  and  it  may  be  so  arranged  as  to  communi- 
cate something  less  than  the  pressure  in  the  stream,  in  which  case  the 
instrument  is  enabled  to  be  used  at  lower  velocities  than  when  the 
full  pressure  is  communicated.  In  connection  with  these  investiga- 
tions there  have  been  used  eleven  different  tubes  which  are  designated 
as  follows: 

Nos.  1,  2,  3,  4,  5  and  6;  A,  B,  C,  D  and  E. 

These  tubes  were  of  brass,  and  are  shown  on  Plate  I. 

Tube  No.  1  was  the  first  built,  and  was  used  in  some  preliminary 
investigations  upon  12-in.  jjipe  made  in  the  fall  of  1897,  as  was  also 
Tube  No.  2  which  was  made  from  it  by  increasing  the  size  of  the 
interior  pipe,  connecting  to  the  jsressure  opening,  to  avoid  the  laossi- 
bility  of  the  loss  of  head  in  the  small  internal  pipe  affecting  the 
reading  of  the  gauge.  These  tubes  which  may  be  called  the  "  Bazin 
form,"  from  their  resemblance  to  the  instrument  used  by  M.  Henry 
Bazin  in  his  studies  of  the  liquid  vein,  had,  as  shown,  a  single  pressure 
opening  in  the  bottom. 

Although  the  results  obtained  with  them  were  very  satisfactory,  it  was 
thought  that  even  better  results  could  be  obtained  with  the  form  rep- 
resented by  Nos.  3,  4  and  6,  in  which  the  pressure  openings  were  four, 
located  90^  apart  and  45^  from  the  knife-edge,  around  the  sides  of  the 
bulb,  in  the  point  of  which  was  the  impact  opening.  The  bulb 
formed  an  equalizing  chamber  to  the  four  pressure  openings.  This 
form  is  somewhat  similar  to  one  discovered  by  the  writers,  in  a  German 
work  on  hydraulics,  many  months  after  theirs  were  constructed.  These 
three  tubes  differed  only  in  the  size  and  form  of  the  bulb  and  sustaining 
knife-edge,  Tube  No.  3  having  the  finest  and  No.  6  the  coarsest  lines. 

Tube  No.  5  was  made  from  Tube  No.  2  by  plugging  the  original 
pressure  opening,  and  drilling,  at  right  angles  to  its  axis  and  to  that 
of  the  imi^act  opening,  a  hole  entirely  across  the  instrument  connect- 
ing with  the  original  pressure  tube,  and  filing  away  the  heel  of  the 
instriiment. 

Tubes  A,  B  and  G  were  as  nearly  alike  as  a  skilled  workman  could 
make  them.     Thev  may  be  called  the  "  Freeman  form,"  from  a  resem- 
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blance  to  an  instrument  built  by  John  R.  Freeman,  M.  Am.  See.  C.  E., 
althougli  tliey  possess  a  marked  diflference  in  the  form  of  the  i^oint. 

Tube  Z)  was  built  for  use  in  very  small  pipe,  and  it  is  quite  similar 
to  Tube  No.  5,  except  that  its  lines  are  finer  and  the  impact  opening 
cuts  away  the  knife-edge,  causing  it  to  appear  notched  in  the  side 
view.  It  has  also  a  down- stream  opening  which  has  not  been  used. 
Tube  E  was  designed  for  similar  use,  and  contains  only  an  impact 
opening,  the  pressure  being  supi^lied  from  piezometers  in  the  side  of 
the  pipe.  Its  impact  opening  is  very  similar  to  those  of  Tubes  A,  B 
and  C,  but  much  smaller. 

The  Gauges. — For  the  purpose  of  observing  with  the  Pitot  tiibe,  it 
is  necessary  to  connect  each  tube  with  a  gauge  by  which  the  difference 
in  pressure  can  be  observed.  The  most  satisfactory  form  consists  of 
two  i^arallel  glass  pipes  connected  at  the  top  and  having  a  scale 
between  or  behind  them.  The  upper  portions  of  these  pipes  remain 
filled  with  air  when  the  water  rises  in  the  lower  portion,  and  the  dif- 
ference of  head  is  then  read  in  water  uj)on  the  scale.  Six  gauges  were 
used  for  this  purpose,  and  designated  as  Nos.  4,  5,  8  and  9,  and  "  C 
double  "  and  "  C  triple."  Numbers  4  and  5  were  duplicates,  and  con- 
sisted of  inverted  glass  XJ-tubes  about  -i\  in.  in  internal  diameter. 
Numbers  8  and  9  were  duplicates,  and  consisted  of  straight  tubes  of 
^  in.  internal  diameter,  joined  at  the  top  by  a  brass  casting.  The 
construction  of  Gauges  Nos.  5  and  9  is  shown  in  Figs.  1  and  2.  The 
scales  of  the  C  gaxiges  were  divided  in  double  centimeter  units  and 
subdivided  to  tenths,  the  smallest  division  being  2  mm.  The  scales 
of  Gauges  Nos.  4,  5,  8  and  9  were  divided  into  inches  and  tenths.  For 
work  in  the  field,  these  gauges  were  mounted  upon  tripods  or  hung  on 
the  side  of  the  gate-wells  in  which  the  observations  were  taken. 

Connections  Between  the  Gauges  and  the  Tubes.- — The  tubes  were  con- 
nected to  the  gauges  by  rubber  hose,  §  in.  in  internal  diameter  and  10 
to  20  ft.  long,  equal  lengths  being  used  on  each  side,  and  care  being 
taken  to  expel  the  air  before  connecting  up. 

Method  of  Inserting  the  Tube  iri  the  Pipe. — These  tubes  have  all  been 
designed  for  insertion  into  the  pipe  through  a  1-in.  round-way  cor- 
poration cock,  such  as  may  be  inserted  in  any  main  while  iinder 
Ijressure,  with  a  Mueller,  Payne,  Lennox  or  Walworth  tapping  ma- 
chine. The  cock  being  set  in  the  main  at  the  i^lace  of  observation, 
the  follower  and  tail  piece  is  removed,  and,  in  the  latter's  place,  is 
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substituted  a  stuffing-box,  shown  in  Fig.  4,  sufficiently  long  to  contain 
the  portion  of  the  tube  below  the  cylindrical  casing.  This  stviffing- 
box  being  fastened  to  the  cock,  with  a  gasket  between  them,  by  the 
follower,  the  tube  is  then  inserted  in  it  and  the  nut  at  its  top  screwed 
down  against  a  rubber  packing  which  grips  the  tube.  The  cock  is 
then  opened,  and  the  tube  may  be  shoved  into  the  interior  of  the  pipe 
and  set  at  any  desired  jjosition.  The  pointing  of  the  tube  is  adjusted 
by  aligning  the  arm  at  the  top  of  the  instrument  with  the  direction  of 
the  pipe. 

Method  of  Measuring  the  Diameter  of  the  Pipe. — In  order  to  measure 
accurately  the  internal  diameter  of  the  pipe  experimented  upon,  the 
same  stuffing-box  was  used  with  a  cap  having  an  eccentric  opening. 
Through  this  was  passed  a  rod  terminating  at  the  bottom  in  a  hook 
somewhat  like  the  letter  J,  and  having  a  heel  projecting  about  ^  in.  at 
the  bottom.  This  was  made  of  such  size  that,  when  the  cap  was  on, 
the  hook  would  pass  through  the  cock  in  one  position,  but,  when 
reversed  after  entering  the  pipe,  the  point  of  the  hook  would  locate 
the  inside  of  the  pipe  next  to  the  cock.  The  rod  was  pushed  in  until 
the  heel  located  the  farther  side,  then  reversed  and  withdrawn  until 
the  point  located  the  near  side, when  the  distance  measured  on  the  rod 
extending  from  the  stuffing-box,  between  the  two  positions,  plus  the 
distance  from  the  heel  to  the  point,  gave  the  diameter.  By  turning  the 
rod  around  again  it  coiild  be  withdrawn  from  the  pipe.  Allowing  for 
reasonable  roughness  of  the  Y>XV^  wall,  the  diameter  coiild  be  determined 
by  this  means  within  less  than  a^  in. 

Method  of  Observation. — In  part  owing  to  the  pipes  exi^erimented 
upon  being  supplied  by  direct  pumping,  a  pulsation  in  the  water 
columns  was  noticeable  on  the  Pitot  tube  gauges.  Where  glass  tubes^ 
considerably  in  excess  of  the  diameter  of  the  orifices  in  the  Pitot 
tubes,  were  used,  as  for  example  those  of  Gauges  Nos.  4  and  5,  these 
pulsations  were  not  rapid,  and  of  comparatively  short  amplitude;  but 
when  the  smaller  columns  of  Gauges  Nos.  8  and  9  were  used,  the  num- 
ber of  pulsations  became  quite  high,  10  to  20,  and  even  100  per  minute 
being  observed,  and  their  amplitude  sometimes  was  several  inches. 
While  the  larger  columns  were  more  easily  read,  some  preliminary 
experiments  with  tubes  of  |-in.  diameter  showed  that  a  consider- 
able length  of  time  (several  minutes)  was  required  for  the  columns 
to  come  to  equilibrium  after  a  change  of  velocity,   and,  as  it  would 
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not  be  possible  to  maintain  steady  velocities,  it  was  considered  best 
to  use  a  small  column  which  cotild  be  depended  upon  to  respond 
promptly  to  such  changes  as  might  occur.  Therefore,  particu- 
larly in  traversing,  Gauges  Nos.  8  and  9  were  generally  iised  with 
the  tubes. 

In  reading,  the  practice  was  to  read  the  two  extremities  of  the 
vibration  in  each  column,  the  two  upper  extremities  being  read  simul- 
taneously by  a  single  observer  and  then  the  two  lower,  the  readings 
being  called  to  a  recorder  who  entered  the  time  and  the  readings  in  a 
notebook.  It  was  found  that  an  observer  could  read  the  four  posi- 
tions to  the  smallest  division  of  the  scale,  which  was  graduated  to 
tenths  of  an  inch,  once  every  15  seconds,  and  this  was  the  rate  of 
reading  practiced  when  the  tube  was  traversing  the  pipe,  after  the 
first  few  experiments  in  which  the  observations  were  taken  30 
seconds  apart.  "When  the  instrument  was  on  the  center  at  the 
completion  of  or  between  traverses,  the  four  readings  were  usually 
taken  every  30  seconds.  A  person  recording  for  himself  would  be 
able  to  get  the  four  readings  about  once  in  40  to  50  seconds. 

In  measuring  the  discharge  of  a  pipe  with  a  Pitot  tube,  it  was 
necessary  at  first  to  traverse  the  diameter  of  the  j)ipe  with  the  instru- 
ment, i.  e.,  to  take  readings  at  various  points  along  the  diameter. 
In  order  to  simplify  the  reductions  and  give  the  positions  eq^ual 
weight,  the  area  of  the  jjipe  was  divided  by  a  series  of  concentric 
circles  into  a  central  core  and  concentric  rings  of  equal  area  and  a 
position  was  taken  at  the  center,  at  the  edge  of  the  pipe,  as  nearly  as 
the  tube  could  approach,  and  on  each  intersection  of  the  dividing 
circles  with  the  diameter.  At  each  location  the  four  readings  were 
taken  three  times,  which  occupied  45  seconds,  and  the  instrument 
was  then  moved  to  the  next  j)Osition,  so  that  a  j)osition  per  minute 
was  occupied.  In  the  earlier  traverses,  when  observations  were  30 
seconds  apart,  five  were  taken  at  a  position.  The  first  position 
was  the  center,  then  the  side  of  the  pipe  was  taken  and  then  the 
points  consecutively  across  the  pipe,  returning  to  the  center  at  the 
close.  This  complete  operation  was  called  a  "  Traverse."  To 
locate  the  point  of  the  instrument,  an  observing  stick  was  used  corre- 
sponding in  its  divisions  to  those  of  the  diameter  of  the  pipe,  which, 
when  rested  against  the  toj?  of  the  stuffing-box,  gave  the  setting  by  a 
collar  on  the  tube. 
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Method  of  Reducing  Pitot  Tube  Observations. — Inasmuch  as  the  lioiut 
of  the  tube  is  directed  so  as  to  receive  the  impact  of  the  flowing  stream, 
it  has  been  argued,  on  theoretical  groimds,  that  the  difference  of  head 
observed  is  2  H,.,  from  the  law  of  fluid  imjjact  which,  as  given  by 
Weisbach,  is  that: 

"The  normal  impulse  of  water  against  a  plane  surface  is  equal  to 
the  weight  of  a  column  of  water,  the  cross-section  of  whose  base  is 
equal  to  that  of  the  stream,  and  whose  height  is  twice  that  due  to  the 

velocity  (2 /7„  =  2  i^)  ." 

Some,  however,  prefer  to  consider  the  head  observed  as  the  velocity 

v'- 

head,   and  so  have  proposed,   for  reducing,   the  formula  H  =  — —  , 

not  H  =  ~. 

9 

Practically,  it  makes  very  little  diflference  which  form  of  expression 
is  adopted,  as  the  change  is  pi'ovided  for  in  the  coefficient  of  the 
instrument.  For  example,  having  a  certain  known  velocity,  U,  the 
tube  shows  a  velocity,  Fj  =  \/  2  g  H,  hj  the  velocity-head  theory,  and 
F2  =  \/  g  H  hj  the  impact  theory.  There  then  results  U  =  m  Fj 
=  n  F,,  where  m  and  n  would  be  coefficients  of  the  tube,  and  might, 
theoretically,  be  greater  or  less  than  iiuity,  according  to  the  form  of 
the  instrument.  From  the  foregoing  relation  there  also  results 
171  \/  '2  g  H  =^  n  \J  g  H,  or  vi  ^y/  2  =  n,  whence,  if  m  =  unity,  u  = 
a/  2"=  1.4142;  and  if  n  =  unity,  m  =  0.7072. 

The  writers  prefer  the  velocity-head  theory,  for  the  reason  that  they 
have  been  able  to  design  an  instrument  which,  according  to  this  theory, 
has  a  coefficient  of  nearly  unity  and  others  having  coefficients  as  low  as 
0.75,  but  they  have  as  yet  been  unable  to  produce  one  having  a 
coefficient  approaching  unity,  on  the  dmpact  theory,  without  intro- 
ducing what  they  interi)ret  as  other  effects  than  those  of  simple  impact. 
Accordingly,  the  difference  in  height  of  the  two  columns,  as  determined 
from  the  means  of  the  extremities  of  the  vibrations,  has  been  treated  as 

F^ 
the  head  to  which  the  velocity  is  due,  or  H„  =  ~ —  . 

As  the   gauge  scales  were  graduated  in  inches  and  tenths,  there 

results  F,  in  feet  per  second,  =      l^lV^  =  v  I  ~1T'  ^"  =2.32   V  i/„. 

The   velocity   corresponding  to   the   mean  iJ„  for  each  position  is 
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determined  according  to  tliis  equation.  Tlie  value  at  the  center,  to  be 
used  in  determining  the  mean,  is  obtained  by  taking  the  sum  of  the 
velocity  of  the  first  and  third  positions  there  and  twice  that  of  the 
second  and  dividing  it  by  four.  Bearing  in  mind  that  the  points  of 
observation  divide  the  pipe  into  rings  of  equal  area,  the  mean  velocity 
is  determined  by  the  summation  of  half  the  extreme,  or  side,  velocities, 
twice  the  center  velocity,  as  just  obtained,  and  the  intermediate  veloci- 
ties, all  divided  by  the  number  of  positions.  The  center  velocity,  being 
observed  at  the  beginning,  middle  and  end  of  each  traverse,  has  been 
used  twice  in  computing  the  mean  velocity,  to  compensate  for  the  defi- 
ciency occurring  from  the  summation  of  the  several  velocities.  The 
effect  of  this  is  to  give  a  value  of  F,„,  about  0.6  of  1%  higher  than  would 
be  obtained  by  integrating  the  volume  of  revolution  generated  by  the 
mean  curve  drawn  through  the  observations  when  21  positions  are  used. 
Effect  of  Pressure  and  Temperature  upon  Gauge  Readings. — To  be 
strictly  accurate,  the  difference  in  head  represented  by  the  two 
columns  of  air  in  the  differential  gauge  should  be  subtracted  from  the 
difference  of  the  two  water  columns.  The  value  of  this  difference  of 
the  air  columns  changes  with  both  temperature  and  pressure,  and  may 
be  readily  computed  from  the  "Law  of  the  Expansion  of  Gases."' 
Inasmuch,  however,  as  the  experiments  described  have  been  made  under 
pressures  having  a  range  of  from  15  to  35  lbs.,  or  only  about  one 
atmos^Dhere,  excepting  the  tank  ratings,  and  the  temperature  range 
has  been  only  about  40^  Fahr. ,  the  mean  being  near  70^  Fahr. ,  except 
on  the  12-in.  work,  when  the  mean  was  about  40°  with  a  minimum  of 
of  32^,  and  the  rating  of  the  tubes  in  the  pipe  has  been  conducted 
under  pressures  between  16  and  25  lbs. ,  and  a  temperature  of  about 
70°  Fahr.,  no  attemj^t  has  been  made  to  correct  the  tube  observations 
for  either  temperature  or  pressure.  In  comparing  the  tank  and  pipe 
ratings,  the  effects  of  jjressure  would  be  apjiarent,  though  very  small. 

Calibration  of  the  Tubes. 

In  Open  Tanh  and  Still  Water:  Apparatus. — In  order  to  establish 
the  ratio  existing  between  the  true  velocity  and  that  deduced  from  the 
readings  of  the  tube  gauge  by  the  foregoing  reduction,  the  method  of 
calibration  usually  adopted  with  current  meters,  viz. ,  that  of  moving 
the  instrument  through  still  water  at  known  velocities,  was  first  tried. 
For  this  purpose  a  circumferential  trough,  rectangular  in  section,  9 
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ins.  wide  and  8  ins.  deep,  was  built  of  galvanized  iron,  as  shown  in 
plan  and  sectional  elevation  in  Fig.  3.  The  diameter  of  its  center  line, 
which  was  made  the  path  of  the  tube,  was  11  ft.  10  ins.  The  tube  to 
be  rated  was  supported  upon  an  arm  attached  to  a  central  shaft  which 
was  free  to  revolve  in  bearings  on  the  floor  and  ceiling,  and  which 
also  supported  the  gauge  and  a  seat  for  the  observer.  The  gauge  was 
connected  with  the  tube  by  the  usual  rubber  hose,  the  point  of  the 
tube  being  3  ins.  below  the  surface  of  the  water  in  the  trough. 

In  Open  Tank  and  Still  Water:  Experiments. — The  arm  carrying  the 
tube  was  revolved  by  a  man  walking  behind  it  and  allowing  it  to 
simjily  rest  against,  and  not  be  grasped  by,  his  hand;  and  the  time  of 
each  revolution  was  taken,  from  a  watch  reading  to  i  second,  when 
the  arm  passed  a  certain  point  on  the  trough.  As  soon  as  a  revolution 
was  comj)leted,  the  time  recorder  called  out  the  seconds  consumed  by 
it  as  a  guide  to  the  maintaining  of  a  uniform  speed.  A  separate 
recorder  was  found  necessary  for  the  gauge  readings,  and  these  were 
taken  as  in  the  field-work,  but  as  frequently  as  they  could  be  read, 
often  every  5  seconds.  The  velocities  were  maintained  as  nearly 
uniform  as  possible  for  periods  of  at  least  5  minutes,  and  the  results 
so  obtained  were  plotted  as  a  log,  with  times  as  the  abscissas,  and 
gauge  readings  and  true  velocities  as  the  ordinates,  and  from  these 
plottings  periods  of  uniform  condition  were  selected,  to  be  averaged  and 
used  for  each  experiment,  which  averages  are  j)resented  in  Table  No.  1. 

As  the  gauge  was  working  under  less  than  atmospheric  pressure,  it 
being  located  above  the  water  surface,  considerable  skill  was  required 
to  expel  the  air  from  the  connecting  hose  and  keep  it  from  working  in. 
Frequent  observations  were  taken  with  the  tube  still,  by  which  defects 
in  the  conditions  could  be  easily  detected.  To  prevent  the  passage  of 
the  tube  from  generating  a  velocity  in  the  water  of  the  trough  very 
thin  paddles  of  sheet  tin  were  inserted  at  several  points,  filling  the 
cross-section,  and  these  were  carefully  withdrawn  as  the  tube 
approached  and  replaced  after  it  had  passed.  The  watch  used  was 
compared  with  a  well-regulated  ordinary  watch  and  its  rate  deter- 
mined at  the  beginning  and  end  of  the  experiments,  and  the  correc- 
tion applied  in  the  reductions. 

These  experiments  were  made  in  the  Water  Office  at  Detroit,  in 
January,  February  and  July,  1899,  the  room  being- artificially  heated 
during  cold  weather. 
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In  Open  Tank  and  Still  Water:  Results. — Tubes  Nos.  3,  5  and  6  were 
calibrated  in  the  open  tank  as  just  described,  and  the  results  of  each 
single  revolution  are  plotted  on  Plate  II,  and  in  Table  No.  1  the 
experiments  have  been  grouped  according  to  the  velocity,  as  com- 
puted from  the  tube  readings,  which  is  called  the  apparent  velocity. 
The  number  of  experiments  in  each  group  is  shown  in  the  first  col- 
umn. The  ratio  of  the  true  to  the  apparent  velocity,  which  is  the  coefii- 
cient  of  the  tube,  is  also  given.  Kejecting  those  experiments  in  which 
the  true  velocity  was  less  than  1  ft.  per  second,  the  arithmetic  mean 
gives  the  following  values  for  the  several  tubes  and  gauges: 

Coefficient. 

Tube  No.  3 Gauge  No.  9 0.9142 

6 "  9 0.9658 

5 "  9 0.8506 

5 "  5 0.8351 

From  the  plottings  of  the  individual  observations,  taking  the  slopes 
of  the  mean  lines,  which  have  been  located  by  stretching  a  thread  and 
averaging  its  position  by  the  eye,  the  ratios  obtained  are : 

Coefficient. 

Tube  No.  3 Gauge  No.  9 0.926 

6 •'         9 0.950 

5 "  9 0.859 

5 "  5 0.859 

By  the  grouping,  it  was  expected  that  the  effect  of  velocity,  if  there 
were  such  an  eifect,  would  be  more  clearly  shown,  but,  after  a  study 
of  the  results,  it  was  concluded  that  the  effect  of  velocity  on  the  coeffi- 
cient of  the  tubes  was  insignificant,  except  in  the  case  of  Tube  No.  5, 
the  plottings  of  the  ratings  of  which  are  notable,  in  that  they  show, 
for  the  experiments  with  both  gauges,  a  peculiar  sinuosity  of  the  locus 
which  has  no  apparent  counterpart  in  the  ratings  of  Tubes  Nos.  3  and  6. 

In  Closed  Pipes,  loith  Flowing  Water:  Apparatus. — As  it  was  possible 
to  imagine  conditions  which  might  produce  dififerent  coefficients  for 
these  instruments  when  rated  in  still  water,  as  just  described,  from 
those  which  should  be  used  in  the  reduction  of  the  field  observations,  it 
was  determined  to  attempt  a  rating  in  a  closed  jjipe.  For  this  pur- 
pose the  resources  of  the  Hydraulic  Laboratory  of  the  College  of  Civil 
Engineering  of  Cornell  University  were  kindly  placed  at  the  disposal 
of  the  writers  by  Professor  E.  A.  Fuertes,  M,  Am.  Soc.  C.  E.,  Director 
of  the  College,  and  experiments  have  been  carried  on  there  by  the 
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writers,  beginning  in  August,  1899,  and  continuing  to  March,  1901,  in 
which  they  have  had  the  assistance  of  M.  S.  Darrow,  Jun.  Am.  Soc. 
C.  E.,  Assistant  in  the  Hydraulic  Laboratory,  and  Mr.  W.  Edward  Wil- 
son, student  in  civil  engineering. 

For  these  experiments  a  system  of  piping  located  in  the  basement 
of  the  College  of  Civil  Engineering  was  utilized.  This  may  be  sup- 
plied directly  from  the  University  mains  or  from  a  tank  in  the  top  of 
the  building,  the  water  surface  in  the  latter  being  about  47  ft.  above 
the  pipe  used.  The  inlet  to  the  system  being  only  a  2-in.  pipe,  the 
size  of  the  experimental  pipe  was  necessarily  limited  to  the  same,  in 
order  to  provide  for  a  suitable  range  of  velocity.  This  2-in.  supply 
pipe  was  led  axially  into  a  cast-iron  cylindrical  receiver  2.17  ft.  long 
and  1.135  ft.  in  diameter.  A  screen,  consisting  of  a  brass  plate  per- 
forated with  ^  and  ^i-iii-  holes  was  located  0.5  ft.  from  the  inlet  end. 
The  outlet  of  this  receiver  was  a  brass  cycloidal  mouthpiece  connect- 
ing to  a  seamless  drawn-brass  pipe  0.416  ft.,  or  5.013  ins.,  in  diame- 
ter. The  diameter  of  the  generating  circle  of  the  cycloid  was  one-fourth 
that  of  the  following  pipe,  and  it  was  rolled  parallel  to  the  axis  of  the 
pipe,  the  cycloid  at  its  middle  becoming  tangent  to  the  pipe  wall. 
This  brass  pipe,  from  the  entrance  of  the  mouthpiece,  was  20.97  ft. 
long,  and  terminated  in  a  similarly  proportioned  cycloidal  mouth- 
piece connecting  to  a  line  of  seamless  drawn-brass  tubing  0.1746  ft., 
or  2.096  ins.,  in  diameter.  At  a  point  68.23  ft.  beyond  the  entrance  to 
the  second  mouthpiece  there  was  arranged  a  connection  for  the  inser- 
tion of  the  tubes,  which  is  shown  in  Fig.  4.  For  the  work  with  Tubes 
D  and  E  the  preceding  length  was  changed  to  68.30  ft.  Beyond  this 
point  the  pipe  extended  straight  for  46.3  ft.,  then  turned  180<^  and 
returned  to  a  point  near  the  inlet  where  the  discharge  took  place 
through  a  1-in.  valve  and  nipple.  The  jet  from  this  outlet  passed  into 
a  funnel  of  galvanized  iron  having  a  vertical  diaphragm  in  its  center, 
one  side  of  which  delivered  to  the  waste  drain,  and  the  other  to  a  scale 
tank  of  2  500  lbs.  capacity.  The  scale's  error  was  determined  to  be 
less  than  n,-  of  1  jDer  cent.  The  funnel  was  susjjended  so  as  to  swing 
freely,  and  the  jet  could  be  thus  almost  instantaneously  thrown  into 
or  out  of  the  tank,  the  time  required  being  less  than  h  second.  For 
these  observations,  the  time  was  taken  with  an  ordinary  watch,  and 
the  temperature  of  the  water  weighed  was  taken  with  a  standardized 
thermometer  having  an  errar  so  small  as  to  be  neglected. 
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In  Closed  Pipes,  with  Running  Water:  Experiments. — The  method  of 
experimentation  was  first  to  make  traverses  of  the  pipe  with  the  tubes, 
a  uniform  velocity  being  maintained  and  frequent  weights  being  taken. 
Traverses  were  made  at  the  above  point  with  Tubes  Nos.  3  and  5,  and  D 
and  E.  "With  Tube  No.  3  and  Tube  7)  the  triple  gauge  was  used,  and 
the  third  column  connected  to  the  circumferential  chamber,  which 
communicated  with  the  interior  of  the  pipe  by  four  xe-in.  holes,  90<5 
ajjart,  drilled  at  right  angles  to  the  axis  of  the  pipe. 

The  data  of  these  traverses  are  presented  in  Table  No.  2,  and  the 
velocities  are  plotted  on  the  upper  part  of  Plate  III.  With  Tube  E, 
traverses  were  taken  on  two  diameters  at  right  angles,  and,  as  will 
be  seen  from  the  plate,  all  traverses  except  that  with  Tube  No.  5 
show  the  velocity  to  be  a  maximum  at  or  very  near  the  center  of  the 
pipe. 

Previous  experiments  (those  on  the  jjipe  lines  at  Detroit)  having 
demonstrated  that  when  the  maximum  velocity  was  at  the  center  of 
the  pipe  a  fairly  constant  ratio  existed  between  the  mean  velocity  and 
that  at  the  center,  and  these  traverses  showing  this  condition  to  be 
approximately  established  at  the  calibrating  point,  advantage  was 
taken  of  the  two  conditions  to  determine  the  constancy  of  the  tube 
coefficients  for  different  velocities.  The  tubes  were  set  upon  the 
center  and  the  water  was  caused  to  flow  past  them  at  velocities  rang- 
ing from  about  {  ft.  up  to  nearly  6  ft.  per  second,  the  discharge  being 
measured  by  weight.  The  results  of  these  experiments  are  presented 
in  Table  No.  3  and  the  lower  part  of  Plate  III,  and  show  that  a  prac- 
tically constant  ratio  exists  between  the  mean  velocity  as  obtained  by 
weight  and  the  center  velocity  as  obtained  by  the  tube,  and  this,  with 
the  two  preceding  conditions,  establishes  the  constancy  of  the  tube 
coefficients.  If,  now,  the  ratio  of  the  mean  velocity  to  the  center  veloc- 
ity be  established,  these  observations  furnish  the  desired  rating  of  the 
tubes,  provided  that  the  presence  of  the  tubes  themselves  has  not,  by 
reason  of  the  obstruction  they  present,  caused  a  disttirbance  of  the  dis- 
tribution of  the  velocities.  The  traverse  made  with  Tube  No.  5,  Plate 
III,  shows  clearly  by  its  lack  of  symmetry  that  the  area  of  this  tube  is 
so  great  that  such  a  method  of  calibration  with  it  is  out  of  the  ques- 
tion, and  the  same  may  be  expected  with  Tube  C;  but,  comparing  the 
traverse  made  with  Tube  No.  3  mth  those  made  with  Tubes  D  and  E, 
it  seems  warrantable  to  apply  stwsh  a  method  of  rating  to  Tube  No. 
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3,  and  Tubes  1)  and  E,  and  it  lias  also  been  tried  with  Tube  No.  6,  the 

area  of  which,  at  the  pressure  openings,  is  less  than  50,%'  greater  than 

that  of  Tube  No.  3. 

In  Closed  Pipes,  with  Riniiiiiig  Water:  Reductions  of  Rating  Exi)eri- 

ments. — The  first  step  in  this  application  is  the  determination  of  the 

,      ,       , .      Mean  velocity     =   F™ 

constant  ratio,  ^     -     , — = — ^;t ^~. 

Central  velocity  =    V^ 

Table  No.  4  shows  the  data  used  in  this  determination. 

Out  of  the  thirteen  traverses  in  Table  No.  4,  as  shown  by  the  last 
column,  three  have  been  rejected,  viz.,  f,  i  and  c.  Those  marked/ 
and  i  are  rejected  because  they  were  made  at  a  velocity  below  what 
seems,  from  other  experiments,  to  be  a  critical  one  for  the  pipe  experi- 
mented with,  or,  at  any  rate,  because  the  traverse  itself  shows  that 
normal  conditions  were  not  established.  They  are  two  halves  of  the 
same  traverse,  and  in  one  case  the  disturbance  seems  to  have  affected 
the  i^ressure  openings,  and  in  the  other  the  ring.  A  peculiar  disturb- 
ance or  change  of  condition  is  noticeable  (Plate  III)  whenever  the 
true  mean  velocity  approaches  0.7  ft.  Abundant  evidence  has  been 
gathered  to  prove  that  a  point  of  critical  condition  exists  in  this  pipe 
at  about  the  velocity  0.7  ft.,  so  that  the  writers  feel  no  hesitation  in 
rejecting  Traverses/ and  i  on  these  grounds. 

Traverse  c,  made  with  Tube  No.  5,  is  rejected  because,  as  already 
stated,  and  as  may  be  seen  from  the  upper  diagrams  on  Plate  III,  the 
presence  of  the  tube  seriously  disturbed  the  arrangement  of  the 
velocities. 

y 

As  to  the  accuracy  of  the  value  0.8139,  obtained  for  the  ratio  — ,  it 

is  to  be  considered  that  the  maximum  velocity  may  not  be  exactly  in 
the  center,  in  which  case  it  would  not  be  measured,  and  the  resulting 
error  would  be  an  increase  in  the  value  of  the  ratio,  V^  being  small  as 
compared  with  F„j.  Again,  it  is  difficult,  even  impossible,  to  measure 
the  velocity  at  the  side  of  the  pipe,  on  account  of  the  size  of  the  point 
of  the  instrument,  and  therefore  «.  higher  velocity  is  measured  than 
that  exactly  at  the  side,  which  error  again  tends  to  increase  V^,  and 
so  increases  the  ratio.  As  there  seems  to  be  no  counterbalancing 
probability  of  a  decrease  of  the  ratio,  it  is  assumed  that  the  foregoing 
value  is  in  excess  of  the  true  one,  and  the  value  0.81  is  assumed  for  use 
with  this  i^ipe  at  this  location.     ,      „ 
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TABLE  No.  2. — Rating  Traverses  In  2-Inch  Brass  Pipe. 
Tube  No.  3,  Horizontal.— December  18th,  19tli,  1899. 


§ 
•43 

i 

1 
0 

0 
i 

Point  and 
a 

Pressure. 

Point  and  Ring. 
6. 

Position. 

III 

1^ 

i 

P 

ill 

ll 
> 

1 

1 

1.88 

2.82 

(6:90)1 
2.21 ) 

2.30 

2.38 
2.45 
2.52 
2.58    ( 
2.64    f 
2.74   1 

l:g' 

2.46 
2.32 

2.17   1 
2.05   ) 
1.94 

(1.80) 

2.0114 
1.9984 
1.9978 

1.555 

2.56 

(6:80)  i 

1.89 
1.98 
2.07 
2.18 
2.21 
2.32    1 
2.41    \ 
2.51    1 
2.51    ) 
2.35 
2.30 
2.09 
1.98    \ 
1.93    |- 
1.66 
(1.59) 

1.          

2  0114 

2 
3 
4 

6 

8 
9 
10 

11 
13 
14 
15 
16 

1.15 
1.25 
1.34 

1.42 
1.50 
1.58 
1.66 
1.75 
1.57 
1.43 
1.27 
1.11 
1.00 
0.89 

2.21 
2.30 
2.38 
2.45 
2.52 
3.58 
2.64 

2.575 
2.46 
2.32 
2.17 
2.05 
1.94 

0.80 
0.925 
1.02 
1.125 
1.15 
1.28 
1.38 
1.48 
1.295 
1.145 
1.04 
0.925 
0.885 
0.65 

1.89 
1.975 
2.075 
2.18 
2.205 
2.325 
2.41 

2.50 
2.345 
2.20 
2.095 
1.975 
1.93 
1.66 

3           

4            

5 

2.0064 

6            

T 

1.9984 

8           

C           

]0           

11            

12 

13            

1.9978 

14            

15  East 

16            

17            

C            

18 
5 
12 

1.705 
1.43 
1.70 

2.68 
2.46 
2.68 

2.0005 

1.475 
1.15 
1.40 

2.48 
2.21 
2.43 

2.0005 

5           

8           

■  Center,  in  Traverses  a  and  6,  is  0.0647  in.  east  of  true  center. 
Note.— Quantities  in  parentheses  are  estimated. 


Tube  No.  5, 

Horizontal. - 

-December  IStli,  19th,  1899. 

No.  of 
observa- 
tion. 

Point  and  Pressure. 
c. 

Position. 

Head,  H,, 

double  ' 

centimeters. 

Velocity,  feet 
per  second. 

Velocity 
used. 

[7.  feet  per 
second. 

1 

6.31 

5.17 

1 

2. 

2 
3 
4 
5 

6 

8 
10 
11 
12 
13 
14 
15 
16 
17 
18 
19 

9 

5.20 
5.65 
5.85 
5.95 
6.20 
6.25 
6.40 
6.45 
5.35 
4.775 
4.10 
3.55 
3.05 
2.60 
2.10 
0.375 
6.40 
5.40 

4.68    1 

4.875  f 

4.965 

5.005) 

5.12    j" 

5.14 

5.205 

5.225 

4.75 

4.495 

4.16 

3.86 

3.58 

3.31 

2.98 

1.26 

5.21 

3 

4 

5 

3.575 

8 

3  574 

C. 

5.21 

4.75 

4.50  1 

4.16  ) 

3.86 

3.58 

3.31 

2.98 

1.26 

3  574 

10 

11 

3  569 

12 

14 

3  566 

15 

16, 

17 

3  566 

C 

3.570 

2 
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TABLE  No.  2—{Co7itinued). 
Tube  B,  Horizontal.— February  Sib,  1891. 


1 
1 

■s 

o 

Point  and  Pressure. 
d. 

Point  and  Ring. 
e. 

Position. 

1^1 

1^ 

Il 

u 

ill 

+0.10* 

1 

il 

1 

1.51 

2.52 

*(6!65)" 
1.51 

1.78 
1.92 
2.03 
2.16 
2.24 
2.31 
(2.511 
|2.51( 
2.47 
2.45 
2.31 
2.25 
2.14 
2.06 
1.87 

il.741 

J 

0.88 

0.98 

2.04 

1.4S 
1.58 
1.68 
1.79 
1.84 
1.85 
(1.99 
11.99 
1.87 
1.82 
1.68 
1.65 
1.55 
1.47 
1.30 

ir 

VI. 741 

16  E 

2 
3 
4 
5 
6 
7 
8 
9 
10 
11 
12 
13 
14 
15 
16 

0.54 
0.75 
0.865 
0.965 
1.10 
1.19 
1.263 

1.48 
1.445 
1.432 
1.26 
1.20 
1.088 
1.00 
0.83 

1.51 
1.78 
1.92 
2.03 
2.16 
2.24 

2.50 
2.47 
2.46 
2.31 
2.25 
2.14 
2.06 
1.87 

0.30 

0.42 

0.486 

0.563 

0.65 

0.70 

0.743 

0.81 

0.73 

0.72 

0.57 

0.542 

0.471 

0.41 

0.30 

0.40 
0.52 
0..586 
0.663 
0.750 
0.800 
0.843 
0.910 
0.830 
0.820 
0.67 
0.642 
0.571 
0.510 
0.400 

1.30 
1.48 
1.58 
1.68 
1.79 
1.84 
1.89 
1.96 
1.87 
1.86 
1.68 
1.65 
1.55 
1.47 
1.30 

15      

14      

13 

12       

11       

10      

C       

8      

6       

^1.739 

5      

4       

3       

2       

1  W 

C       

17 
18 
19 
20 

1.492 
1.25 
1.415 
1.47 

2.51 
2.30 
2.44 
2.49 

1.736 

0.797 
0.686 
0.69 
0.76 

0.S97 
0.786 
0.790 
0.860 

1.94 
1.82 
1.83 
1.90 

1.736 

10 

7      

C       

1.736 

■■i'736 

Tube  D,  Horizontal.— February  14tb,  1901. 


Center. 

17  East. 


Point  and  Pressure 
n  AND  i. 


.     t 


o.sa5 


0.11 

0.15 

0.19 

0.22 

0.24 

0.26 

0.28 

0.31 

0.32 

0.326 

0.30 

0.31 

0.30 

0.27 


0.35 
0.34 
0.33 
0.35 
0.32 
0.35 


1.125 


0.68 
0.80 
0.90 
0.96 
1.005 
1.05 
3.095 
1.145 
1.16 
1.17 
1.125 
1.145 
1.135 
1.07 
0.98 


1.22 


Velocity 


30) 


1.22 
1.20 
1.18 

(1.16) 
1.145 
1.125 
1.07 
0.S8 

(0.40) 


Point  and  Ring, 

/ANDg. 


/»! 


1.75 


0.02 

0.05 

0.07 

0.08 

0.092 

0.11 

0.13 

0.145 

0.14 

0.13 

0.12 

0.13 

0.12 

0.105 

0.07 


0.15 
0.142 
0.135 
0.16 
0.14 
0.17 


0.46 

0.545 

0.58 

0.63 

0.68 

0.74 

0.78 

0.77 

0.74 

0.71 

0.74 

0.71_ 

01545 


0.795 
0.775 
0.755 

o!77 
0.845 


Velocity 
used. 


0.10) 
0.29 
0.46 
0.545 
0.58 

0168 
0.74 
0.78 


C7,  feet 

per 
second. 


1-  0.7439 


Correction  for  initial  error  of  gauge,  with  no  flow. 
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TABLE  No.  '^—{Concluded). 
Tube  E,  Horizontal.— February  ]5th,  1901. 


1 

1 

o 

■s 

Point  and  Ring. 
J- 

Point  and  Ring, 
k. 

Position. 

t 

11 

ll 

> 

l6 
ll 

41 
1^ 

5.70 

3.98 
4.40 
4.70 

5;i8 
5.37 
5.68 
5.44 
5.23 
5.00 
4.78 
4.59 
4.29 
3.89 
3.67 
5.67 

> 

1 

1 

"2 
3 

4 
5 
6 
7 
8 
9 
10 
11 
13 
13 
14 
15 
16 
17 
18 

0.25 

6."23 
0.28 
0.33 
0.40 
0.42 
0.46 
0.53 

0.62 
0.56 
0.51 
0.50 
0.47 
0.40 
0.37 
0.31 
0.27 
0.57 

1.03 

b'.m 

1.09 
1.175 
1.30 

1.40 
1.50 

1.54 
1.47 
1.45 
1.41 
1.30 
1.25 
1.14 
1.07 
1.55 

(6;45) 

0.98 
1.09 
1.175 
1.30 
1.33 
1.40 
1.50 
i  1.591 
"(1.5'.l( 
1.54 
1.47 
1.45 
1.41 
1.30 
1.25 
1.14 

r 1.272 

i 

[-1.272 

7.68 

3;64 
3.76 
4.58 
5.23 
5.76 
6.35 
6..'^ 
7.63 
6.98 
6.46 
5.90 
5.41 
4.99 
4.34 
3.59 
3.20 
7.62 

(ilso) 

3.58 
3.98 
4.40 
4.70 
4.931 
5.18i 
5.37 
(5.681 
|5.68( 
5.44 
5.23 
5.00 
4.78 
4.59 
4.29  1 
3.89  )" 

4.575 

17  East 

16                

15          

14          

13 

13           

4.579 

10 

C 

8           . 

7 

' 

6          

5                    

4           

3           

4.578 

2 

lA  West 

C"           

Tube  E, 

Vertical.— March  8tli,  1901. 

§ 
> 

•■s 

1 

Point  and  Ring. 

Point  and  Ring. 

Position. 

4 

ll 

il 
> 

V 

i-6 

ll 

p| 

ll 

> 

I,- 

Center 

17  Top 

1 

2 
3 
4 
5 
6 
7 
8 
9 
10 

11 
12 
13 

14 
15 
16 
17 
18 
19 
30 
21 
22 
23 

4.69 
0.205 
1.896 
2.28 
2.60 
2.94 
3.31 
3.65 
3.92 

4.43 

4.21 

3.65 

3.42 

3.10 

2.71 

2.30 

1.72 

1.444 

4.515 

3.35 

3.64 

3.84 

4.53 

4.46 
0.93 

3 '.105 

3.31 

3.515 

3.74 

3.93 

4.06 

4.22 

3.93 

3.79 

3.61 

3.38 

3.115 

2.69 

2.47 

4.375 

3.76 

3.91 

4.02 

4.375 

6".93 

2.8:^ 

3.10 
3.31 
3.52 
3.75 
3.92 
4.04 

4.22 
3.93 
3.79 
3.61 
3. .38 
3.12 
2.69 

-3.615 

3.612 
3:598 

3:644 
3.603 

3:59i 

3:604 

3:6i7 

1.32 
0.13 
0.64 
0.70 
0.85 
0.92 
1.00 
1.07 
1.15 
1.215 
1.16 
1.08 
1.004 
0.902 
0.804 
0.75 
0.56 
0.462 
1.275 

2.36 
0.712 
1.645 
1.73 
1.895 
1.97 
2.05 
2.125 
2.21 
2.27 
2.22 
2.14 
2.065 
1.96 
1.845 
1.78 
1.54 
1.40 
2.32 

6:7i 

1.65 
1.72 
1.89 
1.97 
3.05- 

2.13  f 
2.21 

(3.311 
1  3.31  \ 
3.22 

3.14  1 
3.06  r 
1.96 
1.84 
1.78 
1.541 
( 





1.986 

16        

1  986 

15         

14         

1.979 

13         ...... 

13         

11         

1.986 

10         

C         

8         

7 

6         

5         

4         

1  986 

3         

2         

li       

1.977 

c     :.:::: 

1  979 

12     

11    

10         

c         
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EXPERIMENTS   ON    FLOW    OF   WATER    IN    PIPES. 


TABLE  No.  3. — Expekiments  with  Pitot  Tubes  on  Center  in  2-In. 
Bkass  Pipe. 

Tube  No.  3,  68.23  ft.   from  Inlet. 


Duration. 

Head  -  H^, 
Centimeters. 

Velocity,  Feet 
PER  Second. 

4-1  «J 

s 

Date,  etc. 

Il 

II 

1 

1 
1 

1 

If 

Ratio 

p 

0-1 

o 

>>w 

>, 

O 

o 

O 

O 

O 

m 

« 

H 

(1) 

(2) 

(3) 

(*) 

(5) 

(6) 

C7) 

(8) 

(9) 

(10) 

(11) 

Dec.  18, 1900. 

15 
15 
15 
14 
15 
14 
15 
10 
15 
10 
8 

305 



300 

300 

300 

300 

300 

300 

300 

(140( 

1200 

250 

200 

No  flow. . 

io 

17 

200 

300 

No  flow 

j  No  flow,Dec. 
1      19th,  1900. 

t 

24 
16 

600 

600 

No  flow 

Dec.  18,  1900. 
No  flow 


No  flow 

j  No  flow, Dec. 
I      19th,  1900. 


9-9 


Point  and  Pressure. 
0.000 
15.472 


3.714 

4.648 
2.667 
4.002 
7.035 
0.950 


1.027 
1.400 
0.538 
0.000 
13.098 
11.610 
0.000 

—  0.060 
0.780 
0.400 

—  0.040 


Point  and  Circumpekential 
-  0.10 
12.924 
7.449 


0.0 



0.000 
5.717 
4.367 
2.801 
3.134 
2.374 
2.908 
3.855 
1.416 
1.472 
1.720 
1.066 
0.000 
5.260 
4.952 
0.000 

0.000 
0.712 
0.958 
0.000 

, 

.:::::: 

+0.06 
+0.06 
+0.04 

0.000 
0.240 
0.440 
0.000 

0.000 

4.130 

3.151 

2.042 

1.720 

2.128 

2.835 

1.025 

(1.084 

11.090 

1.273 

0.782 

0.000 

3.834 

3.555 

0.000 

0.2307 
0.8107 
0.000 


3.222 
4.095 
2.204 
3.414 
6.062 
0.700 
0.840 
1.213 
0.340 

-  0.16 
11.074 

-  oils 

-  0.06 
0.127 
0.366 

-  0.04 


+0.10 

0.000 

0.000 

0.10 

13.024 

5.245 

0.10 

7.549 

3.993 

0.10 

3.322 

2.649 

0.10 

4.195 

2.977 

0.10 

2.304 

2.206 

0.10 

3.514 

2.725 

0.10 

6.162 

3.608 

0.10 

0.800 

1.300 

0.10 

0.940 

1.409 

0.10 

1.313 

1.665 

0.15 

0.490 

1.017 

0.16 

0.000 

0.000 

0.16 

11.234 

4.871 

0.15 

9.778 

4.545 

0.15 

0.000 

0.000 

0.06 

0.000 

0.000 

0.06 

0.187 

0.627 

0.04 

0.406 

0.928 

0.04 

0.000 

0.000 

0.000 
4.130 

0.787 

3.151 

0.789 

2.042 

0.771 

2.280 

0.766 

1.720 

0.780 

2.128 

0.781 

2.835 

0.786  £ 
0.788  ^ 

1.025 

j    1.084  1 
1    1.090  ( 

0.771  ° 

1.273 

0.761   g 

0.783 

0.769  g 

0.000 

3.834 

3.787 

3.555 

3.782 

0.000 

0.000 

0.2307 

0.368* 

0.8107 

3.874* 

0.000 

Experiments  omitted  in  computing  arithmetic  means. 


EXPERIMENTS    ON    FLOAV    OF   WATEK    IN    PIPES. 


(1) 


TABLE   No.  ^—{Continued). 
Tube  No.  6,  68.23  ft.  from  Inlet. 

(3)  (4:)  (.5)  (6)         (7)         (8) 


(10)         (11) 


Dec.  18, 
No  flow., 


Point  and  Pressure. 


13 

14 

. .  No  flow . 


279 
300 
200 


405 
300 
300 
300 


0.000 
20.678 
7.164 
16.a56 
3.504 
12.710 
6.360 
0.000 
4.636 
2.692 
0.947 
1.080 
4.674 
3.724 
2.900 
0.287 
0.000 


0.000 


0.000 


5.878 
2.720 
5.182 
3.665 
0.000 
3.129 
2.385 
1.414 
1.510 
3.142 
2.805 
2.475 
0.778 
0.000 


0.000 
4.592 
2.674 
4.052 
1.819 
3.575 
2.496 
0.000 
2.162 
1.616 
0.931 
1.001 
2.171 
1.905 
1.674 
0.490 
0.000 


0.691  °  36°-3' 


36°-37° 
36"'-37» 
36°-37'' 
36°- 37'' 
36°-37<> 


0.668  g 

0.691 

0.679 

0.676 

0.630* 


36°-37» 
36''-37° 
36°-37° 
36° -37=' 
36°-37° 
36°-37° 


i 

No  flow 

Pc 

It 

o  ® 

1:1 

INT  AND 

CiRCUMFh 

-  0.030 

15.790 
5.380 

13.422 
2.474 
9.668 
4.792 

-  0.020 
3.690 
1.943 
0.657 
0.847 
3.554 
2.784 
2.188 
0.220 

-  0.008 

RENTIAL  PlEZ 

+0.03  1  0.000 
0.02  il5.810 
0.02  '  5.300 
0.02    12.442 
0.02  1  3.494 
0.02     9.688 
0.02  t  4.812 

OMETE 
0.000 

5.779 
3.346 
5.127 
3.295 
4.534 
3.188 
0.000 
2.799 
2.037 
1.195 
1.353 
2.744 
2.439 
2.155 
0.694 

R. 

0.000 
4.592 
2.674 
4.053 
1.819 
3.575 
2.496 
0.000 
2.163 
1.616 
0.931 
1.001 
2.171 
1.905 
1.674 
0.490 
0.000 

0.794 
0.799 
0.790 
0.792 
0.790  ^ 
0.783  g 

Sl'°s 

0.779  * 

0.746  ^ 

0.791 

0.784 

0.777 

0.706* 

36°-37° 

2 

36°-37° 

3 

36°-37'' 

4 

36°-37° 

5 

36°-37° 

6 

360-37° 

*7 



No  flow 

+0.02 
0.02 
0.03 

o;o2 

0.01 
0.01 
0.01 
0.008 
+0.008 

0.000 
3.710 
1.963 
0.677 
0.867 
3.564 
2.794 
2.198 
0.228 
0.000 

m°'-kh° 

8 

36»-37» 

9 



36°-37° 

10 

36°-37'' 

11 

36°-S7'' 

13 

36°-37'' 

13 

36°-37» 

14 

360-37'' 

No  flow 

Tube  C,  68.23  ft.  from  Inlet. 


Dec.  15, 1900. 
No  flow  . 

Point  and  Pressur 
0.000    1    0  000  

E. 

0.000 
6.946 
6.531 
5.109 
2.817 
1.466 
0.000 
0.854 
2.389 
3.949 
5.915 

0.000 
4.867 

1 

10 
25 
15 
20 
9 

300 
300 
300 
300 
300 

22.842 
20.194 
12.356 
3.7.56 
1.018 
0.000 
0.345 
2.702 
7.384 
16.562 
1.174 
22.284 
12.384 
2.360 
0.347 
0.773 
0.000 

0.701 

36°-37<' 

a 



3 

3.549 

lioos 

0.000 
0.538 
1.667 
2.750 
4.119 
1.0&5 
4.805 
3.554 
1.544 
0.539 
0.869 
0.000 

0.694 

0.707 
0.685 

6!6i9*S. 
0.698  "= 
0.696   a 
0.696  % 
0.676  S 
0.700 
0.695 

oieso* 

0.681 

36o-37<' 

4 

36°-37'' 

5 

36°-37» 

No  flow 

fi 

10 
10 
13 
19 
17 
16 
18 
8 
10 
10 

300 
300 
300 
300 
300 
280 
200 
300 
300 
300 

36°-37'' 

7 

36°-37» 

8 



36°-37° 

q 

36°-37» 

10 

1.575 

5'.115 
2.233 
0.856 
1.278 
0.000 

36°-37'> 

11 

36°-37» 

1? 

36°-37° 

13 

36°-37o 

14 

36°-37<> 

15 

36"=-37'' 

No  flow 



*  Experiments  omitted  in  computing  aritlimetic  means. 
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EXPERIMENTS   ON    FLOW   OF    WATER   IN    PIPES. 


TABLE  No.  3—{Gontmiied). 


(1)       (2) 


(3) 


(4) 


(7)        (8) 


(10)        (11) 


1 

No  flow 

h 
n 

11 

.2.9 

K 

POINI 

:::::::: 


r  AND  Cm 

-  0.030 
16.744 
14.641 

8.928 
2.514 
0.589 

-  0.100 
0.000 
0.165 
1.984 
5.446 

12.312 
0.762 

16.710 
9.044 
1.635 
0.110 
0.418 

-  0.080 

CUMPER 

+0.03 
0.03 
0.04 
0.05 
0.06 
0.08 
0.10 
0.00 
0.01 
0.03 
0.03 
0.04 
0.05 
0.06 
0.07 
0.08 
0.08 
0.08 

ENTIAL   PlEZC 
0.000     0.000 

16.774    5.953 

14.681  5.569 
8.978  4.355 
2.574  2.332 
0.669  1.189 
0-000  n  f^ 
0.000  0-000 
0.165  0.590 
1.994  2.052 
5.466    3.398 

12.343  5.106 
0.802    1.302 

16.760  5.950 
9.104  4.385 
1.705  1.898 
0.190  0.633 
0.498    1.025 

)METER. 
0.000 

4.867 

o'.m 

36°-^7°^ 

9 

36°  37"^ 

3 

3.549 
1.992 
1.005 
0.000 
0.528 
1.667 
3.750 
4.119 
1.065 
4.805 
3.554 
1.544 
0.539 
0.869 
0.000 

0.815 
0.854 
0.845 

o:895*i 

0.812  ^ 
0.809  i 
0.807   « 
0.818  '^ 
0.807 
0.810 
0.814 
0.851* 
0.848 

36°  37» 

4 

5 

36°-37°^ 

6 

7 

No  flow 

36°-37'> 
36°  37°^ 

8 

36°-37° 

9 
10 

36°-37- 
36°  37° 

11 

36°-37» 

ia 

36°-37» 

18 

36°  37" 

14 

36°-37° 

15 

36°-37°^ 

No  flow 

Tube  No.  5,  68.23  ft.  from  Inlet. 


Mar.  17,  1900. 
No  flow 

Point  an 

0.000 

2.40 
17.40 
15.90 
23.48 
21.74 
31.43 
30.12 
19.10 

0.000 
19.00 

8.20 

8.70 
10.50 
11.56 

0.000 

0.80 

5.84 

5.44 

2.60 

3.16 

5.80 

4..S4 

3.28 

4.86 

0.53 

0.000 

17.30 

1.20 

1.96 
16.50 

5.48 
13.20 

0.000 

D  PrES 

SURE. 

0.000 
2.251 
6.063 
5.795 
7.0.59 
6.777 
6  737 

6:352 

0.000 
6.335 
4.162 
4.287 
4.710 
4.942 
0.000 
1.300 
3.512 
3.389 
3.344 
2.584 
3.500 
3.038 
2.632 
3.204 
1.058 
0.000 
6.045 
1.593 
3.035 
5.904 
3.402 
5.280 
0.000 

0.000 
1.458 
4.165 
3.971 
4.941 
4.741 
4.714 
4.580 
4.486 
0.000 
4.413 
2.878 
2.975 
3.350 
3.590 
0.000 

0.938 
2.420 
2.299 
1.602 
1.776 
3.413 
1.978 
1.797 
3.219 
0.690 
0.000 
4.357 
1.153 
1.455 
4.270 
2.366 
3.673 
0.000 

6;647" 
0.687 
0.685 
0.700 
0.699 
0.701 
0.703 
0.7C6 

0.697 
0.692  S 
0.694  ^ 
0.690  = 
0.737  a 

1 

0.723 

0;678 
0.684 
0.688 
0.682 
0.653 

0:092 
0.653 

0.721 
0.724 
0.715 
0.723 
0.695 

1 

65 
6 
5 

7 
7 
7 
7 
7 

510 
300 
300 
300 
300 
300 
300 
300 

36°-S8'» 

9 

36°-.38° 

3 
4 

Mar.  23d,"  1900'. 

36°-38'> 
36°-38° 

5 

36°-38° 

6 

36°-38°^ 

7 

36°-38°' 

8 

36°-38» 

No  flow.  Mar. 
24th,  1900.... 

9 

9 

8 
8 
8 
8 

1 

300 
420 
430 
360 
360 

36°-38» 

10 

11 

13 

36°-38'^ 

13 

36°-38°- 

No  flow,  Aug. 
8th,  1900.... 

14 

22 
10 
17 
18 
13 

8 
14 

9 
13 
13 
1. 

300 
300 
300 
310 
300 
300 
300 
300 

460 

15 

75°  76°- 

16 

75°  76° 

17 

75°  76° 

18 

75°  76° 

19 

75°  76° 

20 

75°  76° 

21 

75° -76°^ 

75°  76» 

23 

75°-76°- 

No  flow,  Aug. 
9th,  1900.... 

24 

12 
16 
13 
7 
33 

300 
301 
300 
300 
300 
300 

75° -76° 

25 

75°  76° 

26 

75°  76° 

97 

75°  76° 

W 

75°  76° 

29 

No  flow 

Experiments  omitted  in  computing  arithmetic  means. 


EXPERIMENTS    ON    FLOW    OF    WATER   IN    PIPES. 
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<i)      (a) 


TABLE  No.  ^—{Continued). 
Tube  D,  68.30  ft.  from  Inlet. 

(3)  (4)  (5)  (6)         (7)         (8)  (9) 


Point  and  Pressure.— Double  Centimeters. 


No  flow  .... 

15 

15 

\ 

720 
600 

No  flow,  Feb. 

14 
13 
15 

22 
17 
14 
13 
14 
23 
20 
i    

300 
300 
230 
300 
420 
300 
300 
300 
450 
625 
590 

Feb!  14th,"i96i 

No  flow,  Feb. 
14th,  1901... 

41 
16 

1 

1780 
810 

No  flow.  Mar. 
19th,  1901... 

8 
5 
6 
5 
5 
5 

10 
5 
5 

10 

10 
9 

10 
9 

11 

50 
60 
133 
96 

"in" 

77 
100 
200 

40 
200 
200 
100 
230 
200 
200 

« ••• 



No  flow 

0.000 
1.510 
1.492 
0.000 
11.16 
6.. 59 
6.12 
3.77 
2.07 
1.12 
0.63 
0.75 
0.38 
0.19 
0.15 
0.000 
0.31 


11.28 
9.79 
6.64 
4.45 
3.40 
2.89 
1.56 
0.37 
0.07 
0.02 
0.44 

l!l3 
0.325 
0.15 
8.07 
0.01 


3.51 

0.000 
6.87 
5.28 
5.09 
3.98 
2.96 
2.18 
1.63 
1.78 
1.266 
0.895 
0.795 
0.000 


0.000 

6.90  i 

6.42 

5.30 

4.34 

3.78 

3.49  I 

2.565 

1.2551 

0.542' 

0.2921 

1.36 

2.41 

2.19 

1.170 

0.795 

5.84  I 

o.ooo! 


0.000 
1.741 
1.736 
0.000 
4.803 
3.725 
3.617 
2.802 
2.046 
1.502 
1.070 
1.239 
0.764 
0.492 
0.332 
0.000 
0.736 
0.744 

0.000 
4.863 
4.458 


1.760 
0.849 
0.310 
0.184 
0.983 
1.692 
1.518 
0.786 
0.388 
4.083 
0.000 


6'.69i" 

36°-38° 

se^-as" 

0.699 

36°-38° 

3.706 

36°-38'' 

3.711 

36°-38<' 

3.704 

36°-38'' 

J.  691 

36°-38<= 

3.689 

36°-38° 

3.656 

3.696 

36°-38° 

3.603 

3&-S8° 

3.549* 

36°-38° 

0.418*S 

36°-38° 

d 

0.643   a 

36°-38° 

3.610  g 

36°-38° 

s 

0.705 

36°-38° 

3.695 

36°-38^ 

3.691 

36°-38° 

36°-38'' 

0.684 

36°-38° 

3.686 

36°-38° 

3.677 

36°-38"' 

3.573* 

36°-38° 

3.630* 

36° -38° 

3.723 

36°-38° 

3.702 

36°-38» 

3.693 

36°-38° 

J.  672 

36°-38° 

3.488* 

36°-38° 

0.699 

36°-38° 


Point  and  CiRCUMFERENriAL  Piezometer. 


1 

No  flow 

2 
1 

a 
1 

i 
1 

03 

a 
.2 

1 

■3 

i 

i—  0.10 

i       0.88 

i       0.797 

'       0.10 

!- 1       0.000 

] 1      7.17 

1       4.39 

1      4.01 

1       2.52 

i       1.37 

:      0.69 

i       0.36 

.    .    ..i      048 

+0.10 
0.10 
0.10 
0.10 
0.00 

0.000 
0.98 
0.897 
0.000 

0.000 

2.04 

1.94 

0.000 

0.000 

5.51 

4.31 

4.11 

3  26 

2.41 

1.705 

1.232 

1.425 

01543 
0.46 
0.000 
0.78 
0.81 
0.000 

5.525 
5.13 
4.22 
3.46 
3.02 
2.79 
2.05 
0.975 
0.460 
0.205 
1.125 
1.940 
1.720 
0.895 
0.615 
4.65 
0.000 

0.000 
1.741 
1.736 
0.000 
0.000 
4.803 
3.725 
3.617 
2.802 
2.046 
1.502 
1.070 
1.239 
0.764 
0.492 
0.332 
0.000 
0.736 
0.744 

6:853' 
0.895 

0.872 

0.864 

0.880 

0.859 

0.849 

0.881 

0.868 

0.869 

0.853 

0.905* 

0.722* 

1 

0.943  ° 

36°-38° 

36°-38° 

No  flow 

No  flow,  Feb. 
13th,  1901... 

36°-38° 

36°-38° 

36=-38° 

6 

36°-38° 

7 

36°  38° 

8 
9 
10 
11 
12 

" 

14 

15 

36°-38° 

36°-38° 

36°-^8° 

■(■::;::: 
(■::::: 

0.19 
0.07 
0.05 
0.000 
0.145 
0.155 
0.000 
7.23 

4.22 

2.85 
2.16 
1.84 
1.00 
0.19 
0.01 

—  0.03 
0,30 
0.89 
0.70 
0.15 
0.05 
5.12 

-  0.04 

36° -38° 

0.00 

36°-38° 

No  flow,  Feb. 
14th,  1901 . . . 

36°-38° 

0.918  a  36°-38° 

No  flow.  Mar. 
19th,  1901 . . . 

36°-38° 

16 

4.863 
4.458 
3.663 
3.005 

0.880^ 

17 

0.869       36°-38° 

18 

0.868       36°-38° 

9 

0.868       36°-38° 

20 
21 
22 
23 
24 
25 

1 
29 
30 
31 

■ 

36°-38° 

2.388 
1.760 
0.849 
0.310 
0.184 
0.983 
1.692 
1  518 
0.786 
0.388 
4.083 
0.000 

0.856 

+6;64' 

0.04 
0.04 

■6;23' 

0.05 
0.01 

0.859 

0.871 

0.675* 

0.898* 

0.874 

0.872 

0.883 

0.878 

0.630* 

0.878 

36°-38° 

36°-58° 

36°-38° 

36°-38° 

36°-S8° 

36°-38° 

"6;64 

0.04 

'6;i9' 

0.09 

36°-38° 

36°-38° 

36°-38° 

36°-38° 

No  flow 

Experiments  omitted  in  computing  arithmetic  means. 
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(1)         (3) 


TABLE  No.  Z— {Concluded). 
Tube  E,  68.30  ft.  from  Inlet. 

(3)  (4)  (5)  (6)         (7)         (8) 


(9)  (10)         (11) 


Feb.  15,  1901. 
No  flow. 

Point  i 

IND  CiRCU 
0.000 

o;57 

7.68 
7.63 
7.62 
0.000 
4.69 
4.43. 
4.515 
4.52 
1.32 
1.215 
1.275 

MFERENTIAL  I 

0  00  1 

'lEZOM 

0.000 

l!55 
5.70 
5.68 
5.67 
0.000 
4.46 
4. .33 
4.375 
4.375 
2.36 
2.27 
2.32 

ETBR. 

0.000 
1.272 
1.272 
4.575 
4.578 
4.578 
0.000 
3.615 
3.612 

1 

1 

730 -j 
300 
330 
320 

0.785 
0.821 
0.803 
0.806 
0.807  1 

0.811  a 
0.835  S 

g 

36°-38° 

9. 

..       . 

36°  38» 

3 

36°-38'> 

4 

5 

36°-38'> 

No  flow,  .Mar. 
8th,  1901.... 

0.00 

6 

1          f 

MM 
J      I 

360 
500 

■■"soo" 

300 
600 
300 

36°-38'> 

7 

36°-38'' 

8 

q 

3.617 
1.986 
1.986 
1.979 

0.827  '  ■ 
0.841 
0.875 
0.853 

36°-38° 

10 

36°-38° 

11 

36'='-38'' 

V> 

36°-38° 

No  flow 



.... 

Tube  E,  3.05  ft.  from  Inlet. 


16 

Mar.  19,  1901. 
No  flow 

^OINT   AN 

D   CiRCUM 

0.000 
7.82 
6.76 

z.n 

2:02 

1.04 

0.26 

0.032 

0.018 

0.31 

0.95 

0.75 

0.22 

0.085 

5.665 

0.000 

FERENT 

0.00 

lAL  Pi 

EZOME1 

0.000 
5.75 
5.35 
4.43 
3.62 
3.13 
2.92 
2.09 
1.045 
0.367 
0.278 
1.140 
2.005 
1.780 
0.955 
0.595 
4.885 
0.000 

PER. 

0.000 
4.863 
4.458 

3;005 

0.846 
0.833 

0.827 

36°  38"^ 

17 

36°-38= 

18 

36°  88= 

19 

36°  38= 

^n 

9A 

111 

2.3H8 
1.760 
0.849 
0.310 
0.184 
0.983 
1.692 
1.518 
0.786 
0.388 
4.083 
0.000 

0.818  S 
0.842  * 
0.813  <=■ 
0.846   a 
0.662*  g 
0.862*g 
0.844 
0.853 

0!652* 


36°-38° 

36°-38° 

"3 

36°-38= 

24 

36°-38° 

36°-38° 

W 

36°-38° 

^7 

36°-38° 

pi 

36°-38= 

m 

36°-38° 

30 

36°-38° 

31 

36°-38° 

No  flow 

Experiments  omitted  in  computing  arithmetic  means. 
Co-ordinates  of  Points  B,  C  and  A. 


Tube  condition. 


No.  3, 
No.  6, 
C, 
No.  5, 


point  and  pressure 

ring 

"         pressure 

"         ring 

"         pressure 

ring , 

"        pressure..* 

ring 

point  3.05  ft.  frorri  inlet'. '.'.'.'.'.'.'.'.  \ 


B. 


2.1105 
1.99.35 
2.2621 
1.9679 
1.6835 
1.3778 
2.6703 
1.6750 
1.2860 
1.1390 


1.5422 
1..W22 
1.5300 
1.5300 
1.1535 
1.1525 


C. 


3.1565 
2.9392 
3  2559 
2.8339 
3.3832 
2.8692 
4.2336 
2.9870 
2.3610 


2.2956 
2.2956 
2.2256 
2.2256 
2.3474 
2.3474 
2.9371 
2.0560 
2.0560 


4. 8302 
4.4524 
5.0448 
4.3928 
5.6494 
4.8578 
5.9272 
5.3610 
4.2810 
4.4930 


3.501 

3.501 

3.4778 

3.4778 

3.9407 

3.9407 

4.1183 

3.7410 

3.7410 


EXPERIMENTS    ON"    FLOW   OF   WATER    IK    PIPES. 

Equations  of  Rating  Lines  B,  C,  A. 

Tube  No.  3,  point  and  pressure ...U=  0.720  F^ 

ring [7=0.797  V^ 

Tube  No.  6,           "         pressure {7  =0.700  V^ 

ring [7=0.803  V^ 

Tube  C,                 "         pressure [7=0.703  V^ 

ring [7=0.801  V^ 

Tube  No.  5,  ^'         pressure U=  0.6975  V^ 

Tube  A                "        pressure [7=0.713  V^ 

ring [7=0.878  V^ 

Tube  .E,                "         ring [7=0.834  F^ 

TABLE  No.  4. 
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+  0.0229 

—  0.0469 

—  0.0535 

—  0.0500 

—  0.0310 
+  0.0492 

—  0.0158* 

—  0.0737 

—  0.0170 

—  0.0071 


1 

Date. 

1 
1 

Conditions. 

Veloci 
Mean, 

by 

weight. 
[7. 

FY,  IN  Fl 

Second. 

Mean, 

by 
tube. 

ET  PER 

Center, 
tube. 

Ratio: 
V~ 

Ratios 
used  in 
computa- 
tions. 

j 

Feb.  15,  1901. 
Mar.    8,    '^ 

Feb.   15,    " 
Feb.  14,    ;; 

Feb.     8,    " 
Feb.  14,    ;; 

Feb.     8,    " 
Dec.  18,1899. 

Dec.  20,    " 

E 
D 

No.  3 

No.  5 

Hor. 

Vert. 

Hor. 

pt.  and  ring. 

I.      I. 
"       pres. 

"        ring. 
"       pres. 

1.272 
1.980 
3.610 
4.577 
0.729 
0.744 
1.738 
0.729 
0.744 
1.738 
2.007 
2.007 
3.569 

1.292 
1.912 
3.465 
4.584 
0.544 
0.684 
1.614 
0.892 
1.084 
2.070 
2.046 
2.281 
3.798 

1.590 
2.317 
4.390 
5.680 
0.780 
0.817 
1.990 
1.135 
1.220 
2.510 
2.510 
2.740 
5.281 

0.812 
0.826 
0.789 
0.807 
0.698 
0.837 
0.811 
0.785 
0.889 
0.825 
0.815 
0.832 
0.729 

0.812 

I 

0  826 

m 

k 

/ 

0.789 
0.807 

0 

e. 

0.837 
0  811 

h 

/ 

0.785 

d 

b 

a 

c. 

0.825 
0.815 
0.832 

Mean  ratio:  0.813& 


u 


Considering  now  the  values  of  the  ratios  -=r-,  as  shown  in  Table  No: 
3,  and  the  plottings  of  the  observations  on  the  lower  diagram  on 
Plate  III,  it  appears  that  there  is  some  variation  of  this  ratio  with  the 
velocity.  This,  however,  is  small;  the -observations  falling  approxi- 
mately in  straight  lines  which  pass  very  nearly  through  the  origin. 
It  has  been  considered  that  such  variations  as  appear  are  due  rather 
to  the  shifting  of  the  point  of  maximum  velocity  back  and  forth  past 
the  center,  a  condition  which  may  or  may  not  be  common  to  all  pipes, 
than  to  an  actual  variation  of  the  ratio.  Whether  or  not  this  assump- 
tion be  correct,  the  traverses  prove  that  in  this  pipe  such  a  shifting 
exists.  The  conclusion  has  therefore  been  arrived  at,  that  for  prac- 
tical purposes,  within  a  range  of  velocity  from  0.75  ft.  to  6  ft.,  the 
foregoing  ratio  may  be  taken  as  a  constant  for  each  i)articular  tube. 
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In  determining  the  value  of  tliis  ratio,  the  simplest  process  is  to 
take  the  arithmetic  means,  and,  restricting  the  computation  to  ratios 
where  the  true  mean  velocity  was  greater  than  0.6  ft.,  the  following 
values  of  such  means  are  obtained  for  the  several  tubes: 


TABLE  No.  5. 


Tubes. 

Values  of  Mean  Velocity,  by  Weight. 

Velocity  at  Center, 

BY  Tube. 

Point  and  pressure. 

Point  and  ring. 

Tube  No.  3 

0.729 
0.683 

o!694 

0.6»1 

At  68.30  ft.  from  inlet. 

'•     3.05  ft.     "        " 

0.779 

"    6 

0.784 

"            c                    

"      No.  5 

D 

0.874 

"           E                       

0.824 

"            E                             

0  834 

If  the  value  for  the  ratio 


y 

-f~^  =  0.81  be  now  applied  to  Tubes  Nos. 

*"  A     1709 

3  and  6  the  coefl&cients  so  obtained  are:   Tube  No.  3,    , "    ,  „  =  0.900; 


and  Tube  No.  6, 


0.844. 


0.810 

In  order  to  study  the  results  of  the  ratings  more  closely,  the  equa- 
tions of  the  straight  lines  fitting  the  plotted  experiments  have  been 
computed  by  the  method*  of  successive  centers  of  gravity  C,  B  and  A 
and  the  points  C,  B  and  A  located  on  the  lower  diagram  on  Plate  III, 
although  the  lines  have  not  been  drawn.  The  co-ordinates  of  C,  B, 
and -4,  and  the  equations  of  the  lines  are  given  at  the  end  of  Table  No. 
3.  Considering  only  the  equations  of  point  and  pressure  ratings  of 
Tubes  Nos.  3  and  6,  for  the  present,  which  are: 

f7  =  0.720  T;,  -j-  0.0229  for  Tube  No.  3,  and 

C7=  0.700  F,  —  0.0535  for  Tube  No.  6, 

it  appears  that  the  coefficient  in  the  former  is  less,  and  in  the  latter 

greater,  than  the  arithmetic  mean.     Bearing  in  mind  that  the  variation 

of  the   point    of  maximum    velocity   from   the   center   of    the   pipe, 

increases  the  ratio  -pr  and  the  coefficient  of  V^  in  the  equation,  and  that 

the  traverses  on  the  upper  diagrams  of  Plate  III  show  that  a  slight 

variation  exists,  it  has  been  concluded  that  the  arithmetic  mean,  which 

*As  described  in  Transactions,  Am.  Soe.  C.  E.,  Vol.  xliv.,  p.  74,  and  in  Journal 
Association  of  Engineering  Societies,  Vol.  xxvi  No.  3,  March,  1901. 
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is  tlie  ratio  of  the  co-ordinates  of  tlie  point  C,  being  greater  than  the 
tangent  of  the  inclination  of  the  mean  line,  indicates  that  the  velocity 
was  eccentric  at  the  lower  velocities,  and,  therefore,  that  the  ratio  of 
the  co-ordinates  of  the  point  A  would  be  a  more  correct  value  for  the 
ratio  ^.  This  gives  0.725.  Similarly,  examining  the  locus  of  Tube 
No.  6,  it  appears  that  the  ratio  of  the  co-ordinates  of  B  represents  the 
condition  of  maximum  velocity  in  the  center,  and  this  gives  for 
^  the  value  0.677.  Applying  to  these  values  the  ratio -^'  =0.81, 
as  already  deduced,  the  coefficients  for  the  tubes  become  0.896  for  Tube 
No.  3,  and  0.836  for  Tube  No.  6.  The  presence  of  the  large  con- 
stant in  the  equation  of  Tube  No.  6,  together  with  the  fact  that  the 
experiments  at  low  velocities  have  been  generally  less  satisfactory  than 
those  at  the  higher  ones  lead  the  writers  to  view  the  coefficient  obtained 
for  Tiibe  No.  6  as  approximate  only,  and  to  de^jend  for  its  rating  on 
comparisons  with  Tube  No.  3  made  during  the  field  work.  The  co- 
efficient of  Tube  No.  3  is  more  satisfactory,  the  constant  in  the  equa- 
tion being  only  half  as  great,  and  the  derivation  being  from  the 
observations  at  the  higher  velocities,  where  the  traverses  show  the 
velocity  curve  to  be  more  normal.  The  results  with  Tube  No.  5  and 
Tube  C;  however,  showed,  that  the  coefficients  obtained  for  them  in 
this  pipe  were  too  high,  the  former  by  more  than  Vd%,  and  the  latter 
by  more  than  &%;  so  that  the  conclusion  was  drawn  that  the  coefficients 
of  the  other  tubes  Avere  also  probably  high,  somewhat  in  proportion  to 
the  areas  at  the  pressure  openings.  The  area  of  Tube  No.  3  is 
about  '1Q%  of  that  of  Tube  No.  5  and  about  21%  of  that  of  Tube  C. 
Estimating  the  effect  to  be  proi^ortional  to  the  area,  this  would  indicate 
that  the  foregoing  coefficient  of  Tube  No.  3  might  be  from  1.2  to  2.6% 
too  high.  The  writers  consider  these  de^ductions  to  be  based  upon  data 
too  indefinite  for  rigid  ajjplication,  but  still,  as  warranting  a  reduction 
of  the  coefficient  of  Tube  No.  3,  and  the  value  0 .  89  has  been  selected  as 
being  probably  as  near  the  correct  one  as  the  information  will  furnish. 
In  Closed  Pipes,  with  Rutming  Water:  Coinpariso7is  with  Field  Data. — 
During  the  experiments  on  the  30-in.  line  made  in  1899,  Tube  No.  6 
was  ordinarily  read  on  the  center  at  the  gate-well  at  Hastings  Street 
and  Alexandi'ine  Avenue,  and  a  resistance  gauge  was  read  continuously 
during  all  those  experiments,  on  the  section  known  as  the  Brady 
tangent.      From  these  observations,  several  hundred  in  number,  the 
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ratio  between  Hj  for  the  tangent  and  H^.^  or  V^  at  tlie  above  location 

was  established  as      -^  „,.„.,       =  i/„  Tube  No.  6  at  Hastings.      Then 
4.0301  "  ° 

Tube  No.  3  was  substituted  for  Tube  No.  6,  and  a  series  of  observa- 
tions made,  whence  the  ratios  between  their  coefficients  were 
determined.     Table  No.  6  gives  the  comparison  for  these  experiments. 

TABLE  No.  6.— Tubes  Nos.  3  and  6  on  Centee  in  30-Inch  Pipe. 


Tube  No. 

5  BY  Brady  Tan. 

Tube  No.  3  Observed. 

Number  of 
observa- 

No. 

Velocity. 

tions. 

Head. 

Velocity. 

Head 
observed. 

Head 
corrected. 

1.... 

18 

1.144 

2.478 

1  028 

1.013 

2.334 

2.... 

42 

1.118 

2.452 

1.002 

0.987 

2.304 

3.... 

24 

1.633 

2.963 

1.516 

1.501 

2.842 

4.... 

2-t 

1.575 

2.912 

1.458 

1.443 

2.786 

6.... 

18 

2.993  reject. 

1.455 

1.440 

2.784  reject. 

Mean,  rejecting  (5)  =      2.701 


F  bv    7"    No     6 
Eatio    T^  1       rn    XT       o  =  1-  052,  whence  Coefficient  of  Tube  No.  6  = 
V  by    T.    No.    3 

Coefficient  of  Tube  No.  3  =0.89       ^oin      ^■^       i  •• -,       -,       ^ 
=  O.o4b,  which  value  coincides  closely 

with  the  arithmetic  mean  0.844,  and  has  been  adopted. 

Having  established  the  coefficient  of  Tube  No.  3,  those  of  Tubes  Nos, 
4  and  5  are  also  obtained  from  comparisons  of  simultaneous  observa- 
tions with  these  tubes  and  Tube  No.  3  made  during  the  field  work. 

These  comparisons  are  presented  in  Table  No.  7,  and  include:  First, 
a  comparison  on  the  30-in.  line  between  Tube  No.  3  at  Hastings  Street 
with  Tube  No.  4  at  Leland  Street,  both  being  on  center;  second,  com- 
parisons between  Tube  No.  3  and  Tube  No.  5  on  the  30-in.  line  at 
Superior  and  Hastings  Streets,  and  on  the  16-iQ.  line,  two  series  at  Mili- 
tary and  Campbell  Avenues  on  center;  and  third,  a  comparison  between 
Tubes  Nos.  4  and  5  on  the  30-in.  line  at  Leland  and  Hastings  Streets, 
on  center. 

Rejecting  from  these  comparisons  those  at  low  velocities,  as  indi- 
cated in  the  table,  the  ratios  between  the  observed  heads  H^,  are  found 
from  arithmetic  means  as  follows : 

If,  Tube  No.  3  „  „,,  il.  Tube  No.  5  -,  .^  i  0-7  i  1  00  i 
,  "  ^  , — =r=^ — i-  =  0.941;  'Hn  1  "x- — r.  =  1-40,  1.37  and  1.38;  and 
H„  Tube  No.  4  H.,  Tube  No.  3 


i?„  Tube  No.  5 
ETTube  No.  4 


1.34. 


EXPERIMENTS   ON    FLOW    OF    WATER   IN    PIPES. 


35 


TABLE  No.   7.— CoMPAKisoN  OF  Tubes  IN  Pipe  Experiments  in  1898. 
Tube  No.  3,  Gauge  No.  8,  at  Hastings.    I         Tube  No.  4,  Gauge  No,  9,  at  Leland. 


30-in 

pipe. 

Number  in 
Table  No.  23. 

Mean  reading. 

Mean  reading. 

Hv  by  T.  No.  3. 
JS^  by  T.  No.  4. 

113                

0.451 

0;378 
0.407 

olsio 

0.531 
0..543 
0.750 
0.703 
1.029 
1.307 
1.468 
1 .545 
1.600 
1.902 
2.296 
2.301 
2.380 
2.440 
2.545 
2.830 
3.144 
4.401 
3.961 
3.029 

2!  588 

2!  204 
2.147 
1.752 
1.582 
1.620 
1.525 
1.278 
1.296 
0.982 
1.030 
0.654 
0.346 
0.379 
0.325 
0.189 

0.187 
0.517 
0.485 
0.467 
0.479 
0.570 
0.568 
0.583 
0.817 
0.771 
1.093 
1.691 
1.764 
1.840 
1.825 
2.164 
2.287 
2.306 
2.432 
2.464 
2.550 
2.864 
3.216 
4.480 
4.039 
3.155 

2!  762 

2:20.3 
2.248 
1.8.52 
1.695 
1.688 
1.648 
1.450 
1.391 
1.056 
1.080 
0.705 
0.420 
0.500 
0.372 
0.281 

9  92 

0.758 

115 

0.779 

116              

0.872 

117                        .    .. 

0.806 

118  

0.847 

119 

0.935 

120                     

0.931 

121 

0.918 

122 

123 

0.912 
0.941 

124 

0.773 

125  

0.8321 

0.840 

0.871 

0.890 

1.004 

0.998 

0.978 

0.990 

0.998^ 

12t)              

127 

128  

133              

134 

135  

136 

137 

138            

0.988S 

139 

0.9785 

141 

0:981? 
0.961i 
0.965^ 
0.937 
0.962 
1.000 
0.954 
0.M46 
0.933 
0.960 
0.919J 

142  

I 

143              

144 

145  

146 

147 

148  

149 

150 

151 

152 

153 

0.881 

154 

0.932 

155 

0.930 

156 

0.954 

157 

11.928 

158 

159. 

0.824 
0  758 

160 

0.874 

161 

0.675 

Tube  No.  3.  Gauc 

ANE 

.e  No.  9,  at  Military 
Army. 

Tube  No.  5,  Gauge  N 

POR 

0.  5,  at  Campbei 

FEB. 

Aj  and 

16-in 

pipe.       . 

Number  In 
Table  No.  31. 

Mean  reading. 
Hv. 

Mean  reading. 

Bv  by  T.  No.  5. 
H^,  by  T.  No.  3. 

26 

0.073 
0.189 
0.541 
0.845 
1.372 
1.935 
2.566 
3.171 
3.706 
3.722 
5.507 
2.460 
1.344 
0.673 
8.727 
10.. 356 
11.327 
11.030 
7.735 

0.082 
0.211 
0.836 
1.115 
1.863 
2.623 
3.556 
4.500 
5.0.33 
5.135 
7.800 
3.420 

01870 
12.308 

15; 678 
15.691 
10.663 
5.236 

27. 

1  116 

28 

29  

30.                       

1358  1 

31 

1  385  1 

3:3  .... 

1  419 

34                 

1  358J. 

35..... 

1379" 

36  .... 

1  416'-* 

37. 

1  390  - 

38 

l'356§ 

1  373 

66 

67. 

68 

l'352| 

69 

70 

l!368 

71 

1.331  J 

36 
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TABLE  No.  7— {Continued). 


Tube  No.  3,  Gauge  No.  4,  at  Superior.  Tube  No.  5,  Gauge  No.  5,  at  Hastings. 


30-m. 

pipe. 

Number  in 
Table  No.  22. 

192 

0.753 
0.721 
0.696 
0.996 
1.457 
1.819 
1.875 
1.861 
2.162 

21627 
3.134 

0.840 

0;792 

2:i89 
2.671 
2.706 
2.731 
3.241 
3.381 
3.327 
4.139 
2.420 

1.117 

193 

1.211 

194.     ..                

1.138 

195 

1.2931 

196. 

•1.502  1 
1.468$ 
1.449^- 

197 

198 

199 

200 

1.468 
1.499  a 

201 

1.284g 

202 

1.263gs 

203                   .... 

1.321  1 

204 

1.429  J 

Tube  No.  3,  Gauge  No.  9,  at  Military 
AND  Army. 


Tube  No.  5,  Gauge  No.  5,  at  Campbell  and 
Porter. 


16-in. 

pipe. 

Number  in 

Mean  reading. 

Mean  reading. 
-Hj, 

i?„  by  T.  No.  5. 

Table  No.  31. 

i?„  by  T.  No.  3. 

42          

0.017 
0.146 
0.165 
0.573 
0.570 
0.604 
1.170 
1.161 
1.551 
1.506 
1.505 
1.517 
1.934 
2.893 
2.870 
3.&13 
4.835 
4.869 
5.895 
5.847 
6.682 
7.4,S5 
8.944 
8.770 

0.125 
0.069 
0.080 
0.683 
0.710 
0.582 
1.559 
1.578 
2.081 
2.063 
2.047 
2.089 
2.579 
3.996 
3.960 
5.327 
6.546 
6.788 
8.070 
8.080 
9.278 
10.411 
12.346 
12.5.55 

7.353 

43.                      

0.472 

0.485 

1.190 

46                    

1.246 

47 

0.963^ 

48     

1.333 
1.359 
1.342 
1.370 
1.360 
1.377 

49                    

50  

51 

52 

53 

54  

1.333? 

3 

1.381^ 

1.379  ' 

57 

58                 

1.387§ 
1.3544J 

59 

1.394^ 

60  

1.390 

11382 
1.391 
1.373 
1.420 

61              

63 

64             

65 

Tube  No.  4,  Gauge  No.  9,  at  Leland. 

Tube  No.  5,  Gauge 

No.  5,  AT  Hastings. 

30-in. 

pipe. 

Number  in 

Mean  reading. 

"... 

Mean  reading. 

H^,  by  T.  No.  5. 

Table  No.  22. 

H^  by  T.  No.  4. 

166               

0.811 

2.9785 

3.295 

3.908 

2.204 

0.633 

0.988 

1.236 

1.567 

2.122 

2.500 

2.936 

3.250 

3.473 

3.803 

3.650 

2.097 

2.218 

0.964 
3.792 
4.283 
4.591 
2.846 
0.832 
1.2.58 
1.728 
2.341 
2.764 
3.345 
3.969 
4.446 

5!247 
4.875 
3.220 

2.855 

1.188 

1.2731 

175           

1 _  303  1 

178 

1.174 

1.286 

1.313 

213 

i;396". 

215      

1 .493-^ 

216  

1.3023' 
1.3383 

217 

219 

220. 

1  368*? 

231. 

1.3.39 

223  

1.379 

224.                   .   .    . 

1.335 

325 

1.535 

1.287 

226 
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Tlie  square  roots  of  these  ratios  give  the  corresponding  ratios  between 

the  velocities  by  these  tubes.     The  ratios  between  the  velocities  are, 

^,        „         Tube  No.  3       _  „_    Tube  No.  5       -,  ia   i  -i-,       t  -i  -irrA  ^ 

therefore,  =-j — ^= — -.  =0.97;  ,^^, — ^^ — 5  =  1.18,  1,17  and  1.174;    and 
Tube  No.  4  Tube  No.  3 

Tube  No.  5  _ 

Tube  No.  4  —  ^•^*'- 

Eemembering  that  the  ratio  of  the  velocities  is  the  reciprocal  of  the 

ratio  of  the  coefficients,  from  the  first  ratio  is  obtained: 

r,     ^  •     X    ijm  T     XT     o        non       Coefficient  of  Tubc  No.  4 
Coefficient  of  Tube  No.  3  =  0.89  = ^r^ ,  or  co- 
efficient of  Tube  No.  4  =  0.89  x  0.97  =  0.863. 
From  the  second  ratios  are  obtained  : 

Coefficient  of  Tube  No.  3  =  0.89 


Coefficient  of  Tube  No.  5 


1.18 


0.754;  -^  =  0.761  ;  and  44^  =  0-758. 
1.1/  1.174 

From  the  third  ratio  is  obtained: 

Coefficient  of  Tube  No.  4       0.863 


Coefficient  of  Tube  No.  5  = 


1.16  1.16 

=  0.745. 

Considering  that  observations  at  Hastings,  Leland  and  Superior 
Streets  have  shown  that  the  maximum  velocity  in  each  place  is  very 
near  the  center,  while  similarly  conclusive  data  were  obtained  for 
only  one  of  the  two  locations  on  the  16-in.  line;  and  considering  also 
the  relative  number  of  experiments  at  the  two  places,  it  has  been 
decided  to  give  the  value  for  the  coefficient  of  Tube  No.  5  obtained 
from  Tube  No.  4  double  the  weight  that  is  given  to  each  value 
obtained  from  Tube  No.  3  directly,  and  to  consider  the  latter  as 
of  equal  weight  among  themselves,  when  the  arithmetic  mean  is 
i  [0.754  -f-  0.761  +  0.758  -f-  (2  x  0.745)]  =  0.752,  and  the  value  0.75 
is  adopted  as  the  coefficient  for  Tube  No.  5  and  that  of  0.86  for  Tube 
No.  4. 

As  Tubes  Nos.  1  and  2,  and  Tubes  A,  B,  C,  B  and  E'have  not  been 
used  in  any  experiments  where  a  knowledge  of  their  coefficients 
(beyond  the  fact  that  they  are  constant,  which  has  already  been 
demonstrated)  would  be  of  particular  value  to  this  investigation,  the 
discussion  of  their  ratings  will  be  omitted  at  jn-esent. 
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In  Closed  Pipes,  with  Running  Water:  Adopted  Coefficients. — Ta 
recapitulate,  the  coeflScients  adopted  are: 

For  V.  For  H„,  To  reduce  ^;h^  to  F^^ 

For  Tube  No.  3 0.89  0.7921  1.734 

"     4 0.86  0.7396  1.676 

"     5 0.75  0.5625  1.462 

"     6 0.846  0.7157  1.649 

All  are  to  be  ai3plied  to  the  velocity  computed  from  the  observed 
head  considered  as  that  to  which  the  velocity  is  due. 

Comparison  of  Ratings  in  Still  and  Flowing  Water :  The  Experime?ital 
Data. — There  are  now  brought  out  for  examination  two  series  of 
coefficients  for  the  same  instruments,  one  obtained  by  a  method  of 
long  standing  for  such  apparatus,  and  a  method  involving  very  simple 
manipulations  and  computations;  the  other  a  series  obtained  by  a. 
more  devioiis  course  of  experiment,  but  one  in  which  the  conditions 
of  actual  service  were  much  more  closely  approximated.  As  to  the 
skill  with  which  both  ratings  were  performed,  the  writers  believe 
them  equally  entitled  to  credence,  and,  if  the  values  obtained  had 
been  but  slightly  different,  they  would  probably  have  given  the  open 
trough  rating  the  preference  on  account  of  the  larger  number  of  obser- 
vations, and  the  greater  simplicity  of  operation  and  reduction. 
Nevertheless,  the  results  confii-med  a  long-lingering  suspicion  that  the 
conditions  under  which  an  instrument  operated  when  dragged  through 
still  water  were  not  those  existing  when  the  water  flowed  past  it. 

For  comparison,  the  coefficients  obtained  by  the  two  methods  are: 

Tube  No.  3,  by  tank  rating,  0.926;  by  pipe  rating,  0.89. 
6      .    "  "       0.950     '   "  "       0.84. 

5  "  "       0.859         "  "       0.75. 

If  the  same  method  of  rating  in  the  2-in.  pipe  were  applied  to 
Tube  No.  5  and  Tube  C  that  was  used  for  Tubes  Nos.  3  and  6  the 
coefficients  obtained  would  be  0.861  and  0.868,  the  former  coinciding 
closely  with  the  tank  rating  of  the  same  tube.  By  this  coincidence 
the  writers  were  at  first  misled  into  believing  that  the  coefficient  of 
Tube  No.  5  would  be  about  0.86,  and  that  the  ratios  obtained  in  the 
original  investigations  were  in  error,  supposedly  on  account  of  irregu- 
lar distribution  of  velocities.  The  values  obtained  with  Tubes  Nos.  3 
and  6  in  the  tank  evidently  contradict  every  other  experiment,  for  this 
rating  is  the  only  case  in  which  Tube  No.  6  appears  to  have  a  higher 
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coefficient  than  Tube  No.  3.  If  there  is  any  advantage  in  the  fine 
lines  used  in  ocean  shipbuilding  over  those  of  the  bluff-bowed  craft 
to  be  seen  on  the  Great  Lakes,  it  must  be  expected  that  Tube  No.  3 
would  give  a  higher  coefficient  than  Tube  No.  6,  from  a  mere  inspec- 
tion of  its  form.  The  writers,  having  made  such  investigations  as  to 
satisfy  themselves  that  the  velocities  are  not  abnormally  distributed, 
either  at  Hastings  or  Leland  Streets,  and  but  slightly  so  at  Superior 
Street,  have  therefore  arrived  at  the  conclusion  that  the  method  of 
tank  rating  is  not  a  proper  one  to  ai^jjly  to  the  instruments  under 
consideration. 

Distribution  of  Velocities  in  Circular  Pij^e. 

Normal  Conditions:  Crileria  of  Accuracy. — The  experiments  made 
upon  the  30,  16  and  12-in.  j^ipes,  in  which  the  Pitot  tubes  were  made 
to  traverse,  afford  interesting  information  as  to  the  conditions  of  the 
flowing  water  and  the  distribution  of  the  axial  comi^onents  of  the 
velocities  of  its  particles.  In  addition  to  the  experiments  of  this  sort 
connected  with  the  investigation  of  effects  of  curvature,  some  have 
been  made  upon  one  of  the  42-in.  force  mains  supplying  the  City  of 
Detroit  (Fig.  5),  and,  as  already  intimated,  the  first  traverses  were  made 
in  a  12-in.  pipe  which  had  no  connection  with  the  lines  used  in  the  gen- 
eral investigation,  beyond  the  fact  that  it  afforded  an  opportunity  to 
ascertain  whether  the  Pitot  tube  was  cajiable  of  being  applied  to  the 
measurement  of  water  under  the  conditions  which  it  was  supjaosed 
would  exist  in  the  30-in.  line. 

On  the  30-in.  pipe  there  have  been  more  than  fifty  individual  tra- 
verses made  under  the  conditions  of  straight  pipe  ;  on  16-in.,  there 
have  been  seven;  on  12-in.,  twenty -nine  (besides  some  partial  prelimi- 
nary ones),  and  on  42-in.,  two.  In  the-2-in.  pipe,  eleven  traverses  have 
already  been  presented  in  the  discussion  of  the  rating  of  the  tubes. 

To  convey  some  idea  at  once  of  the  relative  accuracy  of  this  work, 
it  may  be  stated  that  the  conditions  of  the  experiments  on  June  7th 
and  8th  and  on  June  11th  and  12th,  1898,  were,  as  near  as  could  be, 
the  same,  for  the  traverses  made  at  the  highest  velocities,  which  are 
shown  with  others  in  Figs.  6  and  7.  The  pressure  on  the  mains  at  the 
pumping  station, 4  miles  away,  was  probably  the  same,  within  ^  lb.,  on 
both  occasions.  The  consumption  from  the  whole  distribution,  both 
sets   of    experiments    being   made   between    midnight   and   3   a.   m., 
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and  only  4  days  apart,  must  have  been  very  nearly  the  same,  and,  as 
the  two  blow-offs  operated  for  producing  velocity  were  the  same,  and 
both  were  fully  ojjened,  it  may  be  expected  that  the  discharges 
through  the  pipe  were  i^ractically  identical.  On  June  7th  and  8th  two 
traverses  were  made  at  the  highest  velocity,  from  which  a  mean 
velocity  of  3.967  ft.  per  second  is  obtained,  and  on  June  11th  and  12th 
three  traverses  were  made,  giving  a  mean  velocity  of  3.978  ft.,  from 
which  it  is  seen  that  the  tube  shows  the  conditions  duplicated  within 
■H)  of  1  per  cent.  This  was  for  the  same  tube  in  the  same  position, 
the  traverses  being  made  -with  Tube  No.  3  at  Hastings  Street. 

On  August  13th  and  14th  a  traverse  was  made  at  Leland  Street  with 
Tube  No.  4,  when  the  two  blow-oflfs  were  fully  02Jen,  the  time  being 
between  4  and  5  a.  m.,  and  the  conditions  as  to  pressure  as  nearly  the 
same  as  those  in  the  preceding  cases  as  could  be  expected  with  the 
somewhat  different  consumption  in  August. 

The  mean  velocity  by  this  traverse  was  3  988  ft.  i>ev  second,  which, 
when  multiplied  by  the  coefficient  of  Tube  No.  4  =  0.86,  gives  3.430  ft. 
per  second  as  the  true  velocity. 

The  diameter  of  the  pipe  at  Leland  Street,  as  determined  by  the 
rod  caliper,  is  30J  ins.  =2.521  ft. 

Computing  for  Q,  the  discharge  at  Leland  Street : 

Diameter  2.521 log.  =  0.401573 

2 

rf2 "     =0.803146 

4- =0.7854 "     =9.895091 

4 

Mean  T^=  3  430  ft "     =  0.535294 

Q "     =  1.233531  =  17.121  cu.  ft. 

Computing  for  Q  at  Hastings  Street: 

o  QP'7  _l     Q  Q7ft 

Mean  of  velocities  observed  in  June  = — '- ^ — '- —   =  3.972  ft., 

which,  multiplied  by  the  coeflBcient  of  Tube  No.  3  =  0.89  =  3.972  X 

0.89  =  3.535  ft. 

Diameter,  by  rod  caliper,  is  30-e-4  ins.  =  2.504  ft. 

Diameter  2.504 log.  =  0.398634 

2 

d^ "     =0.797268 

—  =  0.7854 "     =9.895091 

4 

Mean  F=3.535  ft "     =  0.548389 

Q "     =1.240748  =  17.408  cu.  ft. 
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Diameter  41  % 
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■    *|;^ 
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*  -„- 

42-IN.  PIPE  OBSERVATIONS  WITH  PITOT  TUBE 

AT  ELMWOOD  AND  CHAMPLAIN, 

DETROIT  MICH., 

JUNE  2D,   1S98. 

tube  no.  3,  gauge  no.  8. 

time  10:39  a.m.  to  4.82  p.m. 

each  position  is  the  mean  of  5  to  7  observations 

each  comprising  4  readings  of  the  gauge  scale. 

Fig.  5. 


Traverse  No.  1,  Positions  3  to  26 
2,        "       31  "  54 
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d      m 


Velocity,  Feet  per  Second. 


Og  s       1  2  3 

^  g    Velocity  Head,  Inches. 

Traverse  iZ  Positions      0  to   2i 

43  36  "  GO 

44  G5  "  89 

45  100  "  124 


30-IN.  PIPE 

OBSERVATIONS  WITH  PITOT  TUBE  AT 

HASTINGS  AND  ALEXANDRINE, 

DETROIT,  MICH. 

POSmONS  0  TO  24,  36  TO  60  AND  65  TO  89  TAKEN  WITH  TUBE  NO 
GAUGE  NO.  5  ON  DIAMETER  46°FR0M  VERTICAL.  POSITIONS  100  TC 
130  TO  154,  155  TO  179  TAKEN  WITH  TUBE  NO.  6,  GAUGE  NO.  5,  A 


SAME 

POSITIONS 

POSITIONS 


)  TO  11:32  / 


179  FROM  1:23  TO  3:03  P.M. 
JUNE22D,  1899. 
EACH  POSITION  IS  THE  MEAN  OF  3  OBSERVATIONS 
READINGS  OF  THE  GAUGE  SCALE. 
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The  excess  of  discharge  in  June  over  that  in  August,   therefore, 

,    ^        ,          17.408  — 17.121  (=0.287  cu.  ft.) 
appears  to  have  been  ,  or  In,- per  cent. 

On  the  night  of  JitIv  18th  and  19th,  1898,  three  traverses  were 
made  at  Hastings  Street,  with  Tube  No.  3,  with  the  Caufield  Street 
blow-oflf,  only,  oj^en,  the  mean  velocity  of  which  gives  2.816  ft.,  and 
this,  multiplied  by  the  tube  coefficient,  0.89,  gives  the  true  velocity  as 
2.506  ft.  per  second. 

Log.  2.506  ft.  =0.398981 

"     Hastings  Street  area  =  0.692359  • 


"      §  =  1.091340,  whence  Q  =  12.341  cu.  ft. 

On  the  night  of  August  13th  and  14th  a  traverse,  made  under  sim- 
ilar conditions,  with  Tube  No.  4,  at  Leland  Street,  gave  a  mean  velocity 
of  2.847,  which,  multiplied  by  the  coefficient,  0.86,  gives  a  true  velocity 
of  2.448  ft. 

Log.  2.448  ft.  =0.388811 

"      Leland  Street  area  =  0.698237 


"      (^  =  1.087048,  whence  Q  =  12.219  cu.  ft. 

0.  Hastings        12.341        -,  ni  i  xi      ^ 

^„  ,    -, — 2_  =  =  1.01  nearlv,  or  the  two  measurements  agree 

Q.  Leland  12.219 

within  less  than  1  per  cent. 

The  several  traverses  are  presented  in  Figs.  5  to  14  and  on  Plate  IV, 
and  are  self-explanatory ;  and  the  velocities,  reduced  from  the  gauge 
readings,  as  already  explained,  are  given  in  Table  No.  9. 

In  examining  these  diagrams  it  will  be  noticed  that  nearly  all  the 
traverses  show  a  region  of  peculiar  disturbance  about  two-tenths  of 
the  diameter  from  the  sides.  The  cause  of  this  disturbance  or  how  it 
occurs  is  not  clear  from  these  observations,  but  its  presence  in  practi- 
cally all  the  traverses  precludes  the  ijossibility  of  its  being  an  accident 
or  an  error  of  observation. 

Normal  Conditions:  Observations  with  Low  Velocities. — The  traverses 
taken  at  the  lower  flows  show  much  less  regular  variation  in  the  veloci- 
ties than  the  faster  ones,  and  those  in  which  the  mean  is  less  than  1  ft. 
per  second  are  so  irregular  as  to  render  them  imsatisfactory  for  meas- 
uring purposes.  In  these  traverses  not  infrequently  a  zero  velocity 
would  be  recorded,  and  sometimes  even  a  negative  one  for  several 
seconds.  At  first,  the  writers  were  at  a  loss  to  account  for  the  negative 
velocities,  for,  while  it  was  possible  to  admit  a  condition  of  rest,  it 
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Diameter  of  Pipe  30 '/64  , 
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For  table  accompanying  Fig.  11,  see  opposite  page. 
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For  table  accompanying  Fig.  12,  see  opposite  page. 
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Diameter-liorizontal  30  % 
"  oblique    30" 
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TABLE  No.  8. — Compakison  of  Tkavekses  in  Stbaight  Pipe. 


t 

cl 

■K" 

H 

■t 

^r- 

ot^'" 

n^ 

a 

1 

,3 

Date. 

Location. 

li 

%^ 

^i 

> 

■■^•1- 

'l 

^ 

i-s 

oS 

% 

\^ 

4S 
42 
42 

'^ 

H 

C! 

ft 

> 

s 

S 

I 
3 

June  3,  1898. 
June  7,  8,  1898. 

j     Elmwood  and     \ 
1       Champlaln.        C 

Hastings. 

3 
3 

8 

8 

41§i 
41  si 
41  §5 

3.884 
3.914 
Par 

3.160 
3.319 
tial. 
3.191 

0.813 

0.848 

30       4 

3 

8 

30s\]  3.72 

6.858! 

30!      5 

" 

" 

3 

K 

30g>j    4.65 

3.972 

0.8.54 

30       6 

" 

" 

3 

H 

30,\!  4.64 

3.963 

0  854 

30       V 

June  11,  12, 1898. 

3 

8 

30s^|  3.29 

30'      8 

" 

" 

a 

H 

SOe^rl  3.38 

3.832 

0.835 

30'      9 

;; 

3 
3 
3 

8 
8 
8 

SOj^j      Par 

tial. 

30i     10 

30A 

30      11 

4.67 

3.978 

0,854 

301     12 

June  18,  19,  1898. 

I 

3 
3 
3 

3 

8 
8 
8 
8 

SOe^VI     Par 
30s\l     Par 
30A      Par 

tial. 
tial. 
tial. 
0.859 

30      13 

30  i     14 

30]     15 

30A 

0.940 

0  914 

so!    10 

" 

3 

8 

0.986 

0.567 

0.575 

30:     17 

" 

•' 

3 

8 

30^ 

1.070 

0.609 

0  .569 

30      18 

" 

" 

3 

8 

30/r 

1  630 

1.179 

0  723 

30 '     19 

" 

" 

3 

8 

30r\ 

2.405 

2.014 

0.837 

30 1     20 

" 

" 

3 

8 

30A 

3.292 

2.767 

0,840 

" 

"• 

8 

3<Mt 

3.307 

2.806 

0  848 

30i     22 

" 

8 

3.779 

3.247 

0.K59 

30 !     33 

" 

" 

8 

3<)A 

4.403 

3.633 

0  825 

" 

H 

3()3 

4.284 

3  696 

0  863 

30;     25 

" 

" 

8 

30,^ 

3.396 

3.874 

0.846 

30     26 

" 

" 

8 

3  098 

2  546 

0.833 

30,     27 

" 

K 

30,3f 

3.147 

1.894 

0  882 

30     28 

June  24,  25,  1898. 

" 

8 

30,3^ 

1.621 

*0  801 

30     29 

July  16,  17,  1898. 

Hastings,  oblique. 

9 

30^ 

2.40 

1.863 

0  776 

" 

9 

30 

2.750 

2.317 

0,84^^ 

Aug.  13,  14, 1898. 

Leland. 

9 

30i 

3.585 

3.340 

0.866 

30;     32 

" 

" 

9 

30t     3.070:2.551 

0.83l' 

" 

9 

30j  ,  3.4732.847 

0.820i 

30'     34 

" 

" 

9 

3O4   1  3.972!3.448 
30j       Par  tial. 

0.868 

30 1     35 

» 

.. 

9 
9 

30|     36 

30  J  1  4.380 

3.828 

0.874 

30     37 

" 

" 

9 

30;f  :  4.475 

3.933 

0.879! 

30 1     38 

" 

" 

9 

30 J  i  4.578 
3O4   !  4.428 

3.988 

0.8711 

30 1     39 

'■ 

9 

3.862 

0.8721 

" 

9 

30i  1  3.970 

3  428 

30  i     41 

" 

" 

9 

30 J  i  3.460 

3.075 

0.889  

30i     42 

June  22,  1899. 

Hastings,  oblique. 

3 

5 

30     '  2.210 

1.864 

0.843  

3 

5 

30 

2.830 

3.317 

30|     44 

" 

" 

3 

5 

30 

3.857 

3  437 

0.853 

B     9 

" 

3 

5 

30 

3.503 

3.114 

0.845! 

^i     f 

" 

" 

6 

5 

30 

3.985 

3.490 

0.8341 

"• 

" 

6 

5 

30 

3.9.50 

3.479 

0.840! 

30  j     48 

Jan.  22,  1901. 

Hastings,  vertical.   ■■ 

A 

4 

30±:  1.322 

1.314 

0.9941 

In     fl 

A 

4 

30+ 

3.209 

1.825 

0  826 

" 

" 

A 

4 

30+ 

2.463 

1.987 

0  807 

30 1     51 

Jan.  23,1901. 

Superior,  horizontal. 

5 

5 

3.353 

1.762 

0  749 

" 

5 

5 

2957 

3.568 

1.961 

0.764 

Sept.l3andl8,1898. 

)       Military  and       ( 

3 

9 

lBt=r 

4.485 

3.766 

0  840 

>. 

(     Army  Avenue.     ) 

3 
3 

9 
9 

!S 

Par 

3.900 

tial. 
3.373 

16     89 

0.818 

'■ 

" 

3 

9 

i«A 

3.940 

3.291 

0.835  

" 

3 

9 

1fi>r 

5.590 

4.705 

0.843  

" 

" 

3 

9 

6.830 

5.781 

0.846  

" 

3 

9 

16^ 
11,992 

7.700 

6.648 

0.863  

Nov.  4, 1898. 

(     Kercheval  and     ) 
"/            South.            ( 

3 

8 

4.240 

3.666 

0.8651  0-841 

" 

3 

8 

11.992 

5.075 

4.505 

0.888    0.844 

Nov.  16, 1898. 

Reid  and  South. 

3 

8 

12  003 

3.685 

2.238 

0.834    0.826 

3 

8 

12.003 

3.733 

3.302 

0.885'  0.847 

3 

8 

12  003 

4.563 

4.067 

0.8911  0.877 

" 

3 

8 

12.003 

5.455 

4.991 

0.915'  0.880 

" 

" 

3 

8 

12.003 

6.273  5.695 

0.908    0.878 

12;  101 

June  6,  1899. 

Kercheval  and  South. 

3 

9 

11  992 

0.77910.585 

0.751,  0.747 

12!  102 

June  7,  1899. 

3 

9 

11.992 

1.509J1.240 

0.841 

*  This  traverse  made  with  point  of  Tube  No.  3  and  orifice  in  pipe  wall. 
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TABLE  No.  8— {Continued). 


(     Woodward  an 
"j       City  Limits. 


Dec.  18,  1899. 


Dec.  20, 
Feb.  8,  ] 


Feb.  15, 
March  8, 


>ity 
Blef 


2-In.  Pipe. 

Cornell  University. 


p^ 

1       ^C 

■§ 

n^" 

aj 

1^  !  .^1 

?; 

^•1- 

M 

^ 

1-2 

°8 

«^g 

H 

d3 

Q 

> 

s 

2 

4 
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was  difficult  to  imagine  a  reversed  flow,  when  it  was  known  positively 
that  the  only  outlet  was  down  stream.  On  further  experiment,  it  was 
found  that  if,  when  Tube  No.  3  was  reading  a  high  velocity  in  the 
positive  direction,  the  point  was  turned  away  from  the  direction  of 
the  axis  of  the  pipe,  the  reading  would  be  decreased  and  that,  soon 
after  the  point  passed  an  angle  of  45°  with  the  axis,  negative  readings 
occurred.  Making  a  complete  revolution  of  the  tube,  it  was  found 
that  the  maximum  negative  reading  occurred  when  the  j)oiut  was  about 
at  right  angles  to  the  axis,  the  readings  approaching  zero  again  after 
this  point  was  passed,  and  being  considerably  nearer  to  zero  when  the 
tube  was  reversed  than  when  it  was  only  half  reversed.  From  these 
observations,  it  was  concluded  that  the  zero  and  negative  readings 
were  due  to  oblique  currents,  and,  as  an  obliquity  of  a  little  more  than 
45°  was  evidently  sufficient  to  produce  them,  it  was  determined  to 
treat  all  negative  readings  as  zero.  This,  undoubtedly,  has  the  eflfect 
of  giving  too  low  a  discharge  to  the  section,  but  it  did  not  seem  pos- 
sible to  determine  the  true  axial  velocity  when  such  readings  occurred, 
and  the  writers  i^refei-red  to  limit  the  use  of  the  instrument  to  those 
cases  where  such  readings  do  not  occur.  Traverses  containing  them 
are  nevertheless  presented,  as  it  has  been  the  purjiose  of  the  writers  to 
present  the  results  as  obtained,  be  they  good,  bad  or  indifferent. 
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4.93 
4.52 
4.18 
3.83 
3.59 
3.33 

ti 

2.00 
2.20 

2^56 
2.76 
3.01 
3.18 
3.14 
2.87 
2.61 

2.31 
2.20 

t3. 
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Normal  Conditions:  Relation  of  Cevtral  lo  Mean  Velociti/. — As  already 
stated,  it  was  discovered  early  in  these  investigations  that  forthe  30-in. 
pipe  a  nearly  constant  ratio  existed  between  the  mean  velocity  as  de- 
termined by  the  traverse  and  the  velocity  at  the  center,  and  this  fact 
was  at  once  taken  advantage  of  to  measure  the  discharge  without  the 
labor  of  traversing. 

Table  No.  8  shows  the  elements  of  seventy-six  traverses,  giving  the 
y 
ratios   of  ■—.     From  this  table,  selecting  those  traverses  which  when 

plotted  show  the  nearest  approach  to  normal  conditions,  a  mean  value 
of  this  ratio  of  0.84  has  been  arrived  at  for  the  30-in.  pipe,  and  this 
value  seems  also  to  hold  for  the  16,  12,  and  42-in.  pipes.  The  value 
0.81  for  this  ratio  has  been  already  deduced  for  the  2-in.  brass  pipe, 
from  which  it  may  appear  that  the  ratio  decreases  slightly  with  the 
diameter;  but  traverses  at  other  points  in  this  pipe  have  given  a  ratio 
of  0.84,  so  that,  for  such  diameters  as  are  met  in  ordinary  practice,  it 
seems  entirely  safe  to  use  a  factor  near  to  0. 84.  There  appears,  on  the 
face  of  Table  No.  8,  some  evidence  that  the  ratio  changes  with  the 
velocity,  but  if  such  a  change  occurs  it  is  quite  small  within  the  limits 
of  the  experiments.  The  irregularity  of  the  ratio  seems  more  likely 
to  be  due  to  the  occurrence  of  disturbances  as  the  tube  passed  the 
center,  rather  than  to  an  actual  variation  of  the  ratio.  Observations 
made  with  a  tube  on  the  center  continuously  showed  the  velocity 
there  to  be  continually  varying  through  small  limits,  but  enough  to 
change  the  value  of  this  ratio  1  or  2V  between  the  maximum  and 
minimum. 

Normal  Conditions:  Tlie  E(p(ation  of  the  Velocity  Curves. — Thecon- 
Y 
stancy  of  the  ratio  -^  points  to  a  definite  form  of  the  surface  repre- 
sented by  the  plottings  of  the  axial  components  of  the  velocities,  and 
ordinary  judgment  would  indicate  the  curve  of  the  right  section  to  be 
one  that  might  become  tangent  or  very  nearly  so  to  the  pipe  wall.  Of  the 
common  curves,  that  which  most  naturally  comes  to  mind  as  fulfilling 
this  condition  is  the  ellipse.  An  inspection  of  the  plotted  traverses 
where  normal  conditions  existed  shows  that  the  velocity  at  the  pipe  wall 
was  jsrobably  about  half  of  the  maximum.  As  already  pointed  out,  the 
velocity  at  this  position  has  never  been  measured  on  account  of  the 
impossibility  of  doing  so  with  tubes  of  finite  dimensions,  but,  from  the 
inclination  of  the  line  between  the  two  positions  nearest  the  edge,  it 
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seems  fair  to  assume  tlie  foregoing  value.  If  this  be  so,  then  the  veloc- 
ity prism  is  made  up  of  a  cylinder  of  length  ^  V^  and  a  dome  of  some 
form,  the  volume  of  which  is  (0.84  —  0.50)  T;  ^  =  0.34  l\.  A. 

Recalling,  noAv,  that  the  volume  of  the  ellipsoid  of  revolution  is  two- 
thirds  of  the  cii-cumscribing  cylinder  of  equal  length,  and  the  volume 

of  half  such  a  figure  is  4  or  X).333  of  such  a  cylinder,  it  is  apparent  at 

V 
once  that  the  establishing  of  the  ratio  ~-  =  0.84  stamps  the  velocity 

curve  as  a  very  close  apjDroximation  to  the  ellipse  in  general  form,  in 
spite  of  its  many  irregularities.  The  writers  are  aware  that  previous 
investigators  have  assumed  this  curve  to  be  a  parabola,  possibly  modi- 
tied  by  some  other  curve  near  the  sides,  but  this  assumption  calls  for  a 

V 

ratio  -Tf^  =  0. 75,  Avhich  is  altogether  too  far  from  the  foregoing  experi- 

mental  values  to  be  admitted,  notwithstanding  that  a  distinguished 
predecessor  in  this  line  of  exi^eriment  has  deduced  a  parabolic  equation 
for  this  curve  from  a  comprehensive  mathematical  investigation  of  the 
supposed  internal  relations  of  the  particles  and  their  motions.  It  is, 
perhaps,  fair  to  themselves  to  state  that  the  elaborate  investigation 
above  referred  to,  was  unknown  to  the  writers  until  after  the  completion 
of  the  work  of  1898. 

The  experiments  show  that  even  in  straight  pipe  the  value  of  the 

V 

ratio  -^  may  vary  somewhat  as  obtained  by  exiseriment.     Whether  an 

actual  variation  occiirs  after  normal  flow  is  once  established  they  have 
not  regarded  as  proven  except  where  special  disturbing  causes  intervene. 

Abnormal  Conditions:  Distortions  of  the  Velocity  Curve. — While,  under 
normal  conditions  of  flow  in  straight  pipe,  the  velocity  cui-ve  assumes  a 
form  approximating  closely  to  the  ellipse,  it  is  very  susceptible  to  small 
distortions.  The  effect  of  curvature  is  probably  one  of  the  most  potent 
in  producing  such  distortions,  and  Figs.  11  and  12  show  a  series  of 
traverses  taken  on  horizontal  diameters  of  30-in.  pipe  at  points  a  few 
feet  beyond  the  P.  T.  's  of  90°  circular  curves.  Fig.  11  shoAvs  traverses 
taken  10  ft.  5  ins.  down  stream  from  a  40-ft.  radius  curve,  and  Fig.  12 
those  taken  23  ft.  4  ins.  from  a  15-ft.  radius  curve,  for  mean  velocities 
in  both  cases  ranging  from  less  than  1  ft.  to  about  3i  ft.  per  second. 

These  traverses,  particularly  those  of  Fig.  11,  show  the  gradual  dis- 
placement of  the  point  of  maximum  velocity  from  a  position  near  the 
center  at  slow  velocities  to  one  at  about  the  location  of  the  peculiar 
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disturbances  already  referred  to  in  the  consideration  of  normal  flow, 
Avhen  the  maximum  velocity  reaches  a  little  above  3.V  ft.  Beyond  this 
position  an  increase  of  30%  in  maximum  velocity  fails  to  shift  the 
point  of  the  locus.  This,  perhaps,  explains  why  the  losses  ob.served 
when  water  flows  around  a  single  curve  of  180°,  are  not  twice  as  great 
as  when  it  passes  around  one  of  90°,  and  of  the  same  radius.  The 
velocity  curve  probably  receives  its  maximum  possible  distortion  at 
velocities  above  3  or  4  ft. ,  before  the  water  has  passed  the  first  quadrant, 
so  that  there  is  no  more  energy  absorbed  in  this  operation  until  a  tan- 
gent is  reached  and  the  velocity  curve  begins  to  be  brought  back  to  the 
normal  form.  It  is  interesting  to  notice  that  the  point  of  maximum 
velocity  is  at  the  same  place  on  the  diameter  in  both  figures,  thus 
showing  that  a  variation  of  radius  from  40  to  15  ft.  has  very  little  effect 
in  changing  the  distribution  in  this  respect. 

But  it  will  also  be  observed  that  there  is  a  marked  difference  in  the 
remaining  characteristics  of  the  velocity  curves  in  the  two  figures, 
those  following  the  short-radius  curve,  showing  less  total  distortion 
than  those  following  the  longer  ones.  This  may  be  in  part,  or  perhaps 
wholly,  accounted  for  by  the  excess  of  distance  existing  between  the 
curve  and  the  diameter  of  traverse  in  the  former,  thus  permitting 
the  velocities  to  begin  their  readjustment,  but  the  fact  that  the  point 
of  maximum  velocity  is  in  the  same  position  in  both  cases  seems  to 
show  that  the  readjustment  has  at  least  not  progressed  unequally  in 
the  two  cases,  and  so  appears  to  controvert  the  above  suggestion. 

If  the  distortion  of  the  velocity  curve  accounts  for  the  excess  of 
loss  of  head  of  the  first  half  of  a  180°  curve  over  that  of  the  second,  it 
must  be  a  leading  factor  in  curve  resistance,  and  it  might  be  suggested 
that  the  curve  producing  the  least  distortion  would  oflfer  the  least 
resistance  to  the  passage  of  water  around  it,  when  it  follows  that  the 
loss  in  the  short-radius  curve  would  be  the  less. 

Passing  by  this  question  for  the  present,  the  effect  of  the  distortion 
of  the  velocities  upon  the  loss  of  head  to  be  observed  in  the  tangent 
following  the  curve  becomes  of  interest,  for  it  is  readily  seen  that  if 
energy  is  absorbed  in  producing  the  original  distortion,  energy  miist 
also  be  absorbed  in  bringing  about  a  readjustment  to  the  normal 
arrangement,  and  a  question  at  once  arises  as  to  the  limits  within 
which  the  curve  resistance  is  to  be  measured,  for  it  must  evidently 
extend  beyond  the  curve.     The  logical  conclusion  is  that  the  curve 
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resistance  must  be  assumed  to  extend  to  the  point  where  the  distri- 
bution of  velocities  again  becomes  normal,  and  the  curve  should  be 
charged  with  the  excess  loss  of  head  in  the  section  between  this  point 
and  its  beginning,  over  the  loss  in  an  equal  length  of  similar  straight 
pipe.  It  now  becomes  of  interest  to  determine  how  far  away  from  the 
P.  T.  of  the  curve  this  point  of  normal  rearrangement  is,  and  on  this 
question  the  data  obtained  are  not  conclusive. 

Abnormal  Conditions  :  Readjustment  of  the  Velociti/  Curve. — It  has  been 
considered  that  the  distribution  at  Hastings  Street  was  normal, 
although,  even  there,  occasional  evidences  of  eccentricity  in  the  point 
of  maximum  velocity  have  been  observed.  This  location  is  737  ft. 
down  stream  from  a  10-ft.  radius  circular  curve,  and  the  intervening 
pipe  contains  no  known  disturbing  elements,  and  on  the  Avhole  it  seems 
safe  to  conclude  that  the  distortion  caused  by  a  10-ft.  radius  curve  does 
not  extend  737  ft.  or  295  diameters  down  stream  in  30-in.  pipe,  except 
at  very  low  velocities. 

Looking  now  at  the  traverses  at  Superior  Street  (Fig.  14),  it  appears 
that  while  the  maximum  velocity  is  in  the  center,  there,  nevertheless,  is  a 
distortion,  which,  however,  may  be  due  to  the  presence  of  a  gate  with 
the  bonnet  on  the  slow  side  of  the  traverse,  only  2  ft.  uj?  stream.  This 
location  is  238  ft.  down  stream  from  a  6-ft.  radius  curve,  and  the  conclu- 
sion must  be  considered  as  doubtful  that  distortion  is  apparent  238  ft. 
or  95  diameters  down  stream  from  a  6-ft.  radius  curve  in  30-in.  pipe. 

The  traverses  made  at  Leland  Street  (Fig.  8),  show  a  slight  dis- 
tortion, which  is,  with  one  exception,  toward  the  concave  side  of  the 
curve,  and  it  may,  perhaps,  be  justly  questioned  whether  this  distortion 
may  not  be  due  to  preceding  branches  in  the  pipe,  of  which  there  are 
three  on  the  slow  and  one  on  the  fast  side  of  the  traverses,  the  nearest 
being  one  of  the  former,  a  30  x  10-in.  Y-l^ranch  distant  about  270  ft.  up 
stream.  A  length  of  756  ft.  of  pipe  intervenes  between  this  traverse 
'  and  the  preceding  15-ft.  radius  curve.  This  location,  therefore,  can- 
not be  considered  as  furnishing  conchisive  evidence  either  one  way  or 
the  other. 

The  16-in.  traverses,  Plate  IV,  Fig.  1,  which  were  taken  on  a  verti- 
cal diameter,  show  a  slight  vibration  of  the  jioint  of  maximum  velocity 
up  and  down  j^ast  the  center  as  the  velocity  changes.  These  traverses 
were  taken  328  ft.  from  a  compound  curve  having  a  mean  radius  of 
about  3|  ft.,  there  being  no  intervening  specials.     It  seems  fairly  safe 
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to  conclude  that  the  effect  of  the  distortion  due  to  a  3i-ft.  radius  hori- 
zontal curve  is  not  aj^parent  in  a  vertical  traverse  328  ft.  or  252  diame- 
ters down  stream  in  16-in.  pipe. 

The  12-in.  traverses  on  South  Street,  Plate  IV,  Fig.  3,  which  were 
also  taken  vertically,  show  a  decided  distortion  at  Eeid  Stieet,  where 
the  traverse  was  taken  25.75  ft.  below  a  gate  Avhich  was  examined  and 
foimd  to  be  wide  open,  and  of  which  no  part  projected  into  the  water- 
way. 

As  the  point  of  maximum  velocity  is  below  the  center,  it  would 
seem  that  the  effect  of  the  opening  into  the  bonnet  of  the  gate  was  to 
retard  the  flow  at  the  top  of  the  pipe,  and  corresponds  to  the  observed 
condition  at  Superior  Street.  The  traverses  at  Kercheval  Avenue  were 
made  on  a  diameter  2  025.75  ft.  from  the  nearest  up-stream  obstruction 
of  any  kind,  which  was  the  same  gate,  and  the  preceding  2  000  ft.  was 
probably  as  carefully  laid  as  any  section  of  pipe  ever  put  into  the 
ground,  it  being  as  nearly  in  a  straight  line  as  it  was  possible  for  levels 
and  alignment  to  make  it.  In  spite  of  these  excellent  preceding  con- 
ditions the  traverses  Nos.  94,  95,  101  and  102  show  a  distortion  of  the 
velocities,  the  maximum  being  persistently  a  little  above  the  centers. 
As  the  gate  at  Held  is  the  only  disturbing  cause,  it  seems  that  one  of 
two  conclusions  is  to  be  drawn;  (a)  that  the  maximum  velocity  will  not 
remain  exactly  in  the  center  under  even  the  most  favorable  conditions; 
or  {b)  that  disturbances  of  velocities  may  extend  more  than  2  OCO  diam- 
eters in  12-in.  pipe.  The  writers  consider  it  very  improbable  that  an 
unkncfwn  obstruction  existed  in  the  preceding  i:>ipe. 

Traverses  A,  B,  C  and  D,  Plate  IV,  Fig.  2,  are  means  of  series  of 
traverses  taken  on  12-in.  pipe,  the  individual  observations  being  three 
to  a  iJosition,  all  taken  within  a  jDeriod  of  20  seconds,  after  which  the 
instrument  was  moved,  thus  giving  a  position  every  30  seconds.  The 
location  was  in  straight  pipe,  about  30  ft.  down  stream  from  a  16  to 
12-in.  reducer,  which  was  10  ft.  down  stream  from  a  16  x  6-in.  cross. 
The  pipe  preceding  this  cross  was  ordinarily  straight,  and  16  ins.  in 
diameter  for  several  thousand  feet,  the  next  special  being  a  16  x  6-in. 
tee  about  250  ft.  up  stream.  These  traverses  would  seem  to  indicate  that 
the  effect  of  the  reducer,  if  any,  was  to  straighten  out  or  make  normal 
the  velocity  distribution,  if  the  cross  and  tee  mentioned  had  dis- 
torted it. 

When  these  traverses  were  made,  the  water  was  passed  through  a 
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12-in.  Venturi  meter  about  40  ft.  down  stream  from  the  diameter  of 
the  traverse.  The  discharge  was  measured  through  this  meter  simul- 
taneously with  the  tube  work,  by  attaching  one  of  the  mercury  gauges, 
described  under  "Differential  Gauges,"  to  the  up-stream  and  throat 
connections,  and  computing  the  discharge  from  the  observed  difference 
in  head,  which  was  read  every  30  seconds. 

The  results  were  as  follows,  Tube  No.  2  being  used: 

V  meter. 


Traverse. 

Mean  F  by  tube, 
feet  per  second. 

Mean  Fby  meter, 
feet  per  second. 

^=Mean  of  3 

1.063 

1.045 

B=     "      "  6 

2.565 

2.408 

C=      "      "  5 

4.148 

3.733 

I)=     -       "   6 

4.781 

4.487 

V  tube. 
0.983 
0.9.35 
0.900 
0.938 


Tube  No.  2  was  never  rated,  e.x;cept  by  this  com]3arison. 

Abnormal  Conditions:  Effect  of  Distortion  of  the  Velocity  Curve  vpon 
the  Discharge,  as  Pleasured  by  Pilot  Tube. SmaM  distortions  of  the  ve- 
locity curve  do  not  appear  to  seriously  affect  the  accuracy  of  a  discharge 
measurement  by  traversing  with  the  Pitot  tube,  although  they  will,  of 
course,  reduce  the  apparent  discharge  when  it  is  based  on  the  observa- 
tion of  the  velocity  at  the  center.  It  follows,  therefore,  that  when  the 
latter  method  is  used,  the  position  of  the  maximum  velocity  should  be 
established.  To  establish  this,  examinations  on  two  diameters  ap- 
jiroximately  at  right  angles  to  each  other  are  necessary,  at  least,  if  the 
maximum  velocity  is  eccentric.  So  far  as  the  present  investigation 
goes  it  indicates  that  when  the  velocity  is  found  to  be  a  maximum  at 
the  center  on  one  diameter  it  may  be  considered  so  on  all,  but  until 
traverses  are  made  on  the  second  diameter  where  the  distortions  are 
great,  this  cannot  be  positively  affirmed,  and  the  writers  would  not  feel 
warranted  in  advancing  it  as  a  proposition. 

Computations  of   discharges  from  the  traverses  taken  under  the 

excessive  distortion  observed  near  the  curves  do  not  correspond  with 

those  obtained  by  simultaneous  traverses  at  the  Leland  Street  location, 

V  V 

nor  does  the  ratio  -j^,  or  even   --.^"'      correspond  with  their  values  in 

K  ^'nuix. 

the  case  of  normal  distribution. 

Effect  of  Form  of  Tube:  The  Baling  Means  arid  Equations.— At  the 
end  of  Table  No.  3  are  given  the  co-ordinates  of  the  points  B,  C  and 
A  of  the  straight  line  deduced   from  the  rating  experiments  by  the 
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method  of  centers  of  gravity,  and  also  the  equations  of  these  lines. 
The  arithmetic  means  of  the  ratios  -^  are  also  given,  the  experiments 

marked  -with  an  asterisk  being  rejected  in  this  computation. 

It  will  be  observed  that  all  the  equations  involve  a  constant  i^rob- 
ably  produced  by  the  variation  of  the  maximum  velocity  from  the 
center  of  the  pipe.  The  i3lottings  of  the  rating  experiments  show 
eccentricities  in  the  loci  of  all  the  tubes  at  the  low  velocities,  and,  by 
omitting  from  the  compiitation  one  or  more  of  the  experiments 
included,  the  constants  could  be  reduced.  These  constants  are  not, 
in  the  opinion  of  the  writers,  to  any  great  extent,  due  to  errors  of 
observation,  but  rather,  as  indicated  above,  to  minor  changes  from 
the  general  law  of  distribution  within  the  j^ipe.  How  much  they  are 
influenced  by  the  form  of  the  tubes  is  an  unsolved  problem. 

The  differences  in  the  coeflBcients,  or  in  the  values  of  the  ratios 

-Y^,  are  evidently  due  in  the  main  to  the  form  of  the  tubes,  and, 
whether  the  effects  of  form  be  investigated  by  the  arithmetic  means  or 
by  the  line  equations,  similar  differences  appear  in  most  cases. 

Effect  of  Form  of  Tuhe:  Effect  of  the  Point. — When  the  tubes  have 
been  experimented  upon  with  the  triple  gauge  and  readings  on  the  cir- 
curnferential  or  ring  piezometer  observed,  it  is  possible  to  study  the 
effect  of  the  changes  in  the  point  separately  from  those  of  the  tube  as 
a  whole.  This  is  possible  with  Tubes  Nos.  3  and  6,  and  Tubes  C,  B 
and  E.     Table  No.  10  gives  the  exi^erimental  results: 

TABLE  No.  10. — Point  and  Ring  Ratios  and  Coefficients. 


Tube. 

i     ■ 

U          Vm          U 
COEF.    =    _  X   -^  =  ^  ^^ 

By  means. 

By  line. 

By  means. 

By  line. 

No.  3 

0.799 
0.784 
0.821 
0.874 
0.834 

0.797 
0.803 
0.801 
0.878 
0.834 

o'.9e8 

1.014 
1.079 
1.039 

0.983 

No.  6... 

0.992 

C 

0.989 

D 

1.084 

E 

1.029 

This  shows  a  range  of  more  than  12^  between  the  point  of  Tube 
No.  3  and  that  of  Tube  D.  The  jjoint  of  the  former  is  quite  similar  to 
that   used  by  Darcy,  who  considered  its  coefficient  as  ranging  from 
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0.875  to  1.057.  The  differences  in  the  foregoing  values  show  that  an 
assumption  of  unity  may  not  be,  in  all  cases,  within  the  limits  of  al- 
lowable error,  as  Tube  D  is  seen  to  give  a  result  9>%  too  small,  on 
this  assumption.  The  forms  of  the  points  are  well  shown  on  Plate  I 
and  Fig.  4.  The  effect  of  similarity  of  points  is  shown  by  a  compar- 
ison of  Tube  No.  3  with  Tube  No.  6,  and  Tube  C  with  Tube  E. 

Effect  of  Form  of  Tube:  Effect  of  the  Pressure  Orifices. — Having  con- 
sidered the  effect  of  the  point,  it  is  now  possible  to  arrive  at  some 
conclusion  regarding  the  remainder  of  the  tube,  by  an  examination  of 
the  experiments  on  point  and  jsressure  openings  which  have  been 
made  on  Tubes  Nos.  3,  5  and  6,  and  Tubes  C  and  D. 

TABLE  No.  11.— Point  and  Pressuke  Eatios  and  Coefficients. 


Tube. 

U 

COEF.   =    -^   X 

Vm            U 
V^         0.81  Fg 

By  means. 

By  line. 

By  means. 

By  line. 

No.  3 

0.729 
0.683 
0.693 
0.694 
0.684 

0.720 
0.700 
0.703 
0.6975 
0.713 

0.900 
0.843 

0.857 
0.85T 
0.843 

0  889 

No.  6 

0  864 

C           .               

0  868 

No.  5 

0.861 

D 

0.881 

Here,  it  is  seen  that  the  effect  of  the  remainder  of  the  tube  is 
in  some  cases  to  reverse  the  tendency  of  the  j)oint.  Thus,  Tube  No.  3, 
which  for  "Point  and  Tling  "  had  the  lowest  coefficient,  has  the 
highest  for  the  "  Point  and  Pressure,"  and  Tube  D,  which  had  a  coeffi- 
cient for  "Point  and  Ring  "  12^f^  higher  than  Tube  No.  3,  now  has  one 
nearly  l^o  lower.  It  appears,  therefore,  that  side  openings  located  as 
in  Tube  _D  will  increase  the  tube  reading  considerably,  and  thus  enable 
it  to  be  used  more  accurately  at  low  velocities.  Comparisons  of  the 
forms  of  Tubes  Nos.  6  and  5  and  Tube  C  are  less  reliable  because  of 
the  area  these  tubes  occupied  in  the  pipe,  which  is  shown  in  Fig.  4, 
although  the  effect  of  similarity  of  form  between  Tube  C  and  Tube  No. 
5  is  easily  apparent. 

Effect  of  Form  of  Tube:  Effect  of  the  Presetice  of  the  Tube  on  the  Dis- 
tribution of  Velocities. — It  might  easily  be  supposed  that  the  insertion  of 
a  large  tube  in  a  small  pipe  would  cause  the  water  to  rush  jsast  it  at  a 
higher  velocity  and,  therefore,  with  decreased  pressure,  so  that,  Avhile 
the  point  was  reading  the  normal  velocity,   the   pressure   openings 
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■would  read  low  and  the  apparent  velocity  would  be  increased.  From 
the  position  of  the  ring  openings,  more  than  f  in.  up  stream  from  the 
point,  it  seems  safe  to  conclude  that  this  effect  would  only  be  apparent 
on  the  side  openings  in  the  tube  itself,  and  the  first  conclusions  drawn 
from  the  rating  experiments,  when  a  coefficient  of  0.861  was  obtained 
for  Tube  No.  5,  were  in  conformity  with  this  siipposition,  for,  assum- 
ing the  rating  in  still  water,  which  gave  0.859,  to  be  reliable,  the  evi- 
dence seemed  to  be  strongly  in  its  favor.  An  examination  of  the 
distribution  of  the  velocities  shown  by  the  traverse  with  Tube  No.  5, 
in  comparison  with  those  made  with  other  tubes,  showed  clearly  that 
thei'e  was  a  large  effect  due  to  the  contracted  area,  and  when  the  pipe 
comparisons  on  30-in.    and  16-in.   pipe,  made  under  widely  varying 

conditions,   showed  the  ratio  of  Tube  No.  5  to  Tube  No.  3  to  be  as 

0  89 

-^-=^  and  this  was  checked  by  a  rating  of  Tube  C'in  a  5-in.  pipe  which 

gave  for  it  a  coefficient  for  Fof  0.80  and  for  H„  of  0.64,  and  a  compari- 
son between  Tube  No.  5  and  Tube  C  by  A,  its  duplicate,  in  the  30-in. 
pipe,  it  appeared  to  be  conclusive  that  the  effect  of  the  contraction  of 
ai'ea  was  the  opposite  of  that  supjoosed  above,  and  it  may  be  conjec- 
tured that  the  presence  of  the  tube  caused  a  division  of  the  stream 
with  the  maximum  velocity  away  from  the  sides  of  the  instrument. 

Efecf  of  Form  of  Tube:  The  Effect  of  Form  in  the  Tank  Ratings.— 
In  the  tank  ratings  the  effect  of  form  shows  itself  somewhat  differently 
than  in  the  pipe.  The  finer  Hnes  of  Tube  No.  3  permit  it  to  pass 
through  the  water  without  much  disturbance,  while  the  moi*e  "bluff" 
outlines  of  Tube  No.  6  seem  to  cause  a  body  of  water  to  be  swept 
ahead  of  it  and  perhaps  act  as  a  cushion  or  fender  to  the  effects  of  the 
impact  against  the  water  beyond.  This  does  not  mean  a  generation  of 
velocity  in  the  rating  trough,  necessarily,  but  simply  a  carrying  along 
of  a  small  mass  of  water  in  front  of  the  point. 

The  sinuous  line  of  Tube  No.  5  in  the  tank  rating  seems  to  be  ac- 
counted for  by  the  possible  generation  of  a  wave,  of  amplitude  varying 
with  the  velocity,  such  that  at  certain  speeds  its  direction  i^ast  the 
pressure  openings  causes  them  to  read  high  and  at  others  to  read  low. 

DiFFEKENTIAL    GaIIGES. 

Construction. 

Mercury    Differential    Gauges. — In    1894    two    differential    mercury 
gauges,  Nos.  1  and  2,  were  constructed  for  the  Engineering  Department 
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of  the  Detroit  Water- Works,  the  general  desigu  of  each  coBsisting  of 
a  glass  U-tube  of  i  in.  internal  diameter,  each  end  of  which  was  con- 
nected to  a  separate  |-in.  drawn-brass  tube  leading  down  the  back  of 
the  gauge  and  terminating  at  the  bottom  in  shut -off  cocks  and  coupling 
for  hose.  The  U-tubes  were  partly  filled  with  mercury,  and  the  press- 
ure was  communicated  to  the  tops  of  these  columns  by  the  water  in  the 
hose,  thence  up  through  the  tubes  on  the  back  of  the  gauge,  through 
the  top  connections  and  down  in  the  glass  tube.  As  the  U-tubes 
finally  were  broken  in  handhng,  and  were  found  expensive  and  diffi- 
cult to  replace,  the  gauges  *  were  rebuilt  in  1896,  as  shown  in  Plate 
V,  and  used  in  various  tests  and  experiments  during  1896-98. 
The  glass  tubes  have  an  inside  diameter  of  J  in.,  and  a  standard  vnth 
a  funnel  top  is  provided  at  one  side  to  enable  the  gauge  to  be  filled 
with  merciiry  without  disturbing  the  connections  at  the  toj)  of  the 
glass. 

A  by-pass  is  also  provided  near  and  below  the  main  shut-oflf  cocks, 
and  by  opening  this  equalizer  the  mercury  should  return  to  a  zero 
reading.  The  tripods  for  the  various  gauges  are  not  shown  on  any  of 
the  illustrations. 

Oil  Differential  Gauges. — For  measuring  the  losses  of  head  in  the 
experimental  lengths — except  on  the  12-in.  2  000-ft.  tangent — two 
special  difi"erential  gauges  were  used,  designated  as  Nos.  6  and  7,  each 
consisting  of  two  glass  tubes  ff  in.  internal  diameter,  and  36  ins.  long, 
mounted  upon  a  board  in  jjarallel  positions  about  3  ins.  apart,  as 
shown  on  Plate  V.  The  tops  were  connected  by  a  brass  casting 
having  a  vent  or  filling  opening  closed  by  a  cap.  At  the  bottom  a 
brass  casting  connected  each  tube  to  a  cock,  which  terminated  in  a 
coupling  for  the  attachment  of  hose.  A  scale,  graduated  to  inches 
and  tenths,  was  mounted  between  the  two  tubes. 

When  these  gauges  were  partly  filled  with  water,  the  vipper  part  of 
the  tubes  containing  air,  the  length  of  that  part  of  the  scale  between 
the  tops  of  the  two  water  columns  would  give  the  difference  of  head  at 
the  up  and  down-stream  sides  of  the  instrument,  directly,  which  could 
be  read,  under  the  conditions  of  the  experiments,  to  v^^.r  in. 

This  might  be  considered  highly  satisfactory  by  those  who  are  ac- 
customed to  the  use  of  Bourdon  gauges  or  mercury  columns,  but  could 

*  The  general  design  was  similar  to  the  one  built  and  used  by  E.  Kuichling,  M.  Am. 
See.  C.  E.,  and  described  by  him  in  his  valuable  paper,  '•  On  the  Loss  of  Head  Resulting 
from  the  Passage  of  Water  Through  a  24-In.  Stop  Valve,"  Transactions,  Am.  Soc.  C.  E., 
Vol.  xxvi.,  after  which  these  gauges  were  in  part  modeled. 
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liartlly  be  efficient  in  measnring  the  loss  of  head  in  25  ft.  of  30-in.  i^ipe 
at  velocities  of  less  than  1  ft.  per  second. 

To  increase  the  fineness  of  the  reading  of  the  instrument,  the  air  in 
the  upi^er  portion  of  the  tube  was  replaced  by  oil,  whereby  the  value 
of  one  division  of  the  scale  in  head  of  water  became  greatly  decreased. 
With  ordinary  kerosene  the  reading  of  the  scale  was  about  five  times, 
and  with  sperm  oil  about  nine  times,  the  head  of  water,  as  will  be  shown 
later. 

Kerosene,  gasoline  and  sperm  oil  were  tried  at  various  times  in 
these  exi3eriments,*  and  although  all  gave  good  results,  kerosene  was 
found  to  be  the  most  satisfactory,  for  the  following  reasons:  (1)  It 
evaporates  very  slowly;  (2)  it  does  not  destroy  rubber  hose  very 
quickly;  (3)  it  remains  perfectly  fluid  under  all  ordinary  conditions 
and  resj^onds  instantly  to  changes  in  pressure;  (4)  it  has  a  convenient 
specific  gravity;  (5)  it  will  not  explode  if  used  at  night  near 
lanterns;  and  (6)  it  can  be  obtained  anywhere. 

An  opening  with  a  cap  is  provided  at  the  toji  for  filling  with  oil  and 
allowing  the  escajje  of  air,  and  two  small  cocks  near  the  bottom  are 
used  for  blowing  out  the  air  in  the  hose,  or  part  of  the  oil,  if  found 
necessary.  Much  trouble  was  experienced  for  two  years  with  oil  leak- 
ing through  the  stuffing-boxes,  but  since  using  common  yellow  soap 
in  the  packing,  in  place  of  tallow,  no  leak  has  ever  been  observed.  It 
may  be  remarked  here  that  these  gauges  have  given  excellent  satisfac- 
tion under  various  conditions,  and  the  very  fact  that  they  are  easy  to 
observe,  there  being  ordinarily  no  vibration,  adds  greatly  to  the  value 
of  the  results  obtained.  They  can  also  be  so  constructed  as  to  indi- 
cate v/ith  great  accuracy  //,,  as  observed  with  Pitot  tubes  in  gas  or  air 
flues,  and,  by  properly  graduating  the  scale,  F„,,  in  gas  or  air,  can  be 
read  directly  at  any  time.  The  form  of  stufling-boxes  shown  is  not  the 
best,  and  on  these  or  any  other  gauges  no  valves  should  be  used 
which  are  not  of  approved  design  and  carefully  inspected.  More 
trouble  has  been  experienced  with  poorly  constructed  plug  cocks  in 
the  various  gauges  used  than  all  other  leaks  combined,  although  this 
form  of  valve  is  generally  preferable  to  any  other  style,  as  it  contains 
no  chamber  or  bonnet  which  may  retain  air. 

Cornell  Triple  Gauge. — This  gauge  is  similar  to  Nos.  6  and  7,  with 
the  exception  that  three  glass  tubes  24  ins.  long,  are  used  instead  of 

*  So  far  as  known  to  the  writers,  the  use  of  oil  in  this  manner  is  original  with  them. 
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two  36  ins.  long;  thus  permitting  pressure  differences  to  be  observed 
between  three  points  instead  of  two. 

Method  of  Conducting  Experiments. 

Apimratus :  Piezometers. — With  the  exception  of  the  four  special 
X^iezometer  castings  set  in  the  12-in.  line,  and  a  few  taps  horizontally  in 
the  side  of  the  16-in.  pipe  and  some  of  the30-in.  curves,  all  connections 
to  the  various  pipes  were  made  with  corporation  cocks  screwed  into  the 
top  of  the  main  as  nearly  at  right  angles  to  the  center  line  as  possible. 
On  the  30-in.  line  these  cocks  were  ^  in.  in  diameter,  the  hole  first  being 
drilled  from  the  inside,  normal  to  the  axis  of  the  pipe,  threaded  from 
the  outside,  and  painted  with  graphite  paint   or  red  lead  and  oil.     On 


^>4  Air  Cock 


the  12  and  16-iu.  lines,  g-in.  cocks  were  used,  the  inner  end  or  bottom 
being  plugged,  and  a  i-in.  hole  tapped  through  the  plug.  They  were 
inserted  with  a  tapping  machine.  No  difference  could  be  detected  in 
the  results  obtained  by  the  two  methods,  but  it  may  be  observed  that 
if  ijressures  are  very  low,  too  small  an  opening  will  not  allow  sufficient 
flow  through  the  lead  pijje  and  hose  to  remove  the  air. 

Apparatus:  Lead  Connections. — Nearly  all  piezometers,  except  those 
at  the  ends  of  the  2  000-ft.  tangents  on  the  12-in.  line,  were  connected 
to  the  side  of  the  road,  as  shown  in  Fig.  16,  with  l-m.  lead  pipe,  and 
provided  with  a  stop  and  waste  cock  and  a  riser  to  the  surface.     This 
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method  lias  j^roved  very  satisfactory  where  i^ipe  is  laid  in  streets  sub- 
ject to  more  or  less  travel.  In  a  few  cases,  where  the  cock  was  located 
in  a  gate-well,  no  lead  jaipe  was  required. 

Apparatus:  Air  Chambers. — The  first  operation  in  connecting  the  oil 
gauges  consisted  in  removing  the  cap  from  the  riser  at  the  side  of  the 
street  and  screwing  on  an  air  chamber  made  of  2-in  pipe.  The  air 
valve  at  the  top  was  opened  and  the  water  turned  on  by  the  stop  cock  on 
the  lead  connection.  As  soon  as  all  air  seemed  to  have  been  removed, 
the  necessary  amount  of  hose  was  attached  near  the  bottom  of  the  air 
chamber  and  water  turned  into  it  and  allowed  to  run  for  some  minutes, 
the  hose  being  violently  shaken  in  the  meantime  and  the  air  valve 
finally  closed.  It  is  impossible  to  say  just  hoAV  much  value  these  air 
chambers  have.  It  is  obvious  that  they  should  be  placed  at  the  street 
main,  but  as  this  could  not  be  done,  they  were  placed  as  close  to  it  as 
the  street  would  permit.  Air  chambers  were  used  in  all  experiments 
where  not  otherwise  stated. 

Apparatus:  Hose. — Two  sizes  of  hose  were  generally  used,  \-vtx.  and 
|-in.,  in  all,  several  hundred  feet.  This  hose  was  divided  into  50-ft. 
lengths,  and  all  couplings  were  threaded  alike  and  provided  with 
rubber  washers  to  allow  of  any  arrangement  of  lengths  and  obtain 
tight  joints.  It  was  thought,  perhaps,  that  different  sizes  or  unsymmet- 
rical  distribution  of  lengths  might  atfect  the  results,  but  a  careful 
investigation  of  readings  obtained  in  the  field  and  experiments  made 
while  calibrating  the  gauges,  gave  no  evidence  that  such  a  condition 
existed.  This  was  true  even  in  the  extreme  case  on  South  Street,  12- 
in.  line,  where  the  gauge  was  connected  to  1  000  ft.  of  |-in.  lead  pipe  on 
one  side  and  to  only  25  ft.  of  i-in.  lead  pipe  on  the  other.  In  connecting 
the  gauges,  however,  it  was  the  intention  to  have  the  same  length  of 
each  size  on  either  side  of  the  gauge,  and  in  but  few  instances,  was  this 
rule  disregarded.  Exijerience  seems  to  show  that  |-in.  hose  is  prefer- 
able to  ]-in.  hose  for  general  work,  because  it  is  easier  to  remove  all  air, 
as  a  higher  velocity  through  it  can  be  obtained  if  the  inlet  openings  are 
sufficiently  large,  and,  while  small  air  bubbles  will  fill  the  entire  cross- 
section  of  the  \-iu.  size,  the  same  bubble  would  give  a  clear  waterway  in 
the  |-in.  hose.  In  a  few  cases  5-in.  hose  was  used,  and  was  found  to 
work  as  well,  if  not  better,  than  the  |-in.  size,  but  it  is  not  as  easily 
carried  from  place  to  place,  and  is,  therefore,  not  as  well  adapted  to 
field  use. 
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Manipulations:  Connecting  Gauges. — The  gauge  was  usually  set  up 
about  midway  between  piezometers,  either  in  the  shade  of  a  tree,  a  build- 
ing, or  an  umbrella,  except  when  work  was  done  at  night.  "When  satis- 
fied that  the  hose  was  clear  of  air,  it  was  connected  to  the  gauge  and 
the  lower  valves  opened.  If  the  oil  had  been  used  for  some  time,  and 
its  line  of  contact  with  the  water  was  not  sharj?  and  well  defined,  the 
cap  at  the  top  of  the  gauge  was  removed  and  all  oil  blown  out.  The 
bottom  cocks  were  then  closed,  and  oil  fed  in  at  the  top  of  the  gauge 
through  a  funnel,  while  water  was  slowly  drawn  out  of  one  of  the 
waste  cocks  near  the  bottom.  "When  a  sufficient  quantity  of  oil  had 
been  introduced  into  the  gauge,  the  top  cap  was  screwed  on  and 
the  small  blow-off  cocks  closed;  the  bottom  valves  were  then  opened, 
and,  if  there  was  no  flow  through  the  main,  the  dividing  surface 
between  oil  and  water  in  both  tubes  should  stand  at  the  same 
level;  but  such  a  result  was  seldom  obtained,  although  the  devia- 
tion was  always  very  slight. 

There  appear  to  be  three  principal  reasons  for  the  gauges  not 
registering  zero: 

(1)  Small  leaks  anywhere,  or  even  "sweating"  joints,  are  sufficient 
to  give  a  slight  +  or  —  reading.  In  two  instances  a  minute  puncture 
was  found  in  the  hose,  but  in  all  cases,  all  joints  above  ground  were 
made  tight  and  every  precaution  taken  to  eliminate  this  error.  Leaks 
at  the  gauge  affect  the  readings  more  than  if  near  one  of  the  jjiezom- 
eters,  and  ax'e  of  more  importance  when  small  hose,  long  lengths  of 
hose,  or  small  piezometer  openings  are  used. 

(2)  A  second  reason  was  air  in  connections,  which  was,  however, 
removed  as  thoroughly  as  possible.  If  the  gauge  gave  readings 
apparently  in  error,  all  joints  were  carefully  examined  for  leaks,  and 
the  hose  disconnected  and  shaken  for  several  minutes  with  full  flow 
through  it  before  being  re-connected.  Air  bubbles  in  a  horizontal 
pipe  apparently  affect  the  results  much  less  than  if  the  same  is 
vertical. 

(8)  A  third  reason  is  a  different  temperature  of  water  in  the  connec- 
tions on  either  side  of  the  gauge,  as  when  one  hose  is  shaded  and  the 
other  exposed  to  the  sun;  especially  in  vertical  portions  of  the  connec- 
tion. This  error  could  not  be  entirely  eliminated  in  the  field,  especi- 
ally in  work  tlone  during  the  day  time. 

Before    taking  any  readings  with  the  mercury  gauges,  they  were 
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tried  witli  the  equalizer  open  to  ascertain  if  the  gauge  balanced  prop- 
erly. It  may  be  stated,  however,  that  it  is  doubtful  how  much  value 
an  arrangement  has  that  permits  equalizing  a  gauge  to  test  its 
returning  to  zero;  and  such  an  arrangement  is  not  attached  to  the 
oil  gauges.  As  a  matter  of  fact,  the  instrument  is  only  a  part  of 
the  apparatus,  for  the  tubes,  piezometers  and  other  connections 
should  also  be  included  in  the  test,  and,  in  order  to  try  the 
gauge  proj^erly,  after  being  connected,  it  should  be  read  with  a  con- 
dition of  "no  flow,"  when,  if  it  returns  to  a  level  position,  it  is  known 
that  the  entire  apparatus  is  working  satisfactorily.  Equalizing  the 
instrument  alone  is  sometimes  detrimental  to  the  results  obtained,  as 
readings  are  used  as  taken,  when  corrections  should  be  applied,  or 
they  should  be  rejected  altogether. 

Manipnlations  :  Observing  cmd  Recording. — All  differential  gauges 
were  read  once  every  30  seconds.  Those  containing  kerosene  were 
easily  read  to  the  nearest  0.05  in. — the  equivalent  of  about  0.00085  ft.  of 
water — and  all  calibrations  and  some  other  observations  were  taken  to 
the  nearest  0.01  in.,  the  scales  being  divided  into  inches  and  tenths  and 
numbered  U23  from  0  at  the  bottom.  The  observer  recorded  his  own 
readings,  which  Avere  timed  by  a  well-regulated  watch,  and  took  tem- 
perature readings  from  a  thermometer  attached  to  the  gauge. 

Two  men  were  required  with  the  mercury  gauge,  an  observer  and  a 
recorder,  and  as  there  was  frequently  considerable  vibration  in  the 
columns  of  mercury,  and  as  the  direction  of  movement  of  the  tops  of  the 
mercury  columns  must  necessarily,  at  the  same  moment,  be  in  opposite 
directions,  the  readings  of  the  two  columns  were  observed  simulta- 
neously at  one  extreme  and  then  at  the  other,  and  an  average  used  as 
an  observation.  The  scale  on  Gauge  No.  1  is  divided  into  inches  and 
tenths,  0  being  at  the  center,  the  numbers  reading  up  and  down  from 
this  ijoint;  all  below  the  0  marked  — ,  and  above  +.  This  manner  of 
dividing  gauge  scales  is  not  satisfactory,  as  the  sign  of  the  readings 
occasionally  confuses  the  observer,  or  is  omitted  from  the  notes.  A 
thermometer  was  attached  to  each  gauge,  and  it  was  intended  that  read- 
ings should  be  taken  every  10  minutes.  This  rule  was  strictly  adhered 
to  in  all  later  work,  with  both  oil  and  mercury  differential  gauges. 
The  effect  of  temperature  upon  the  observed  results  was  not  at  first 
fully  appreciated,  and  in  some  of  the  earlier  work  the  thermometer 
was  not  read  as  frequently  as  it  should  have  been. 
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The  calibrations  show  that  temperature  effects  must  not  be  neglected , 
and  in  making  reductions  the  temperature  has  been  interpolated  where 
not  actually  observed.  In  no  case,  however,  have  such  interpolated 
figures  been  published  in  the  log  of  exjDeriments  given,  withotit  calling 
special  attention  to  the  fact. 

CALIBRATION  OF  OIL 


Sp.  gr.  of  water. 

oil. 

"  p  =  "     "    "  air. 
.(1)  Dn-^qn  —  dn  =  qn  —  do-\-Dp 

(2)Dn  =  dH—do-i-Dp 

or 
(S) D)i—D2)=dn-  do 

(4)Z)  =  —^  or  D=l^  when  d  =1 

(5)from(3)    =  ^^^1=5^  or  d  _ ^ 

wlien.X>  =  l 

If  the  weight  of  air  Dp  is  neglected 
(4) becomes (6)  £>  =  '-^^  when  d=l 
(5)        "        (TKZ  =  ,-7^o      "      D  =  l 


Calibrations. 

Importance. — Few  of  the  operations  connected  with  experimental 
hydraulics  are  of  more  importance,  or  are  more  difficult  to  perform, 
than  the  careful  calibrations  of  the  instruments  used  in  the  observa- 
tions, and  few  have  been  neglected  as  much  in  the  past,  even  by  those 
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whose  experiments  will  he  the  foundation  of  imijortant  practical  for- 
mulas in  their  respective  lines  for  many  years  to  come. 

Fully  realizing  this,  some  of  the  first  work  carried  on  by  the  writers 
was  an  attempted  calibration  of  j^art  of  the  gauges,  and  from  that  time 
down  to  the  present  much  attention  has  been  given  this  subject,  it 
being  their  endeavor  to  apply  such  coefficients  to  the  field  notes  that 
the  final  results  obtained  might  be  as  near  the  true  ones  as  the  instru- 
ments described  and  time  and  resources  at  their  disposal  would  permit. 
Many  of  the  first  investigations  were  unsatisfactory,  but  the  ones 
given  are  those  api^lied  to  most  of  the  experiments;  in  a  few  cases, 
however,  where  it  seemed  possible  that  a  diflferent  rating  should  obtain, 
on  account  of  oil  of  diflferent  specific  gravity  being  used,  other  values 
were  adopted. 

Kerosene. — Attention  is  called  to  Fig.  17  for  a  proj^er  understanding 
of  the  principle  upon  which  the  oil  diflfereutial  gauge  works,  and  the 
method  adopted  for  its  calibration  with  kerosene. 

Gauges  Nos.  6  and  7  were  used,  one  suspended  above  the  other,  the 
lower  one  partly  filled  with  oil  and  the  uiajier  one  connected  to  it  and 
having  its  top  cap  removed.  The  remainder  of  the  lower  gauge,  the 
hose  and  the  top  gauge  were  filled  with  water,  and  great  care  was  taken  to 
have  no  air  in  either  of  the  gauges  or  connections.  In  this  condition 
the  columns  of  oil  should  stand  level.  Part  of  the  water  in  one  tube 
of  the  upper  gauge  was  then  drawn  out  through  the  small  cock  at  its 
bottom  until  Z)  =  1  in.  ±,  and  D  and  d  were  observed.  Another 
1  in.  ±  of  water  was  then  drawn  out,  and  D  and  (i  again  observed,  and 
so  on  until  about  one-half  of  the  water  in  the  upper  gauge  had  been 
removed,  when,  in  a  like  manner,  it  would  be  lowered  in  the  other  tube 
until  the  water  near  the  bottom  of  the  upper  gauge  read  level,  and  the 
oil  in  the  lower  gauge  should  have  returned  to  zero. 

Eleven  observations  were  usually  made,  and  the  temperature  of  the 
water  was  taken  as  drawn  from  the  uj^per  gauge.  Many  series  of 
observations  have  been  taken  in  this  manner  with  oils  of  various 
specific  gravities,  and  in  Table  No.  12  are  shown  the  results  obtained 
from  one  such  calibration,  every  reading  being  taken  by  two  observers, 

each  Avithoiit  reference  to  the  other.     Column  13  gives  the  value  of  -=- 

as  finally  corrected,  and  Column  14  its  variations  from  this  one  calibra- 
tion, the  air  2)^9  not  being  considered. 
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In  Table  No.  13  are  given  the  results  obtained  in  11  series  of  cali- 
brations (No.  11  being  the  one  given  in  detail  in  Table  No.  12),  the 
ones  marked  ' '  diverging  "  being  the  readings  obtained  when  D  was 
increased  and  "converging"  when  D  was  diminished. 

It  was  thought  that  the  eflPect  of  D  getting  larger  and  then  smaller 
might  be  apparent  in  the  results — which  are  shown  in  Fig.  18,  where 

CALIBRATION  OF  OIL  GAUGE   No.  7,   FILLED  WITH  KEROSENE  AND  WATER, 
SHOWING   EFFECT  OF  CHANGES  IN  TEMPERATURE. 
®  Observations  taken  with  Columns  Separating-, 
o  -I'  .1  ..  .1        Converging. 
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Fig.  18. 

all  readings  are  plotted, — and  for  this  reason  readings  were  taken  at 
1  in.  zt,  2  ins.  ±,  3  ins.  ±,  etc.,  instead  of  only  at  5  ins.  ±.  Column  42 

gives  the  average  results  of  -j^  derived   from  the  readings  with  D  at 

3  ins.  ±,  4  ins.  ±,  and  5  ins.  ±.     It  is  to  be  borne  in  mind  that  the 
results  presented  in  this  table  and  obtained  by  the  foregoing  calibra- 


82 


EXPERIMENTS   ON"    FLOW   OF    WATER   IN"    PIPES. 


i-*ocDao*?o;UT'*^coto^ 


f  ^TJOJ     £-i-j  K) 


}OOC°OIMCBCTC 


'  b»  o 'ji  CO  "nj  cs  b 'c.  is 

^o*^^o^-'laoc;Oll-' 


^iiiailMii  ^i^= 


sss^ggggsas  g'^5  i? 


Kl  CO  CO  CO  CO  CO  c 


5*.OOfOOCX05-! 


g^SggSfeSgS 


gssgigssssSE^S   g-^^  S 


JO  JO  M  H- ►^  tS  K.  to  tC  ►- 

cncoo»**aioo5Ui^?o5 


■iisieiiiii! 


5Dl-'l-'O5t0i-'»C:  OSCOOI    IS-.T    W 


O  I-' h-' I-' "  h-i  t- "  o  >- 

toi 

iSgogooog^o 

•^s 

feSSSSS^.ggg 

iggsil^S 


tol^" 


oooooo   o   oo 


;8g888  8  88 


oooooo   o   oo 

8S§888  8  88 


S"   » 

b  ""^ 
II 
bla. 


•    ooocoooooo        o 

i  SS8'8SS8S8S__1_ 


OOOOOOOOOO  a.       jj 


ooogoggogo 


^ggggJSgSSS    &.4« 


^L 


gg8gSSgg_gS 


.  3D  oi  k)  '*>■  '3:  'i«i  '00 1*;  I:; 
3-3tooo:a5-«Oi3:0 


3Cn-iC^*.cnoi^5  0iO-;j      08.05 
5 -} -3  to  to  ai  CO  c;»  ^^  a- ^-      ^'     -^ 

s  k^  rf^  o  "  >-' c  en  o  c 


2S'^g§g8i§gS2 


5Di£l»eD!0«DCDCCtt5CD 


::i2§g^g3gS^S    g-.^S 


gggSgg^gJJiS 


30-301  ococo-?to-i  z! 

2  OT  O  O  .4- O  Ol  CO  to  Ol 


^§§Sg3£JgS£ 


:i2J2ggg 


<!  -3  -3  -J  O:        P  M     l-l 

»  CO  tt  CO  ttJ       Jj-  ra    g. 


sgggggggk     •"  3 


^  CO  CO  ?o  o^  ooo^  o         a, 
bi  en  bo 't- 'o  "to  CO '-3  i-- 'h-i 
coococotocoosoo 


^  05 -3  ^ -J -3  00  00 -3  oo -3        ^|        « 

coocmli^c;»it>cn-3cocoo  I  ^^ 


"     --  I 


cncncn^.cnc^'Otoicncn 


:  oogggoooog 


■s 


blag 


EXPERIMENTS    ON"    FLOW    OF   WATER   IN    PIPES. 


83 


tions,  are  affected  by  the  presence  of  tlie  air  Dp  which  does  not  exist  in 
the  field  observations.  A  correction,  therefore,  should  be  apj)lied  to 
eliminate  this  factor  before  using  them  with  such  data.  It  was  not 
deemed  advisable  to  include  the  readings  taken  with  D  at  1  in.  ±  and  2 
ins.  ±,  owing  to  the  effect  of  observation  errors. 

As  it  was  impossible,  with  the  ai3paratus  used,  to  get  the  necessary 
range  in  temperatures  to  cover  all  the  experiments,  the  specific  gravity 
of  the  kerosene  was  observed  with  an  oil  hydrometer,  and,  near  the 
bottom  of  Fig.  19,  the  readings  thus  taken  are  shown  with  their  re- 
sj)ective  temjjeratures,  and  the  average  computed  line. 

TABLE  No.  14. — Tempeeatdke  Keduction  Curve. 


It  was  very  difficult,  with  the  hydrometer  used,  to  obtain  the  actual 
specific  gravity,  as  the  angle  that  the  oil  makes  with  the  glass  is  very 
obtuse,  but  by  always  holding  an  incandescent  light  at  the  same  angle 
outside  of  the  glass  vessel  containing  the  liquid,  and  below  its  surface, 
and  always  observing  from  the  same  point  above  this  surface,  very  close 
relative  readings  could  be  taken.  A  comparison  is  made,  in  Table  No. 
14,  between  the  average  line  obtained  from  the  hydrometer  readings 
and  the  results  of  the  average  calibrations  from  Table  No.  13,  and  the 
latter  are  found  to  average  0.1803  in  excess  of  the  former.  In  Table 
No.  15,  from  the  specific  gravity  of  water,  and  that  of  the  oil,  as  found 
by  the  hydrometer,  the  value  of  2),— Column  5,— is  given  when  the  air 
D  p  is  taken  into  consideration,  and  Column  6  when  it  is  not.     As  this 
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aix  does  not  exist  in  field  observations,  0.1803  is  added  to  ^  in  Column 

6,  tlie  result,  Column  7,  giving  j,  for  1  in.  of  water  at  60°,  which  is 
the  coefficient  api^lied  to  most  of  the  field  readings.  Fig.  19  shows 
graphically  the  operation  just  described,  the  dotted  lines  taking  into 
account  the  air  D  p,  and  the  full  lines  omitting  this. 

CALIBRATION  OF  KEROSENE  OIL; 


-n-P 

•  =  Gauge  Observatious 


90°     Fahr.    100'' 


Gasoline. — In  a  manner  similar  to  that  described  under  the  kero- 
sene calibrations,  the  specific  gravity  of  gasoline  was  observed  with  a 
hydrometer  and  plotted  in  Fig.  20.  Previous  to  this — September  19th, 
1898 — four  calibrations  were  made  with  the  differential  gauges  on  the 
gasoline  used  on  the  12-in.  and  16-in.  lines,  and  are  as  follows  : 
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T.  680  Fahr 3.440 

3.514 

T.  67°  Fiihr 3.506 

3.457 

4)13.917 

T.  67io  Fahr 3.4792  =  "^^-^^ 

71  O 

Using  the  rate  of  change  per  degree,  as  found  by  the  hydrometer 
and  the  actual  calibrations  as  given  above,  Table  No.  16  was  con- 
structed, with  no  allowance  made  for  the  air  Dp. 

TABLE  No.  15.- — Kekosene  CAiirBKATioNS. 


Temp.  Fahr. 

ii 

ii 

From  Columns 
(3),  (3)  and  (4). 

5r+ 

3    ^u 

N-P 

N-0 

N 
N-0 

11  §1 
1  "B 

(1) 
40° 

(3) 
0.7955 
0.7917 
0.7879 

(3) 
1.00092 
1 .00068 
1.00000 

(4) 
0.00127 
0.00125 
0.00123 

(5) 
4.8654 
4.7824 
4.7090 

(6) 
4.8725 
4.7884 
4.7147 

C) 

5.0528 

4.9687 

4.8950 
4.8879 
4.8809 
4.8740 
4.8671 
4.8604 
4.8537 
4.8471 
4.8406 
4.8341 
4.8277 
4.8213 
4.8150 
4.8088 
4.8026 
4.7964 
4.7903 
4.7842 
4.7782 
4.7723 
4.7665 
4.7608 
4.7553 
4.7497 
4.7443 
4.7390 
4.7338 
4.7285 
4.7233 
4.7183 
4.7131 
4.7080 
4.7031 

4:6934 
4.6887 
4.6841 
4.6795 
4.6750 
4.6706 
4.6663 

(8) 
0.96875. 

50° 

60° 

1  00000 

61° 

1  00143- 

62° 

1.00285 

64° 

1  00568, 

65° 

1.00708 

66° 

67° 



1  00986 

68° 

1.0112S 

69° 

70° 

0.7840 

0.99695 

0.00120 

4.6413 

4.6474 

1  01394 

71° 

1  01529- 

72° 

1  01664 

73° 

1  01798 

74° 

75° 

76° 



1  02194 

77° 

78° 

1  02450- 

7S° 

1  02574 

80° 

0.7801 

0.99763 

0.00118 

4.5809 

4.5862 

1  02696. 

81° 

82° 

83° 



1.03059 

84° 

85° 

1  03394 

86° 

1  03409 

87° 

88° 



89° 

1  03748 

90° 

0.7763 

0.99603 

0.00116 

4.5377 

4.5339 

1  03859' 

91° 

1  0396* 

1  0407& 

93° 

94° 

95° 1 

1  0439T 

96°::::....:::::: ::::::::::::::: 

97° 1 

98° 

1  0470'' 

99° 

1  04802 

100° 

0.7725 

0.99410 

0.00114 

4.4809 

4.4860 
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TABLE  No.  16. — Gasoline  Calibkations. 


Specific 
Gravity. 

lin. 
Wa- 
ter. 
D  = 
N-P 
N-0 

T.. 
Fahr. 

Specific 
Gravity. 

lin. 
Wa- 
ter. 
Z)  = 
N—P 
N-0 

3.5560 
3.5500 
3.5440 

Fahr. 

Specific 
Gravity. 

lin. 

Fahr. 

II 

r 

II 
1 

^    II 
1 

II 

•S. 

•30 

II 

r 

! 

1  . 

r 

Wa- 
ter. 
D  = 
N-P 
N-0 

(1) 
40° 

1.00089 

(3) 
0.72647 

(4) 
.3.6470 
3  6408 

(1» 
.54° 

(3) 

(3) 

(1) 

(3) 

(3) 

(4) 
3  4760 

41°     . 

55° 

69° 

3  4705 

42°... 

70°... 
71° 

0.99893 

0.71057 

3.4650 

4:i°... 

3.6259 

3:6135 
3.6068 
3.6001 
3.5934 
3.4867 
3.5800 
3.5740 
3.5680 
3.5620 

57° 

3.5380 
3.5320 
3.5260 
3.5200 
3.5145 
3.5090 
3.5035 
3.4980 
3.4925 
3.4870 
3.4815 

3  4598 

44°..- 

58°... 

72°... 

3.4546 

45° . . . 

59° 

73°.. 

3.4494 

46°... 

60°... 
61° 

i  06660  o.7i.w 

■ 

3.4442 

47°... 

75° 

3  4400 

48°... 

62°   . 

76°... 

3.4338 

49°... 

77° 

3.4286 

50°... 

1.00067 

0.72117 

64'' 

78° 

3  42.34 

51°... 

65° . . . 

79°... 

3.4182 

E2°  .. 

66° 

80°... 

0.99767 

0.70527 

3.4130 

53°... 

67° 
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TABLE  No.  17. — Calibbations  of  Speem  Oil. 


Temperature, 

d 

IN  Degrees, 

J-  Inches  S 
1  In.,  \^ 

PERM  FOR 

Date. 

Fahrenheit. 

/•ater. 

Air. 

Water. 

Readings. 

Average. 

1898. 

July  18.. 

81 

8.635 

8:688-  f 

Gauge   had    stood   since  morning   7 

"     18.. 

80^ 

8.74 

hours  in  draught  in  office. 

"     19.. 

76 

8.908 

In  cellar  7  hours. 

*'     19.. 

76^ 

8.840 

8.840 

Same  oil  as  above. 

"     19.. 

77 

8.772 

"     21.. 

71 

8.930 

Standing  in  basement  since  last  cali- 
bration. 

"     31.. 

?1^ 

8.792 

8.7915 

Same  oil  specks. 

"     21.. 

8.716 

'•     21.. 

72 

8.728 

"     25.. 

74 



8.783 

Very  careful. 

"     25.. 

76^ 

8.824 

8.8i6 

" 

"     25.. 

77 

Aug.    6.. 

721^ 

8.95 



"       6.. 

72^ 

8.928 

8.939 

Gauge  probably  refilled  during  fol- 
lowing experiment. 

"      10.. 

68 

8.884 

Same  as  preceding  observations  on 
Brady  tangent. 

"     10.. 

70 



8.884 

8.8893 

"      10.. 

70 

8.900 

«*i- 

67 

8.993 

67 

8.90 

8.9465 

Apr.  21.. 

35 

11.257? 

Calibrated  out  doors. 

Sept.  17.. 

67^ 

8.814 

"     17.. 

67M 

8.821 



1899. 

Mar.    9.. 

84 

52-61 

8.612 

Air  had  been  at  70°  for  3i  hours;  water 
had  been  i  hour  from  tap. 

"     10.. 

80 

79 

8.57 

Air  for  4  hours  80° ;  water  not  changed, 
and  new  water  added,  heated  to  79°. 

'•     11.. 

60-60 

61 

9.05 

Room  open  all    night;     calibrations 

with  window  open. 
From  10  to  10.80  temperature  of  air 

"     11.. 

71-70 

63-64 

8.7626 

was  measured  from  62°  to  70°. 

Sperm  Oil.  — Comparatively  few  field  observations  were  made  with 
sperm  oil,  and  part  of  those  were  of  such  a  nature  that  relative  rather 
than  actual  results  were  sought.  The  object  of  its  use  was  to  obtain  (by 
reason  of  its  greater  specific  gravity,  which  approaches  nearly  to  that 
of  water  itself,  so  that  Hj.  in  water  is  therefore  greatly  multiplied  in 
the  oil  readings)  more  precise  results  than  were  possible  with  kerosene 
or  gasoline.  Although  it  may  be  used  to  advantage  in  the  laboratory, 
it  was  discontinued  in  the  field  because  it  came  to  rest  too  slowly. 

Twenty-five  calibrations  have  been  made,  at  various  times  and 
temperatures,  which,  as  observed,  are  presented  in  Fig.  21,  but  no 
table  has  been  prepared  giving  values  for  each  degree  of  temperature. 

The  first  twenty  of  these  calibrations,  and  those  of  kerosene  in 
1898,  were  made  by  using  two  reservoirs  made  from  2-in.  iron  pipes 
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carefully  turned  off  at  their  tops  in  a  lathe,  fastened  in  jjarallel 
positions  on  a  board,  and  having  a  common  inlet  and  separate  outlets 
at  the  bottom,  any  or  all  of  Avhich  could  be  shut  off.  The  gauge  to  be 
calibrated  was  connected  to  the  outlets  of  the  two  reservoirs.  The  zero 
was  obtained  by  equalizing  the  columns  when  the  two  reservoirs  were 
level  and  the  water  flowing  freely  over  the  tops  of  each,  and  these 
brought  to  rest  by  shutting  off  the  inlet.  The  difference  in  head  was 
then  obtained  by  lowering  the  water  in  one  reservoir  and  measuring 
its  fall  by  a  float  consisting  of  a  glass  test  tube  loaded  with  shot  and 
carrying  a  scale  which  was  read  across  a  straight-edge.  The  results 
would  evidently  be  less  accurate  than  those  obtained  by  the  method 
used  with  kerosene,  already  described. 
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Fig.  21. 
Mercury. — In  the  autumn  of  1897  arrangements  were  made  for  cali- 
brating the  mercury  that  had  been  used  previously  in  the  various  ex- 
periments. Gauge  No.  1  was  connected  with  a  |-in.  hose,  which  was 
led  to  the  outside  of  the  building  and  attached  to  a  J-in.  glass  tube 
about  4  ft.  long  fastened  vertically  to  the  wall.  "Water  was  supplied 
through  a  hose  from  a  second-story  basin  tap,  and  the  corresponding 
heads  of  mercury  in  the  gauge  recorded  for  various  heights  of  water 
in  the  glass  tube. 

Difficulty  was  encountered,  however,  as  (1)  no  way  was  provided 
for  balancing  the  mercury  columns  with  two  columns  of  water  reading 
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zero,  and  thereby  in-oving  that  the  entire  apparatus  was  in  perfect 
working  order,  although  when  the  equalizer  on  the  gauge  was  applied, 
a  reading  of  nearly  zero  was  generally  obtained;  (2)  the  water  as  re- 
ceived from  the  tap  contained  large  numbers  of  minute  air  bubbles, 
which  were  supposed  to  settle  out  in  the  glass  tube  before  readings 
were  taken. 

In  all,  twenty-two  series  were  taken,  when  it  was  found  that  the 
general  average  of  the  results  obtained  gave  the  mercury  experimented 
upon  a  specific  gravity  2%  above  that  of  pure  mercury.     It  was  then 

CALIBRATION  OF   MERCURY 


Let  n=  Sp.  gr.  of  water. 
"   m=  "     "    "  mercury. 
"   p=  "     '*    "  air 

(1)  D)k+  qn=clm+qn—dn-^Dp 

[2)  Dn  —  Dp^cJm  —  dn. 

If  the  weight  of  air  Dp  is  neglected 
{8)Dn  =  dm  —  dn 

let  d  =  l"  as  observed. 

jD»=  7)1— )i=  Equivalent  of  l"  mercury 

in  inches  head  of  water  at  D 


Fig.  22. 
too  late  in  the  fall  to  continue  the  experiments,  and,  since  then,  it  has 
not  been  thought  necessary  to  construct  new  apparatus. 

In  January,  1901,  the  mercury  which  had  been  used  was  divided 
into  two  sam^Dles  and  tested  in  the  exjierimental  dejiartment  of  the 
laboratory  of  Parke,  Davis  &  Co.,  at  Detroit,  and  the  specific  gravity 
of  each  at  60°  Fahr.  found  to  be  13.571,  which  value  has  been  used  for 
reducing  the  mercury  gauge  observations. 

Fig.  22  shows  the  principle  by  which  mercury  indicates  the  differ- 
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euce,  Dn,  in  pressure  between  two  columns  of  water.  As  the  air,  Dp, 
does  not  exist  in  actual  field  practice,  Equation  (3)  shows  the  equiva- 
lent of  1  in.  of  mercury  at  d,  in  inches  of  water  at  D,  and  variations  in 
the  diameters  of  the  tiibes  will  not  change  the  ratios  here  given.  The 
cubical  expansion  of  mercury  is  taken  as  0.0001  per  degree  Fahrenheit, 
and  in  Table  No.  18  are  given  the  values  of  D  for  1  in.  of  mercury  at 
cl  for  each  degree  of  temjierature. 

TABLE  No.  18. — Mekcuky  Calibeations. 


Specific 
Gravity. 

1  in. 
Mer- 
cury 

M—N. 

Fahr. 

Specific 
Gravity. 

lin. 
Mer- 
cury 

d  = 

M-N. 

T., 
Fahr. 

Specific 
Gravity. 

1  in. 

Fahr. 

II 

II 

t; 

1 

II 

r 

II 

II 

r 

Mer- 
cury 

d  = 
M-N. 

S 

(3) 

(3) 

(4t) 
12.59851 
12.59711 
12.59583 
12.59455 
12.59327 
12.59199 
12.59071 
12.58943 
12.58815 
12.58687 
12.58559 

(1) 

50°.. 

51°.. 

(3) 

13.585 

(3) 
1.00067 

(4) 
12.58433 
12.58297 
12.58164 
12.58041 
12.57898 
12.57765 
12.57632 
12.57499 
12.57366 
12.57233 
12.57100 

^61^ 

(3) 

(3) 

(4-) 
12  56971 

40».. 

13.598 

1.00089 

62° 

12  56842 

41».. 

52° 

63° 

12.56713 

42°.. 

53° 

64° 

12  58584 

43».. 

54°.. 

65°   . 

12.50455 

44".. 

55° 

66° 

12  56326 

45°.. 

56° 

67° 

13.56197 

46°.. 

57°.. 

68°.. 



12.56068 

47°.. 

58°.. 

69° 

48°.. 

59° 

70°.. 

13.557 

0.99893 

12  55810 

49°.. 

60°.. 

13.571 

1.00000 

Reduction  of   Observations. 
Correction  for   Diaineter. — In  order  to  reduce  observed  results  in 
the  same  nominal  size  of  pii^e  to  the  same  basis  of  comparison,  a 
correction  should  be  made  for  variations  in  diameter,  and  is  determined 
as  follows : 

Let  d   =  diameter  of  standard  pipe  ; 
f?,  =  diameter  of  any  other  pipe  ; 
a   =  area  of  pipe  of  diameter  d ; 
aj  =  area  of  pipe  of  diameter  d^  ; 
V    =  velocity  in  pipe  of  diameter  d ; 
-r,  =  velocity  in  pipe  of  diameter  d^  ; 

Hj  =  frictional  loss  in  j)ipes  of  diameter  d,  of  unit  length  : 
h^  =  frictional  loss  in  pipes  of  diameter  d^,  of  unit  length  ; 
Q  =  constant  discharge  for  all  diameters  ; 

(^  1 
''    =T    I 

[  =  hydraulic  radius  ; 

-=11 
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unit  length  =  I 


(Chezy  formula.) 


^        unit  length  =  I 

Q  =  a  V  =  a  cy  rs 
Q  =  cii  v^  =  ail  c^Vfi  ^ 
Assume,  for  small  changes  of  diameter,  c  =  q,  then 
«i  V^'i  §1  =  a  -v/r.s  ; 
but  a  =  7t  y-^J 

therefore,  ^  \2  )   Vrs  =  7t  \~2  )   V  ^  s. 

Substituting  for  r  and  s,  and  reducing, 

d'  Hj  =  d/  h^ 
or. 

From  the  last  equation  it  is  seen  that  the  frictional  loss  in  pipes 
is  inversely  proportional  to  the  fifth  power  of  their  diameters,  when  c  is 
constant,  not  otherwise;  from  which  it  follows  that,  for  a  constant  loss 
of  head,  Q  <x  Vd^-  Owing  to  the  method  of  derivation,  this  relation 
between  Q  and  d  is  true  only  for  conditions  in  which  the  value  of 
c  in  the  Chezy  formula  remains  constant. 

Thirty-Inch  Cast-Ikon  Pipe. 
Description  of  Line. 

Condiliom.— The  line  of  30-in.  pipe  experimented  upon  (Fig.  23)  is 
situated  about  4  miles  from  the  pumping  station,  and  is  about  1  mile 
in  length.  It  was  laid  in  1896-97.  The  route  was  selected  to  conform 
approximately  to  a  contour  line  50  ft.  above  the  mean  surface  of  the 
Detroit  River,  and,  at  the  same  time,  avoid  jaaved  streets  as  much  as 
possible. 

The  line  thus  located  contained  ten  90^  turns,  alternately  to  the 
right  and  left. 

The  maximum  depth  of  cover  was  7  ft  ,  and  the  minimum  depth  3 
ft.  10  ins.,  the  pipe  being  laid  on  ^  level  grade. 
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Surveys. — An  accurate  transit  line  was  run  over  the  route  selected, 
before  construction  was  commenced,  and  all  points  of  intersection 
were  carefully  set  and  preserved  during  the  work.  The  pipe  was  laid 
as  nearly  on  these  lines  as  could  be  done  with  the  eye,  it  being  possible 
to  obtain  as  accurate  alignment  for  water  pipe  between  certain  points 
as  for  railway  tracks,  if  the  same  care  be  taken.  All  horizontal  meas- 
urements were  made  with  a  new  100-ft.  steel  tajDe  of  the  best  quality, 
which  was  not  broken  or  repaired  during  the  entire  work;  no  other 
tape  was  used.  All  angles  exiserimented  upon  were  made  exactly  90°, 
the  very  slight  deviation  therefrom  being  provided  for  in  the  joints  at 
the  junction  of  the  30-in.  and  42-in.  lines  beyond  the  last  section  experi- 
mented upon. 

It  was  decided  to  lay  curves  of  different  radii,  and  to  make  pro- 
vision for  observing  the  loss  of  head  in  each.  The  pipe  line  as  com- 
pleted is  shown  in  Fig.  23,  and  the  net  lengths  of  tangents  and  curves 
are  as  shown  in  Table  No.  19,  and  the  characteristics  of  it  are  presented 
in  Table  No.  21. 

TABLE  No.  19. 


Scott  St.  tangent* 

90°— compound  curve. . . . .  ] 
Orleans  St.  tangent 

90°— compound  curve 

Hale  St.  tangent 

90°-60-ft.  radius  curve. . . . 
Rlopelle  St.  tangent 

90° — 40-f t.  radius  curve 

Rowena  St.  tangent 

90°— 25-ft.  radius  curve 

Russell  St.  tangent 

90°  small  compound  curve. 
Brady  St.  tangent 

90° — 15-ft.  radius  curve 

Rivard  St.  tangent 

90°— 10-f  t.  radius  curve . . . . 
Alexandrine  St.  tangent 

90°— 6-ft.  radius  curve 

Alley  tangent 


Total  length 5  195 


*The  total  length  of  Scott  St.  tangent,  laid  in  1880,  is  1  991.3  ft.,  more  or  less,  of  which 
only  12.42  ft.  are  included  in  experimental  vrork,  this  length  being  relaid. 

Levels. — To  establish  bench-marks,  a  line  of  precise  levels  was  run 

from  U.  S.  B.  M.  "Detroit,"  at  the  foot  of  Mt.  Elliott  Avenue,  to  and 

along  the  proposed  route,  returning  to  the  place  of  beginning,  a  total 

distance  of  7  miles,  with  a  closing  error  of  0.031  ft.     After  the  pipe 

was  laid  and   the  joints   caulked,  but  before   covering,  levels  were 

taken  on  the  top  of  each  individual  piece  of  pipe,  curve,  or  special 

casting,  near  the  spigot  end.     For  this  purpose  a  15-ft.  self-reading 

level  rod  was  used. 
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In  all,  481  elevations  were  taken  on  the  pipe,  the  maxinmm 
elevation  being  621.30,  and  the  minimum  620.78  ft.,  above  mean  tide  in 
New  York  Harbor,  making  the  difference  in  elevation  between  the 
highest  and  lowest  points  0.52  ft.  For  the  variation  in  elevation 
existing  in  any  one  exj^erimental  section,  attention  is  called  to  Column 
10,  Table  No.  21.  As  great  care  was  taken  in  laying,  there  is  only  a  very 
slight  difference  of  elevation  between  any  two  consecutive  lengths. 

Diameter  of  Pipe. — The  diameter  of  each  12-ft.  length  of  pipe  was 
measured  in  eight  places,  the  measurements  being  taken  in  pairs  at 
right  angles  to  each  other,  at  each  end,  and  at  a  distance  in  from  each 
end  as  far  as  could  be  conveniently  reached  (usually  about  12  ins.)  and 
read.  For  this  j^urpose  a  2-ft.  two-fold,  boxwood  rule,  having  a 
12-in.  brass  caliper  sliding  in  one  leg,  and  graduated  to  inches  and 
sixteenths  was  used. 

The  open  rule  was  firmly  grasped  near  the  center  and  one  end 
placed  against  the  pij^e,  when  the  slide  could  be  extended  by  a  move- 
ment of  the  thiimb  and  slightly  waved  to  find  the  greatest  diameter, 
where  it  was  read  without  removing.  In  this  manner,  diameters  could 
be  taken  quite  rapidly,  one  man  calipering  and  another  recording. 
Curves,  short  pieces  of  pipe,  and  special  castings  were  also  calipered. 
In  all,  more  than  3  600  diameters  were  measured.  Table  No.  20  shows 
the  method  of  keeping  the  notes. 

TABLE  No.  20. 


No.  of 
pipe. 


181 
140 


Length. 


13  ft.  2  i 
12  "  2 
12  •'  2 


Spigot 

Bkll 

Weiglit. 

1 

End. 

Dist. 

Diam. 

End. 

Dist. 

Diam. 

t 

30 
30 

Il2 

180 
(30 

29f 

29}i 

jl2 

IS!i 

1    3725 

30 
30 

|12 

IK 

29^i 
29^3 

[12 

Sft 

!  ^^0^ 

i« 

12 

l§SS 

jl2 

iS 

1    3520 

Somewhat  uneven. 


Columns  5,  6  and  7  of  Table  No.  21  give  the  mean,  maximum  and 
minimum  diameters  for  each  section  experimented  uison.  The  mean 
diameter  is  that  used  in  all  computations. 

Description  of  Pipe.— ^he  pipe  used  in  the  construction  of  the  Hue 
was  ordinary  cast-iron  water  pipe.  The  straight  pipe  was  cast  to  con- 
form as  nearly  as  possible  with  the  dimensions  shown  in  Fig.  24,  the 
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weiglit  averaging  aboiit  3  750  lbs.  for  each  12-ft.  length.  After  being 
thoroughly  cleaned,  each  pipe  Avas  heated  over  a  fire  in  a  closed  apart- 
ment to  about  350°  Fahr. ,  and  was  then  dipped  in  coal-tar  and  allowed 
to  remain  about  one  minute,  after  which  it  was  removed  and  allowed  to 
cool.  It  was  then  subjected  to  a  water  pressure  of  200  lbs.  per  square 
inch.  The  interiors  of  the  finished  pipe  were  quite  smooth,  the  coating 
having  a  glassy  or  shiny  appearance. 

The  design  for  the  bells  of  curves  was  the  same  as  for  straight  pipe, 
the  body  of  the  curve  having  a  thickness  of  |  in.  After  being 
thoroughly  cleaned,  they  were  painted  with  two  coats  of  graphite 
paint.     The  6  and  15-ft.  radius  curves  were  not  as  smooth  as  ordinary 
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Inside  Diameter  30  ins. 
Fig.  24. 

pipe,  and,  although  dressed  off  fairly  well,  still  contained  many  rough 
spots.  One  of  the  6-ft.  radius  curves  showed  a  crack  during  the  test  in 
the  ditch,  but  was  repaired  with  two  wrought-iron  bands.  Two  15-ft. 
radius  curves  were  condemned  on  the  ground  because  of  blow-holes 
and  replaced  with  smoother  ones.  The  25  and  90-ft.  radius  curves  were 
somewhat  better,  but  were  rougher  than  common  pipe.  The  10  and 
60-ft.  radius  curves  were  good  castings,  and  were  fully  as  smooth  as 
the  ordinary  pipe,  while  the  40-ft.  curves  were  still  better.  One  form 
of  roughness,  chiefly  apparent  in  the  90-ft.  radius  curves,  was  caused 
by  the  contraction  of  the  cores  between  the  core  ribs,  thus  forming 
depressions,  in   rings  about    re  in-    deep,  extending  for   about    120° 
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aroimcl  the  pipe.     These  depressions  were  from  6  to  8  ins.  aj^art,  but 
had  no  abruj^t  or  well-defined  edges. 

After  the  line  had  been  in  use  a  few  days,  the  sixth  piece  in  the 
60-ft.  radius  curve  cracked  near  the  bell,  and  was  repaired  by  cutting 
out  and  sleeving  in  18  ins.  of 
straight  pipe. 

The  radius  of  the  curves 
was  checked  by  a  series  of 
measurements  from  the  chord , 
as  shown  in  Fig.  25,  and  the  ^''^^^^  /\ 

interior  side  comj)ared  with  '  ^^fc-.  X/ 

a  template.      The   variation  ^^      // 

from  the  designed  radius  was  yy 

never  found  to  be  sufficient  Fig.  25. 

to  affect  one  of  these  measurements  |  in.,  therefore  no  corrections 
have  been  made  for  it. 

Pipe  Laying. — Pipe  laying  was  begun  in  October,  1896,  and  com- 
pleted in  January,  1897.  The  soil  is  a  yellow  clay,  well  drained.  The 
trench  was  usually  4  ft.  wide  on  top  (in  a  few  cases  5  ft.),  and  was  first 
excavated  nearly  to  grade,  stakes  were  set  approximately  25  ft.  apart 
near  the  top  of  the  trench,  levels  were  taken  on  top  of  them  and  the 
cutting  calculated  for  each  stake.  As  fast  as  necessary,  stakes  were 
set  by  the  foreman  in  the  bottom  of  the  ditch  at  the  proper  eleva- 
tion for  the  bottom  of  the  pipe.  By  means  of  these,  a  15-ft.  straight- 
edge and  a  hand-level,  the  bottom  was  dressed  up,  bell-holes  were 
dug,  and  the  pipe  lowered  to  its  proper  elevation.  Either  one  or 
two  derricks  were  used,  in  any  case  great  care  being  taken  to  lower 
the  pipe  gently,  but,  if  it  became  necessary,  blocks  of  different  thick- 
nesses were  placed  under  the  pipes  to  bring  them  to  their  proper  eleva- 
tion. The  joints,  which  were  all  made  in  the  trench,  were  i^acked  with 
hemp,  leaving  a  sjaace  about  1\  ins.  in  depth  for  lead,  which  was  run 
in  and  caulked.  Small  sewers  and  water  pipes  were  the  only  obstruc- 
tions met,  and  these  were  either  raised  or  lowered,  as  circumstances 
permitted.  All  pipes  and  curves  were  tested*  in  the  open  ditch, 
before  covering,  for  2  hours  with  a  pressure  of  80  lbs.  per  square  inch, 
and,  in  order  to  allow  back-filling  to  proceed  as  rapidly  as  possible, 

*  The  testing  of  all  pipe  in  the  open  ditch,  to  a  pressure  at  least  twice  as  great  as  it 
IS  expected  to  bear,  is  a  practice  introduced  in  these  works  in  1893  by  one  of  the  writers, 
and  applied  to  all  pipe  laid  since  that  time. 
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testing  boxes  were  placed  where  needed.  After  being  used,  but  before 
covering,  a  2-ft.  length  of  30-in.  pipe  was  adjusted  in  the  testing  box, 
(Fig.  26),  in  line  with  the  pipe  in  either  direction  and  concrete  packed 
around  it  before  bolting  on  the  cover.  The  frictional  loss  in  the 
testing  boxes  should  not,  therefore,  exceed  that  of  an  equal  amount  of 
straight  pipe. 

All  gates  used  on  this  line  were  made  by  the  Michigan  Brass  and 
Iron  Works,  and  are  their  standard,  parallel  face,  30-in.  horizontal 
pattern.  The  disc  is  made  in  halves,  which  are  forced  apart  by  wedges 
when  nearly  in  position,  to  seat.     When  open,  the  disc  was  generally 
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flush  with  the  seats,  and  only  in  one  or  two  cases  did  the  end  of  the 
stems  project  into  the  clear  opening  when  the  gate  was  open,  and 
then  about  1  in.  All  gates  were  operated  before  laying.  A  4-in.  by- 
pass, set  horizontally,  and  operated  with  a  hand  wheel,  is  placed  over 
the  gate,  and  during  the  experiments  these  were  open  except  when 
closed  to  make  a  shiit-off". 

Bloiv-Offs.- — In  the  design  of  the  work  blow-oflfs  were  provided  for 
draining  the  sections  of  line  between  each  pair  of  gates,  each  being- 
connected  to  the  sewer.  Two  of  these  blow-oflfs,  being  those  draining 
the  last  two  sections,  were  arranged  with  special  nozzles,  one  of  9.216 
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ins.  diameter  and  the  other  7.215  ins.  These  nozzles  were  tapered 
and  were  turned  ont  and  carefully  calipered.  They  were  set  to  dis- 
charge into  sewers  in  such  a  way  that  it  was  hoped  they  might  be  used 
to  measure  the  flow,  bxxt  a  few  trials  immediately  after  construction 
showed  the  discharge  to  be  somewhat  obstructed,  and  as,  in  addition  to 
the  resulting  uncertainty,  it  would  be  impossible  to  supply  any 
territory  through  the  line  during  experiment,  these  blow-offs  were  not 
used,  as  first  intended,  to  measure  the  water,  but  simply  to  cause  such 
velocities  as  were  desired  in  the  pipe  during  the  exi^eriments.  The 
larger  blow-off  was  at  the  extremity  of  the  new  line,  and  the  smaller 
one  in  the  middle  of  the  tangent  between  the  10  and  6-ft.  radius 
curves. 

Piezometer  Connections.- — For  experimental  purposes,  the  line  was 
divided  into  22  lengths,  as  given  in  detail  in  Table  No.  21.  In  order  to 
compare  results,  enough  tangent  was  included  with  each  curve  to 
make  the  total  length  of  section  200  ft. ,  measured  on  the  axis  of  the  pipe, 
the  remainders  of  the  tangents  having  odd  lengths.  The  curves  were 
divided  into  two  jjarts  of  45°  each  ;  the  length  of  curved  pipe  was 
computed,  and  a  sufficient  length  of  tangent  added  to  make  100  ft.  on 
either  side  of  the  center  of  curvature. 

After  the  tangents  were  laid,  but  before  the  curves  were  put  in,  the 
correct  computed  distance,  depending  upon  the  radius  of  curvature, 
was  carefully  measured  from  the  point  of  intersection  of  the  tangents, 
and  marked  on  the  inside  of  the  pipe.  At  each  point  so  marked  a  ^-in. 
hole  was  drilled  in  the  top  of  the  pipe  by  hand,  from  the  inside,  the 
drill  being  held  in  a  vertical  position,  point  up,  by  a  special  saddle, 
leveled  with  a  spirit  level.  In  this  manner  a  sharp  square  edge  on  the 
inner  surface  Avas  obtained. 

Each  hole  was  threaded  from  the  outside  and  a  |-in.  Payne  tapping- 
machine  cock  inserted  and  screwed  down.  The  driller  remained  on  the 
inside  of  the  pipe  to  be  assured  that  the  cock  did  not  project,  and  also 
to  carefully  paint  the  exposed  surface  of  the  iron.  A  J-in.  lead  con- 
nection was  carried  from  the  cock  to  a  point  within  the  curb  and  pro- 
vided with  a  stop  and  waste  cock,  cast-iron  box  and  wrought-iron  stand 
pipe  for  hose  connection  ;  all  as  shown  in  Fig.  16. 

In  a  few  places  the  ^-in.  lead  pipe  was  carried  into  a  gate-well,  or 
the  cock  came  within  a  well  and  required  no  lead  pipe. 

In  addition  to  the  vertical  piezometers  at  the  ends  of  each  section. 
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taps  were  made  from  the  inside  on  the  horizontal  diameter  of  the  6,  10, 
15-ft.  and  small  compound  curves,  at  an  angle  of  55°  from  the  beginning 
of  the  curve,  measured  in  the  direction  of  flow.  These  cocks  were  level 
with  the  center  of  the  pipe  and  opjjosite  each  other. 

Experiments  of  1898. 

Conditions. — The  hrst  experiments  were  made  during  the  summer 
of  1898,  the  general  plan  of  operation  being  to  first  close  all  side  gates 
along  the  line,  thus  insuring  an  equal  flow  through  its  entire  length. 
Differential  Gauges  Nos.  6  and  7  were  then  observed  simultaneously 
on  difi^ereut  sections  to  obtain  the  relative  resistances  in  each,  while 
the  velocities  were  varied  as  desired,  and  measured  by  Pitot  tubes 
either  on  the  center  or  by  traversing. 

A  majority  of  the  experiments  was  conducted  at  night,  in  order  to 
obtain,  as  nearly  as  possible,  uniform  temperature  conditions  as  well 
as  the  greater  range  in  velocities  permissible  at  night,  when  domestic 
consumption  was  at  a  minimum. 

Preliminary  Series. — In  the  preliminary  investigations,  which  are 
presented  in  Table  No.  22,  Experiments  1  to  43,  observations  were 
taken  with  practically  constant  flow  at  two  velocities,  the  lower  being 
that  obtained  when  only  the  Canfleld  blow-ofi"  was  open,  and  the  higher 
that  with  both  the  Canfield  and  the  Hastings  blow-oflfs  open.  The  latter 
condition  j^roduced  nearly  the  same  velocity  in  every  case,  but  the 
former  showed  some  variation  between  difi'erent  dates,  although  fairly 
uniform  for  several  hours  during  one  set  of  exjaeriments.  The  first 
experiments  were  made  on  May  30th,  1898,  when  Gauge  No.  7  was 
connected  to  the  two  extremities  of  the  second  long  compound  curve 
section  and  Gauge  No.  6  to  those  of  the  60- ft.  radius  curve  section,  the 
Canfleld  blow-oflf  being  open.  The  losses  in  both  curve  sections,  200 
it.  long,  were  observed  for  a  considerable  period,  simultaneously,  with 
water  and  air  in  the  gauges,  the  loss  of  head  being  obtained  directly 
in  inches  of  water  (Experiments  1,  2  and  3),  after  which  the  air  in  both 
gauges  was  replaced  by  kerosene  and  the  observations  continued.  On 
moving  Gauge  No.  7  to  the  40-ft.  radius  curve  for  comparison  with  the 
60-ft.  radius  curve,  it  developed  a  leak  and  had  to  be  discarded  for  the 
remainder  of  the  day,  and  Gauge  No.  6  was  then  moved  from  the  60-ft. 
radius  curve,  first  to  the  25- ft.  radius  and  then  to  the  small  compound 
curve,    the  flow  through  the  line  remaining  as  nearly  constant  as  the 
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changes  in  the  consumption  of  the  city  would  permit.  It  was  intended  to 
observe  these  variations  of  velocity  by  the  Pitot  tube,  but  the  point 
selected  for  observing  with  this  instrument  proved  to  be  one  where  the 
velocities  were  highly  distorted,  and  hence  it  was  not  considered  safe  to 
rely  upon  their  indications.  These  experiments,  Nos.  1  to  15,  showed 
that  the  resistance  in  200  ft.  of  pipe  decreased  as  the  radius  of  the  curve 
at  its  center  decreased,  although  the  amount  of  decrease  was  somewhat 
indefinite,  by  reason  of  the  small  variation  of  flow  from  changes  of 
consumption.  Further  observations  were  made  on  the  night  of  June 
7th  and  8th,  when  the  40-ft.,  15- ft.  and  10-ft.  radius  curve  sections  and 
the  Brady  tangent  were  experimented  upon  at  two  velocities,  and  the 
velocities  were  measured  by  traverses  with  Tube  No.  3  at  Hastings 
Street  and  Alexandrine  Avenue.  On  the  night  of  June  llth  and  12th 
the  Brady  tangent  and  all  the  curve  sections,  except  the  first  long 
compound  were  observed,  and  all  but  the  6-ft.  radius  curve  at  two 
velocities.  Pitot  tube  measurements  of  velocity  were  made  as  on  the 
previous  night.  In  the  experiments  of  these  two  nights  the  gauges 
were  set  up  on  adjacent  sections  to  be  investigated,  and  were  moved 
alternately  past  each  other  to  the  end  of  the  line,  the  velocity  remain- 
ing unchanged.  On  the  last  pair  of  curves,  after  the  lower  velocity 
had  been  observed,  the  Hastings  blow-ofl^  was  opened,  and  the  sections 
similarly  observed  for  the  increased  velocity.  In  this  manner  each 
curve  section  was  compared  by  simultaneous  observations  with  those 
next  preceding  and  following  it.  While  the  reductions  of  these 
experiments  give  evidence  of  some  erroneous  observations,  mainly  due 
to  the  presence  of  air  in  the  connecting  hose,  the  series,  as  a  w"hole, 
shows  conclusively  that  for  the  two  velocities  in  question,  the  least 
resistance  is  in  the  short-radius  curves  and  the  greatest  in  the  longest 
radius  curves. 

The  Secmid  Series. — These  results,  however,  were  so  contrary  to  ac- 
cepted theory  and  practice  that  a  more  comprehensive  and  more  accur- 
ate series  of  experiments  was  conducted  covering  several  different 
velocities  which  were  measured  by  means  of  the  Pitot  tubes,  the  data 
of  which  comprise  the  second  portion  of  Table  No.  22,  numbered  from 
44  to  253,  inclusive. 

The  readings  observed  were  plotted  with  the  times  as  abscissas  and 
the  gauge  readings  as  ordinates;  from  this  graphical  log,  periods  of 
varying  lengths  were  selected  during  which  the  velocities  remained 
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apparently  constant,  and  then  the  readings  were  averaged  for  each 
period.  Plate  VI  is  a  fair  sample  of  one  of  the  logs  thus  obtained, 
and  Table  No.  22  gives  all  averages  obtained,  with  the  date,  temjjera- 
ture  (where  observed)  and  the  condition  of  blow-off  gate. 

Redtidions:  Value  of  n. — The  most  simple  form  of  expressing 
mathematically  the  relation  between  the  loss  of  head,  Hj,  and  the 
velocity,  V,  whether  in  a  jiipe  or  open  channel,  is  /T^  =  m  F"  -f-  ^»  which 
is  an  equation  applicable  to  any  plane  locus.  If  the  locus  passes 
through  the  origin  of  co-ordinates,  i.  e  ,  if  for  V  =  0,  H^  =  0, 
the  term  represented  by  h  disappears,  and  the  equation  becomes 
Hf  =  m  V",  in  which,  if  ^n  and  7i  be  determined,  there  is  afforded  all  the 
information  necessary  to  compute  the  discharge  or  loss  of  head  in  the 
pipes,  or  the  coefficients  in  the  Chezy,  Kutter  or  any  other  flow 
formula.  The  writers  have,  therefore,  adopted  this  simple  expression 
as  the  fundamental  form  for  use  in  their  reductions.  If  all  errors  are 
eliminated  from  the  work,  it  is  assumed  that  H^  =  m  V",  or,  for 
logarithmic  jilotting  by  the  ordinary  method,  log.  H^  —  n  log.  F-f 
log.  m. 

To  determine  the  value  of  n,  the  series  taken  on  the  night  of 
August  20th  and  2ist,  1898,  comparing  Hf  on  Section  XIII,  15-ft.  radius 
curve,  with  Tube  No.  5,  on  the  center  at  Hastings  and  Alexandrine, 
has  been  selected  as  the  one  least  likely  to  contain  errors  of  any  kind. 

TABLE  No.  23.— August  20th  and  21st,  1898. 


74°  Fahr. 

Gaue:e  No. 6, 

15-rt. 

radius. 

Kerosene. 

Log. 
Column  1. 

Tube  No.  5. 
On  center  Hast- 
ings and  Alexan- 
drine;  blow-ofE 
operated  at 
Canfield. 

y  Column  3. 

Mean  Vel. 
Column  4. 
X  1.462* 

Log. 
Column  5. 

(1) 

(3) 

(3) 

-  (4) 

(•"') 

(6) 

2.310 

0.364 

0.60350 

0.777 

1.185974 

0.055 

3.267 

0.514 

0.83214 

0.912 

1.333344 

0.125 

4.823 

1 .25800 

1.121 

1.638902 

0.215 

6.403 

0.806 

1.72800 

1.311 

1.916682 

0.283 

8.586 

0.934 

2.34050 

1 ,529 

2.235398 

0.349 

10.636 

1.027 

2.76440 

1  662 

2.429844 

0.386 

12.562 

1.099 

3.,S4500 

1.829 

2.673998 

0.427 

12.600 

1.100 

3.38000 

1.839 

2.688618 

0.430 

14.865 

1.172 

3.96900 

1.990 

2.909380 

0.464 

16.800 

1.225 

4.44160 

2.107 

3.080434 

0.489 

17..539 

1.244 

4.65160 

2.156 

3.152072 

0.499 

.       19.394 

1.288 

5.24700 

2.290 

3.347980 

0.525 

18.224 

1.260 

4.87500 

2.208 

3.228096 

0.509 

*From  rating  of  Tube  No.  5  (0.75)  and  the  ratio  of  Vc  to  Vm  (0.84),  the  multiplier  to 
reduce  the  square  root  of  reading  on  center  observed  with  Tube  No.  5,  to  true  "mean 
velocity  is  1.462. 
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The  observations  and  necessary  reductions  are  given  in  Table  No. 
23,  and  the  iDlotted  results  in  Fig.  27,  from  which  the  value  of  n  is 
found  to  be  1.98. 

The  value  of  n  is  so  nearly  2  that  it  may  be  said,  without  material 
error,  that  Hj  oc  F",  but  V^  ^1  gJi;  therefore,  for  purposes  of  com- 
parison, it  may  be  safely  assumed  that  H,,  <x  H^.  The  values  of  H^  and 
Hj,  (Table  No.  23)  are  plotted  in  Fig.  28  and,  as  near  as  the  eye  can 
judge,  the  locus  is  a  straight  line. 

Redi(dioi>s:  The  Straight-Line  Metliod. — If  a  series  of  points  plotted 
in  this  manner  falls  in  a  straight  line  which  passes  through  the  origin,. 
n  will  equal  2.  If  the  straight  line  of  points  does  not  pass  through 
the  origin,  its  equation  becomes  y  =  a  x  ±  b,  and  when  plotted 
logarithmically  a  curve  will  result.  For  small  values  of  zb  ft  the 
curvature  is  so  slight  as  to  be  not  easily  detected,  and  is  usually  over- 
looked, although  it  may  be  sufficient  to  cause  a  considerable  variation 
in  the  second  decimal  place  of  the  value  of  n. 

In  the  1898  experiments  the  How  of  water  through  the  pipe  line 
was  never  completely  stopped.  Therefore,  no  observations  were 
made  to  determine  the  initial  error  (±  h)  which  is  generally  present  in 
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dififereBtial  gauge  readings  itnder  a  conclition  of  no  flow,  as  shown  in 
later  work.  Such  an  error  may  have  existed  in  the  series  selected, 
and,  if  such  was  the  case,  the  average  line  should  be  moved  parallel 
to  itself  until  it  passes  through  the  origin,  and  the  value  of  n  would 
then  be  2  instead  of  1.98  as  found.  It  is  thus  seen  that  the  value  1.98 
is  a  limiting  rather  than  an  actual  value,  and  that  the  true  value 
probably  a^jproaches  2. 

The  straight-line  method  of  reduction  has  the  great  advantage  of 
eliminating  all  initial  errors  which  may  exist,  for,  if  H^,  a  Hi-,  the 
average  line,  representing  observed  points,  should  pass  through  the 
origin,  and  if  it  fails  to  do  so  its  distance  from  the  origin  rejiresents 
the  initial  error,  which,  however,  does  not  afiect  the  slope  of  the  line. 

It  will  be  shown,  later,  that  initial  errors  do  exist  and  must  be 
eliminated  in  order  to  reach  correct  conclusions.  For  these  reasons, 
and  because  of  the  ease  of  its  application  to  Pitot  tube  readings,  which 
are  observed  in  velocity  he'ad  (Hj),  the  straight-line  method  has  been 
adopted  in  reducing  all  30-in.  data.  The  average  straight  line  is 
computed  by  first  obtaining  the  average  or  center  of  gravity  of  all 
accepted  points,  thus  dividing  the  series  of  points  into  two  parts,  an 
ujjper  and  a  lower.  The  center  of  gravity  of  each  portion  is  then 
found,  and  the  three  points  thus  computed  will  fall  in  a  straight  line 
if  no  errors  have  been  made  in  computations.  From  the  co-ordinates 
of  these  points  the  equation  of  the  average  hue  is  computed.  This 
method  of  averaging  has  been  used  by  the  writers  in  a  large  number  of 
experiments,  and  is  mtich  more  satisfactory  than  the  method  of 
averaging  by  eye  with  the  aid  of  a  fine  thread.  It  involves  much  less 
labor  than  the  method  of  least  squares,  and,  Avith  the  exception  that 
it  does  not  give  the  probable  error,  is  fully  as  satisfactory  for  straight- 
line  loci.* 

RetlucHmis:  Diaf/rams. — The   observations   given  in    Table  No.    22 

have  not  all  been  used  in  the  reductions  here  given,  but  are  published 

as  taken  in  the  course  of  the  experiments.     Figs.  27  to  44  inclusive, 

show  the  series  which  have  been  selected  by  the  writers,  from  their 

familiarity  with  all  the  conditions,  as  least  likely  to  contain  error,  and 

as  adajited  to  show  without  exaggeration  the  phenomena  investigated. 

The  diagrams  are  generally  self-explanatory,  and  illustrate  at  a  glance 

the  accuracy  of  the  observations  plotted. 

♦This  method  of  reduction  is  further  discussed  in  the  paper  "A  Study  in 
Hydraulics,"  by  one  of  the  writeis,  in  The  Journal  ot  the  Asscciatiun  of  Enaineerinq 
Societies,  March.  1901. 


120  EXPERIMENTS   ON   FLOW    OF   WATER    IN    PIPES. 

Without  entering  into  a  detailed  description  of  each  diagram,  the 
equations  obtained  from  them  are  summarized  in  Table  No.  24, 
Columns  1,  2  and  3. 

Reductions:  Belutive  Equations. — In  order  to  reduce  all  results  to 
the  same  basis  for  comparison,  the  equations  obtained  from  the 
diagrams  are  combined  to  obtain  the  ratio  of  H,,  in  each  experimental 
section,  to  H^  simultaneously  observed  in  the  Brady  Street  tangerit. 
The  results  are  shown  in  Columns  4  to  9  inclusive.  Column  8  gives  the 
multiplier  to  reduce  Hy  in  the  Brady  Street  tangent  to  H,  in  the 
corresponding  section  of  pipe  as  observed  without  correction  for 
length.  Column  9  shows  the  results  corrected  to  a  uniform  length  of 
200  ft.  There  is  no  api^arent  inherent  cause  for  the  increase  in 
frictional  resistance  in  the  Hale,  Eowena,  and  Brady  Street  tangents, 
respectively,  for  these  three  tangents  contain  no  sisecial  castings  ;  the 
average  diameters  are  so  nearly  aHke  that  the  variation  may  be  neg- 
lected; and  they  are  located  relatively  the  same  with  respect  to  curves. 

The  i^resence  of  specials  in  the  North  Eivard  Street  tangent  evidently 
causes  a  considerable  increase  in  the  frictional  resistance,  and  the 
East  Alexandrine  Street  tangent  corresponds  very  closely  to  the 
Brady  Street  tangent.  The  results  again  persistently  show  that  the 
curves  of  long  radius  offer  more  resistance  to  the  flow  of  water  than 
the  ciirves  of  short  radius.  Some  of  the  curve  sections,  how^ever, 
contain  gates  atd  sjiecial  castings  which,  as  the  results  on  North  Rivard 
Street  tangent  prove,  have  an  appreciable  effect.  This  fact,  together 
with  the  unaccountable  increase  in  resistance  between  the  first  three 
tangents,  made  it  seem  to  the  writers  desirable  to  extend  the  investiga- 
tions further,  and  no  general  deductions  will  be  made  until  the  experi- 
ments which  follow  have  been  described. 

Experiments  of  1899. 

Conditions. — All  expei'iments  made  in  June,  1899,  were  conducted 
in  the  day  time.  Instruments  can  be  more  easily  connected  and  read 
by  daylight  than  at  night,  and  the  presence  of  leaks  or  air  in  the  con- 
nections is  more  likely  to  be  detected,  but  day  work  has  the  disadvantage 
of  greater  variation  in  temi^erature,  and  in  this  case  it  was  not 
possible  to  obtain  as  high  velocities  as  in  the  previous  experiments 
which  were  conducted  at  night.  The  line  was  thoroughly  flushed  to 
remove  sediment  before  beginning  experiments. 
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Plan  of  Work. — Gauges  Nos.  6  and  7  were  filled  with  kerosene  and 
water,  the  oil  being  of  the  same  grade,  taken  from  a  gallon  can  which 
was  filled  before  beginning  the  work,  and  was  sufficient  in  quantity  to 
allow  the  gauges  to  be  refilled  several  times  during  the  experiments, 
and  afterward  to  be  calibrated.  Each  day.  Gauge  No.  7  was  placed  on 
the  Brady  tangent  and  was  read  and  recorded  every  30  seconds,  from 
the  time  of  beginning  in  the  morning  until  the  closing  down  at  night, 
excej^t  for  a  short  time  for  lunch.  Likewise,  Pitot  Tube  No.  6,  with 
Gauge  No.  5,  filled  with  air  and  water,  was  set  at  an  angle  of  45^  with 
the  vertical,  with  the  i^oint  at  the  center  of  the  30-in.  pipe,  2.83  ft. 
east  of  the  30-iu.  gate,  and  in  the  gate-well  at  Alexandrine  and 
Hastings  Streets,  and  was  read  and  recorded  every  30  seconds  from 
about  9.00  A.  M.  until  about  4.30  p.  m.  except  for  a  short  intermission 
for  dinner. 

Differential  Gauge  No.  6  was  moved  about  from  section  to  sec- 
tion, and,  in  the  course  of  the  work,  covered  all  the  curves  and  tan- 
gents from  the  beginning  to  the  end  of  the  line,  excej^t  the  Brady 
tangent,  on  which  Oil  Gauge  No.  7  was  located.  Owing  to  the  fact 
that  the  main  was  supplying  the  north  and  northwestern  parts  of  the 
city,  and  that  the  work  was  being  carried  on  in  hot  weather,  when  the 
demand  for  water  was  great,  it  was  impossible  to  close  down  the  line 
except  for  a  few  minutes;  and,  during  that  interval,  the  affected  part  of 
the  city  was  supplied,  through  small  pipes  and  from  adjacent  mains,  with 
a  limited  quantity  of  water  at  a  reduced  head.  The  cooler  of  a  brewery 
located  at  the  corner  of  Alexandrine  and  Hastings  Streets  could  be 
observed,  and,  as  long  as  sufficient  pressure  existed  in  the  side  lines  to 
supi^ly  that  mth  plenty  of  water  when  the  30-in.  pipe  was  shut  off,  it 
could  remain  closed. 

The  different  velocities  of  flow  through  the  30-in.. pipe  were  regu- 
lated and  maintained  by  manipulating  the  42-in.  gate  and  its  8-iu. 
by-pass  on  the  east  side  of  St.  Antoine  Street  at  Canfield  Avenue,  and 
by  wasting  into  the  sewer  through  the  12-in.  blow-off  at  the  alley  east 
of  St.  Antoine  Street  and  Canfield  Avenue. 

The  work  required  the  services  of  at  least  seven  men.  Each  morning 
the  watches  were  set  alike,  and  comparisons  Avere  made  before  leaving- 
at  night.  Whenever  it  was  possible,  Oil  Gauges  Nos.  6  and  7  Avere 
kept  shaded  either  in  the  shadow  of  a  tree  or  building,  or  under  an 
umbrella,  and  a  thermometer  was  attached  to  each  and  read  at  intervals 
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of  from  5  to  10  minutes.  Air  chambers  witli  double  liose  connections 
were  used  on  the  Brady  tangent  when  Oil  Gauge  No.  6  was  set  on  the 
curve  at  either  end,  and  on  June  21st,  when  using  Oil  Gauge  No.  6,  on 
the  West  Alexandrine  tangent  an  extra  air  chamber  was  used  at  Hastings 
Street,  in  order  not  to  interfere  with  the  street  car  service.  This 
chamber  was  set  on  the  railway  tracks,  and  was  provided  Avith  an 
air-cock,  and  two  hose  connections  with  shut-off  valves.  "When  a  car 
was  seen  approaching,  both  valves  were  closed,  and  the  short  piece  of 
hose  which  crossed  the  track  was  disconnected  and  carried  clear  of 
it.  After  the  car  had  ^jassed,  the  hose  Avas  reconnected,  its  valve 
opened  into  the  air  chamber,  and  air  allowed  to  escape  through  the 
aii'-cock.  The  air-cock  was  then  closed  and  the  valve  leading  to  Oil 
Gauge  No.  6  opened.  During  the  observations  on  this  tangent  the  con- 
nection Avas  broken  twenty  times  to  allow  cars  to  pass  and  only  three 
readings  at  30  seconds  intervals  Avere  omitted  in  the  entire  series. 

The  hose  used  on  each  side  of  Oil  Gauge  No.  7,  on  the  Brady  tan- 
gent, consisted  of  50  ft.  of  J-in.  hose  connected  to  the  air  chamber, 
then  50  ft.  of  |-in.  hose,  then  23  ft.  of  J-in.  hose  connected  to  the  gauge. 
On  each  side  of  Oil  Gaiige  No.  6,  Avhen  used  on  the  curves  or  short  tan- 
gents, 25  ft.  of  |-in.  hose  was  connected  to  the  air  chamber,  then  50  ft. 
of  |-in.  hose,  then  50  ft.  of  |-iu.  hose  to  the  gauge.  On  the  longer 
tangents  additional  50-ft.  lengths  of  J  and  |-in.  hose  were  added  to  give 
the  required  lengih,  care  being  taken  to  keep  the  gauge  as  nearly  as 
possible  midway  betAveen  the  air  chambers. 

Table  No.  25  gives  an  outline  of  the  experiments  conducted. 
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TABLE  No.  26. 


June  13th,  1899. 


Brady  St.  Tangent,  213.25  ft. 
Gauge  No.  7,  kerosene  and  water. 


Orleans  and  Scott,  Comp.  curve, 

162.25  ft. 
Gauge  No.  6,  kerosene  and  water. 


Pitot  Tube  No.  6,  Gauge 

No.  5.    On  center  at 

Alexandrine  and  Hastings. 
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June  13th,  1899.— Orleans  Street  Tangent,  56.42  ft. 
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June  14th,  1899. 


Orleans  and  Hale,  Compound  Curve,  200  ft. 
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June  14th,  1899.— Hale  and  RiopeUe,  60-f  t.  Radius  Curve,  200  ft. 
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-Riopelle  and  Rowena,  40-f t.  Radius  Curve,  200  ft. 
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*H^,(.   by  Pitot  Tube  No,  6.  at  Alexandrine  and  Hastings  =  Hf   in  Brady  Tangent  -r-  4.i 
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TABLE  No.  'i,&—{Co7iUnued). 


June  15th,  1899. 


Brady  St.  Tangent,  212.25  ft. 

RowenaSt.  Tangent,  293.23  ft. 

Pitot  Tube  No.  6,  Gauge 

No.  5.    On  center  at 
Alexandrine  and  Hastings. 

Gauge  No.  7,  kerosene  and  water. 

Gauge  No.  6,  kerosene  and 

water. 
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1.138 

4  542 

48 

85 

21 
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June  15th,  1899.— Rowena  and  Russell  Sis.,  25-ft.  Radius  Curve,  200  ft. 


6.247 
6.293 
-0.287 
0.745 
4.061 
3.756 
6.067 
0.147 


6.421 
6.451 
-0.372 
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-0.372 
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21 
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1.563 
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June  15th, 


+0.374 

80A 

14 

6.129 

6.398 

6.673 

79h 

11 

6.354 

6.419 

6.793 

79" 

13 

—0.365 

-0.374 

0.000 

7Hk 

25 

0.818 

0839 

1  313 

78| 

29 

4.369;     4.477 

4.851 

83 

25 

6.308 

6.501 

6.875 

78 

15 

79 

23 

79 

10 

79 

14 

78 

35 

78 

31 

78 

21 

Russell  St.  Tangent,  29.17  ft, 
—  0.000 


0.7471 

0.800  J 

0.800) 

0.000 

0.200 

0.681 

1.000 


Rejected. 


0.000 
0.205 
0.698 
1.025 


JuneISth,  1899.- 
+0.3411 


■Russ 


87 

16 

6.137 

6.353 

81 

14 

—0.333 

—0.341 

8U 

14 

0.631 

0.639 

81 

14 

4.457 

4  583 

60i 

.55 

63 

6 

63 

13 

66 

13 

65i 

19 

67 

19 

67 

13 

70 

21 

56 

694'  76i 
0.000'  76 
0.980    76 
4.924    76 
June  16th,  1899.— Brady 
+0.0961 
4.583    58i 
4.414    59 
0.000    63 
(0.764) 


4.484  4.487 
4.300  4.31h 
-0.096  —0.096 
0.662     0.668 


4.615     i.t 


1.746 

0.080 

—0.086 


9.056 

1.763 

—0.081 

—0.087 

June 


4.745 


0.000 
0.205 
0.698 
1.025 
ell  and  Brady  Sts.  Comp.  Curve,  300  ft, 

7.331 

0.102 

5:416 
d  Rivard  Sts.  15-ft.  Radius  Curve,  200  ft 
+  0  131 
5.723  5 

5.521  5 

0.131 


+0.131 

15 

1.567 

1.701 

33 

1.565 

1.699 

11 

1.564 

1.698 

14 

-  0.134 

0.000 

25 

0.304 

0.388 

39 

1.014 

1.148 

23 

1.573 

1.707 

55 


7.169 

—  0.100 

0.907 

5  300 


+  0.103 

+0.113 

7.433 

17 

1.573 

1.686 

0.000 

15 

—  0.113 

0.000 

1.029 

14 

0.204 

Reject 

5.518 

14 

1.111 

1  227 

6.601 
6.698 
0.000 
1.060 
4.296 
4.103 
6.480 
6.465 


6.847 
6.843 
0.000 


6.795 
0.000 
ed. 
4.945 


13 


19 


21 


5.753 
5.529 
0.130 


5.911 


9.152j  62 

1.859  64 
—0.015  64 
—0.009].... 
17th,  1899.— South  Rivard  St.  Tangent,  667.86  ft. 


11.741 

2.145 

-  0.300 


11.774 

2.157 

-  0.301 


0.000 


0.301 
6.139 


11.975 
3.358 
0.000 


15 


0.905 
0.035 
0.163 


2.191 
0.397 
0.079 
0.060 


+0.035 


+0.032 

8U 

39 

5.343 

5.497 

5.529 

82i 

29 

31 

-0.0.31 

-0.0.32 

0.000 

Hn 

83 

17 

1.009 

1  039 

1.071 

82 

17 

m--} 

30 

2.690 

2.765 

3.797 

81 

13 

7S> 

20 

2.673 

2.740 

3.772 

81 

19 

77A 

30 

5.835 

5.974 

6.006 

8()A 

78 

33 

6.028 

6.176 

6.308 

79 

33 

17.110 
+  0.309 
3.471 
8.962 
9.300 
17.850  I 
18.361  i 


17.649 
+  0.315 
3.573 
9.215 
9.459 
Rejected, 


-0.215 

+0.005| 

17.434 

29 

1.378 

1.3H3 

0.000 

32 

-  0.005 

0.000 

17 

0.300 

0.305 

9.000 

30 

0.710 

0.715 

9.244 

21 

0.714 

0..19 

19 

1.459 

1.464 

21 

1.505 

1.510 

1-Reje 

I 

+0.079 
2.270;9.148 
0.476il.918 
0.000:0.000 

—0.01910.077 


5.573 
0.000 
1.229 
2.881 
2.898 
5.900 
6.085 
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TABIjE  No.  ie>— {Continued). 


Brady  St.  Tangent,  212.25  ft. 
Gauge  No.  7,  kerosene  and  water. 


^ 

1 

II 

No. 

1 

at 

It 

^•■^ 

0--= 

H 

1^ 

*>J 

H 

(31) 

(33) 

(33) 

(34) 

,35) 

Deer. 

85 

85 

20 

5.793 

5.984 

8« 

76 

18 

+0.104 

+0.103 

87 

7iVo 

25 

1.184 

1.208 

8K 

79 

27 

2.406 

2.468 

77.'M 

H7 

5.518 

5.651 

90 

79 

19 

5.253 

5  387 

91 

79;^ 

2H 

5.406 

5.548 

80 

23 

5.041 

5.177 

107 
108 
109 
110 
111 
112 
113 
114 


115 
116 
117 
118 
119 


North  Rivard  Street  Tangent.  184.10  ft. 
Gauge  No.  6,  kerosene  and  water. 


Pitot  Tube  No.  6,  Gauge 
No.  5.     On  center  at 
Alexandrine  and  Hast- 
ings. 


Average 

inches, 

kerosene. 


(39) 


—0.106 

5.878  76U 

0.000  78 

1.102  77 

5! 545    77 
5.281    77 

5.442  

5.071' 

Rivard  and  Alexandrine  Street,  10-ft.  Radius  Curve 


5.640 
-0.008 

21500 
5.424 
5.325 


Equiva- 
lent read- 
ing at 
60°  Fahr. 


(40) 


5.767 
—0.008 
1.267 
2.558 
5.550 
5.447 


O 
(41) 


+0.008 
5.775 
0.000 
1.275 
2.566 
5.558 

.  5.455 


+0.155 

68^ 

38 

—0.130 

-0.132 

0.023 

67 

11 

-0.153 

-0.155 

0.000 

67 

16 

0.839 

0.847 

1.002 

69 

31 

0.886 

0.897 

1.052 

69 

28 

3.801 

3.841 

3.996 

691^ 

21 

5.333 

5.404 

5.5.59 

^% 

37 

3.892 

3.950 

4.105 

—0.147 

70 

U 

+0.145 

+0.147 

0.000 

68U 

19 

1.337 

1.353 

1.206 

71 

31 

1.261 

1.280 

1.1.33 

71U 

2ti 

4.377 

4.447 

4.300 

72^ 

21 

6.348 

6.447 

6.300 

June  19th,  1899. 

-East  Ales 

-0.221 

90 

34 

4.110 

4.269     4.048 

80 

34 

84 

25 

4.078 

4.208     8.987 

80 

25 

14 

4.043 

4.162     3.941 

80U 

13 

82 

13 

+0. 215+0. 221i     0.000 

82 

7 

83 

20 

1.198,     1.235!     1-014    821^ 

20 

85 

22 

4.0161     4.148'     3.927    83 

22 

86 

23 

5.369 

5.553;     5.331 

83 

23 

13.074 
12.504 
12.262 
+0.158 
2.990 
11.386 
15.009 


13.426 
12.841 
12.600 
+0.163 


3.448 
3.557 


-0.157 
0.693 
3.884 
5.457 


June  19th, 


3.. 57 


11.734 

15.468 
Hastings  Street  Specials,  23.51  ft, 


-0.163 
13.253 
12.678 
12.427 
0.000 
2.917 
11.571 
15.305 


73 

27 

3.857 

74 

22 

-0.300 

73 

26 

0.755 

72 

35 

3.929 

72 

22 

5.927 

4.087 
—0.163 
0. 
4. 

5.668 
Rej. 

JlTNE  21  ST, 

3.916 
-0.306 
0.769 
3.954 
6.025 


+0.163 

+0.378 

3.740 

3.8.53 

86 

8 

0.300 

0.310 

0  688 

4.250 

88^ 

16 

0.375 

0..389 

0.767 

0.000 

88 

17 

—0.378 

0.000 

0.882 

88 

30 

—0.187 

—0.194 

0.184 

4.195 

881^ 

23 

0.343 

0.316 

0.734 

5.831 

89 

27 

0.600 

1.000 

89 

9 

0.400 

Rej. 

—0.017 

48 

0.978 

0.961 

3.871 

21 

1.059 

"i!642 

4"i99 

17 

+0.017 

0.000 

0  001 

20 

0.297 

0.280 

1  13^ 

25 

1.078 

1.061 

4,27( 

30 

1.487 

1.470 

5  92" 

7 

1.100 

Rej. 

West  Alexandrine  Street  Tangent,  409  ft. 

7.. 379 

—0.414 

1.815 


-0.306 

4.122 

75 

33 

(1.000 

74 

16 

1.075 

73 

34 

4.260 

73 

31 

6.331 

72 

19 

—0.406 
1.783 
7.638 
13.016 


7.765 
13.216 


+0.  414 

7  793  ) 

0.000   1 

!      2.229I  \ 

Not  re  ad. 

8.179{ 

12.630|j 

June  16th, 

1899.— Alexandrine  and  Alley,  6-ft.  Radius  Curve,  200  ft. 

+0.148 

0.000 

+0.032 

120 

73 
7214 

55 
31 

3.994 
3.793 

4.060 
3.859 

4.208 
4.007 

55 

31 

1.003 
0.986 

1.034  4  167 

121 

72 

20 

4.480 

4.554 

4.554 

1.018  4.103 

122 

72 

13 

-0.146 

—0.148 

0.000 

73 

16 

0.000 

0.000 

0.000 

19 

0.000  0.00( 

123 

72U 

0.848 

0.863 

1.011 

73 

23 

0.957 

0.964 

0.964 

33 

0.170 

0.303  0.8K 

124 

71W 

28 

3.513 

3.661 

73 

30 

3.700 

3.762 

3.763 

39 

0.809  3.26( 

135 

73 

11 

6.263 

6.376 

6.534 

72 

10 

6.820 

6.933 

6.9331     11 

1.536 

1.568  6.315 

136 

73 

11 

5.595 

5.796 

5.944 

72 

9 

6.178 

6.280 

6.280     11 

1.386 

1.418  5.715 

137 

7B^ 

11 

4.041 

4.116 

4.364 

72 

10 

4.140 

4.309 

4.2091     15 

1.000 

1.032,4.159 

H^.p  by  Pitot  Tube  No.  6,  at  Alexandrine  and  Hastings  =  fl^  in  Brady  Tangent  ~  4. 
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TABLE  No.  26— {Continued). 


JCN 

2  20th,  1899. 

Brady  Street  Tangent,  212.25  ft. 

South  Alley  Tangent,  143.10  ft. 

Pitot  Tube  No.  6,  Gauge 

No.  5.    On  center  at 

Alexandrine  and  Hastings. 

Gauge  No.  7,  kerosene  and  water. 

Gauge  No.  6,  kerosene  and  water. 

ai 

i 

ifi 

o^ 

a 

^1 

•S 

« 

No. 

1 

M 

|l 

<! 

1 

i 

Average 

inches, 

kerosene. 

Equiva- 
ent  read 

ingat 
60°  Fahr. 

Is 

a- 

1 

d 

1^ 

If 

(46) 

(47) 

(48) 

(49.) 

(50) 

(51) 

(53) 

(53) 

(54) 

(55) 

(56; 

(57) 

(58) 

(59) 

((iO) 

Oe? 

+0.621 

Dep- 

1  0  923 

+0.013 

1W 

86 
8RU 

61 
25 

-f0.271 
+0.444 

0.280 
0.459 

0.901 
1.080 

61 
26 

+0.300 
+0.297 

0.312 
0.309 

1  257 

129 

88 

3 

+0.300 

0.311 

1.234 

1.245 

VM) 

87 

IS 

-0.600 

-0.621 

0.000 

88 

16 

-0.900 

— 0  933 

-0.010 

21 

-0.012 

O.OOC 

0.000 

131 

87;^ 

25 

-1-0.316 

0.327 

0.948 

88 

27 

-0.167 

-0.173 

0.750 

25 

+0.284 

0.396 

1.193 

1H2 

88 

29 

3.457 

3.553 

4.204 

87 

25 

1.700 

1.760 

2.683 

28 

1.001 

1.013 

4.082 

i;« 

88 

Ki 

5.. 306 

5.499 

6.120 

87 

12 

2.900 

3.002 

3.925 

16 

1.499 

1.511 

6.089 

1.S4 

88 

10 

5.540 

5.741 

6.362 

87 

13 

3.100 

3.209 

4.132 

9 

1.556 

KlOO 

6.319 

135 

88 

31 

3.723 

3.858 

4.479 

87 

20 

2.000 

2.070 

2.993 

26 

1.088 

4.433 

136 

Jro 

-E  21st 
+0.185 

1899. 

70 
71 

72 

74 
74 

-Noi 

14 
25 

20 
21 
21 
15 

8 

th  Alley 

12.986 
13.108 

13.329 
18.933 
13.000 

rangent,  ( 

13.167 
13.308 
+0.524 
4.036 
13.586 

13!351 

)41.80  ft 

—0.524 
13.643 
13.784 
0.000 
3.513 
13.062 
18.775 
12.727 

17 
6 
17 
21 
21 
19 

11 
7 
52 

0.914 
1.000 
-0.016 
0.301 
1.017 
1.442 
1.025 

+0.033 
0.336 
1.169 

+0.0161 
Rejected. 

137 
138 
139 
140 
141 
142 

143 

76 

76 
76 
75 

90 
91 

24 
21 
21 
21 
20 
10 

13 

8 

3.987 
—0.181 
0.883 
3.971 
5:783 
4.000 

-0.277 
0.744 

4.074 
-0.185 
0.901 
4.058 
5.910 
4.983 

-0.288 
0.774 

4.2.59 
0.000 
1.086 
4.243 
6.095 
4.268 
+0.288 
0.000 
1.062 

1.016 
0.000 
0.317 
1.033 
1.458 
1.041 
—0.032 
0.000 
0.204 
1.137 

4.094 
O.OUO 
1.278 
4.163 
5.876 
4.195 

0.000 

144 

0  264 

145 

92% 

93 

931^ 

94 

94 

83 

84 

85 
90 
92 

|« 

90 

26 
26 
8 
7 
24 
27 
5 
23 
36 
10 

16 

7 
25 
24 
12 

8 
38 
24 

8 
29 
25 

6 
10 

4.027 
4.031 
4.100 

51844 
5.923 
5.900 
5.835 
6.031 
6.115 

4.325 

4.257 
4.256 
4.169 
4.129 
6.115 
5.882 
5.910 
5.888 
6.090 
6.250 
6.241 
—0.210 

4.193 
4.200 
4.274 
6.146 
6.095 
6.173 
6.150 
6.085 
6.293 
6.384 

4.457 
4.392 
4.381 
4.306 
4.288 
6.. 364 
6.122 
6.154 
6.138 
6.345 
6.503 
6.496 
—0.218 

4.481 

4!  562 
6.434 
6.383 
6.461 
6.438 
6.373 
6.581 
6.672 

+0.218 
4.675 
4.610 
4.599 
4.534 
4.. 506 
6.583 
6.340 
6.372 
6.346 
6.563 
6.721 
6.714 
0.000 

1.112 

147 

1.114 

148 

24 
18 

i.iso 

1.661 


1.118 
1.629 

1.132 

149 

1.596 

150 

1  584 

151 

1.603 

152 

12 

1.592 

1.560 

1.598 

153 



1.581 

154 

12 

1.639 

1.607 

1.633 

155 



1.656 

156 

Pitot 
No 
Ha 

Tube  N 
5,    Alex 
stings. 

0.  3,  G 
andriue 

—0.015 

auge 
and 

1.160 

157 

18 

1.038 

1.013 

1   144 

158 

1.141 

159 

1.123 

160 

42 
24 

1.002 
1.516 

6.987 
1.501 

1  118 

161 

1  6i3 

162 

1.573 

163 

1  581 

164 

24 

1.458 

1.443 

1  ..575 

1  629 

166 

1  668 

167 

18 
10 

1.455 
+0.015 

1.440 
0.000 

1  666 

168 

0  000 

Estimated  Reading,  Tube  No.  6,  Col.  51  h-4. 
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TABLE  No.  26— [Concluded). 


January  23d,  1901. 


Pi  tot   Tube  No.  5,  at   Superior 
Street. 

TJ.M-^f  Ti.K^  n    at   TiQo+jtio-c             30In.  Gatc  at  Hastings 
Pitot  Tube  C,  at  Hastings         g^^.^^^^  ^.^^g^  ^^_  „^  j^%j.^_ 

*'^'^*^^^-                           j            sene  and  Water. 

Time. 

(61) 

No. 
(63) 

Average  read- 
ing, in  inches, 
water. 

(63) 

Average    read- 
ing, in 
inches,    water. 

(61) 

Corrected 

for 

initial  error. 

(65) 

T.. 
Fahr. 

(66) 

Average  inches, 
kerosene. 

(67) 

p.  M. 
1.30  -1.45 

169 
170 
171 

'H 

173 
174 

175 
176 
177 
178 
179 
180 
181 
183 
183 

Not 
observed. 

1.3480 
0.709  ) 

or    V  Reject. 
0.553  i 
0.000 
0.000 

0.000 
0.510 
0.911 

Traverse. 
1.0110 

Not  read. 
1.3040 

Traverse. 
1.275 

i;599 
1.588 

0.850 

0.416 
Shaking. 

0.200 
0.633 
1.188 
1.174 
1.083 
0.688 
1.440 

lisoo 

-0.500 
1.123 
1.099 
1.068 

0.350 

-0.084 

33° 

0.453 
0.431 

0  456 

2  11    2  24 

0.059 

2  34    2  27 

0  000 

2.43^-2.59^ 
2  58-3  06 

-0.200 
0.000 

Rejected. 
0.988 
0.974 

Rejected. 
0.488 
1.240 
1.128 
1.100 

0.062 

3.08  -S.lOi 

0.333  Rejected 

0.406 

3  17  -3  41 

0.428 

3.41     3.43 

0.500 

3.43  -3  54 

0.3CI0 

3  55-4  00 

0.5(K) 

4.01     4.26 

0.500 

4.26  -4  30 

0.500 

Daily  Log. — All  readings  were  plotted  on  cross-section  paper  in  tlie 
usual  manner,  and  tlie  average  of  readings  taken  during  periods  of 
uniform  velocity  is  given  in  Table  No.  26.  Plate  VII  is  a  fair  sample 
of  the  daily  plotted  log  of  observations,  as  read  in  the  field. 

Initial  Error. — At  some  period  during  each  series  all  gates  were 
closed  down  tight,  and  the  gauges  read  with  a  condition  of  absolutely 
uo  flow,  when  there  should  be  no  frictional  loss,  jDrovided  sufficient  time 
is  allowed  for  the  establishment  of  equilibrium.  Seldom,  however,  did 
the  gauges  read  exactly  zero  under  such  conditions. 

The  readings  obtained  are  given  in  Table  No.  27. 

The  reading  of  the  differential  gauge  was  zero  in  four,  positive  in 
seven,  and  negative  in  ten  cases. 

If  readings  were  always  of  the  same  sign,  or  never  came  to  zero, 
it  might  be  argued  that  these  readings  represented  actual  conditions 
in  the  pipe;  under  the  circumstances,  however,  the  only  rational 
explanation  seems  to  be  that  an  actual  initial  error  does  exist,  and 
all  observations  in  Table  No.  26  have  been  corrected  for  the  observed 
initial  error. 
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Pitot  Tube  No.  6,  on  center,  Alexandrine  antLHastings. 
Inches  of  water  corrected  for  initial  error 
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TABLE  No.  27.— Initial  Ekroes. 


Sec. 

1 

3 

a 

multaneous 
reading  of 
tot  Tube  No. 
on  Center. 

i 

1 

Sec. 

1 

a 

it 

lltl 

2 

S  "k 

s  s== 

^ 

cc     CQ 

s-s--= 

I 

le-i  35 

+0.62 

-0.108 

-0.069 

|XII.... 

212.25 

II.... 

56.42 

-0.304 

-0.336 

—0.171 

XIII... 

300.00 

-0.131 

-0.96  ■ 

— o.oa5 

III... 

200.00 

+0.079 

-0.483 

—0.158 

XIV.... 

667.86 

+  0.215 

-0.032 

-0.005 

IV... 

234.93 

-0.017 

—0.189 

-0.086 

XV.... 

184.10 

-0.008 

+0.106 

-0.002 

V 

200.00 

+0.092 

-0.223 

— 0.C52 

XVI  . . . 

300.00 

+0.147 

—0.155 

—0.091 

VI... 

47.88 

0.000 

-0.191 

-0.016 

XVII . . 

645.50 

+0.163 

+0.331 

+0.232 
-1-0.017 

VII.. 

200.00 

0.000 

-0.203 

-0.013 

XVIII  . 

23.51 

-0.378 

-0.163 

VIII. 

292.23 

-0.715 

—0.012 

—0.051 

XIX  . . . 

409.00 

—0.414 

-0.306 

IX... 

2ocr.oo 

-0.259 

-0.272 

—0.045 

XX 

200.00 

0.000 

—0.148 

—0.032 

X.... 

29.17 

0.000 

-0.374 

-0.134 

XXI  . . . 

143.10 

-0:933 

-0.621 

-0.012 

X,... 

300.00 

-0  102 

—0.341 

-0.113 

XXII  . . 

641.80 

+0.524 

-0.185 

—0.016 

The  Pitot  tube  readings,  taken  with  no  flow,  are  almost  uniformly 
negative,  which  indicates  that  either  the  point  read  low  or  the  side 
high,  as  all  the  readings  were  read  by  the.  same  observer.  This  result 
may  be  due  to  the  personal  equation  of  error,  or  to  the  fact  that  the 
columns  of  water  in  the  differential  gauge  did  not  always  vibrate  uni- 
formly, one  traveling  through  a  greater  distance  than  the  other. 

It  is  the  opinion  of  the  writers  that  this  condition  is  due  to  the 
pulsations  in  the  water  itself,  which,  acting  through  the  orifices  in 
the  side  of  the  pressure  chamber,  tend  by  their  impact  to  elevate  the 
pressure  column.  As  this  vibration  must  be  present  at  all  times,  its 
effect  may  be  expected  to  be  a  constant,  and  the  static  readings, 
therefore,  should  be  treated  as  initial  errors. 

Diagrams. — The  ratio  between  Pitot  Tube  No.  6  on  the  center  at 
Hastings  and  Alexandrine  Streets  and  the  frictional  resistance  in  the 
Brady  Street  tangent,  as  computed  and  shown  on  Fig.  45,  is  4.0301. 
This  ratio  is  derived  from  experiments  1  to  142,  inclusive,  and  holds 
good  for  all  work  done  in  1899. 

In  Figs.  46  to  66  inclusive,  the  resistance,  Hj^  observed  in  each  exi^eri- 
mental  section,  is  plotted  with  the  resistance  simultaneously  observed 
in  the  Brady  Street  tangent,  and  also  with  the  readings  taken  with 
Pitot  Tube  No.  6  on  the  center  at  Hastings  and  Alexandrine  Streets, 
multiplied  by  4.0301.  The  average  line  is  computed  from  both  series 
of  points,  thus  making  the  results  obtained  practically  an  average  of 
two  series  of  observations. 
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The  following  notes,  referring  to  the  diagrams,  Figs.  46  to  66,  in- 
clusive, should  be  used  also  in  connection  with  the  values  given  in 
Table  No.  26,  inasmuch  as  the  rejected  points  referred  to  are  in  most 
cases  omitted  from  the  diagrams. 

Note  (1)  Fig.  46.  Orleans  and  Scott  Streets  compound  curve:  Obser- 
vation No.  5  on  Pitot  tube  rejected. 

Note  (2)  Fig.  47.  Orleans  Street  tangent:  Nos.  8,  9  and  10  on  Orleans 
Street  rejected  because  columns  did  not  vibrate 
freely  after  shaking  out  hose;  acted  as  if  gauge 
was  throttled. 

Note  (3)  Fig.  48.  Orleans  and  Hale  Streets  curve:  It  is  apparent 
that  the  correction  for  initial  error  ajiplied  to 
Pitot  tube  readings  is  in  excess  of  the  true  correc- 
tion. This,  however,  does  not  affect  the  value  of 
the  coefficient  in  the  equation. 

Note  (4)  Fig.  50.  60-ft.  radius  curve:  The  observations  on  Brady 
Street  tangent  are  somewhat  irregular,  but  have 
been  included  in  the  average  result,  although  a 
diagram  of  better  appearance  could  have  been 
obtained  by  using  only  Pitot  tube  results,  in  which 
case  the  ratio  would  have  been  approximately 
1.52. 

Note  (5)  Fig.  51.  Eiopelle  Street  tangent:  No.  29  rejected;  gauge  not 
working  as  it  should. 

Note  (6)  Fig.  53.  Rowena  Street  tangent:  The  zero  observation  on 
Rowena  Street  appears  to  be  too  low,  but  is  in- 
cluded in  the  average.  If  omitted,  the  ratio  would 
be  decreased. 

Note  (7)  Fig.  55.  Russell  Street  tangent:  Nos.  58,  59  and  60  are  re- 
jected as  they  were  taken  before  the  gauges  were 
brought  to  zero,  and,  although  there  is  nothing 
in  the  log  to  indicate  that  they  are  not  reliable, 
a  change  in  conditions  evidently  occurred  in  the 
Russell  Street  gauge  when  the  gates  were  closed. 

Note  (8)  Fig.  56.  Small  compound  curve:  No.  67,  tube  observation, 
rejected;  not  working  well. 

Note  (9)  Fig.  57.  15-ft.  radius  curve:  Pitot  tube  observations  Nos. 
70  to  73,  inclusive,  rejected  on  account  of  air  in 
connections. 

Note  (10)  Fig.  58.  S.  Rivard  Street  tangent:  Nos.  83  and  84  rejected, 
as  log  shows  that  gauge  had  not  yet  reached 
equilibrium. 
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The  ratios  obtained  from  the  diagrams  are  shown  in  Table  No.  28, 
with  corrections  for  length;  and  in  Column  6  the  results  of  work  in  1898 
are  given  for  comi^arison. 

Results. 

Resistance  of  Specials. — The  resistance  in  the  30-in.  gate  at  Alexan- 
drine and  Hastings  Streets  was  measured  January  23d,  1901,  with 
Gauge  No.  7,  using  kerosene  and  water.  The  velocities  at  the  same 
time  were  observed  by  Tube  C,  on  center  at  Alexandrine  and  Hastings 
Streets,  and  by  Tube  No.  5,  on  center  at  Superior  Street.  The  cor- 
rected results  are  shown  in  Fig.  67.  As  Tube  No.  6  was  used  on  all 
1899  experiments,  the  ratio  of  gate  resistance  to  Brady  tangent  is 
derived  by  means  of  the  proper  coefficients,  as  follows : 

From  the  rating  of  Pitot  Tubes  C  and  No.  6,  the  true  velocity  head 
{H,)  =  0.640  X  the  velocity  head  observed  with  Pitot  Tube  C,  and 
0.7157  X  that  observed  with  Pitot  Tube  No.  6;  or,  the  equation 
expressing  the  relation  between  readings  observed  with  these  two  tubes 
may  be  written  in  the  following  form : 

0.64 


Equation  (1):  //,,  (Tube  C) 


0.7157 


//,,  (Tube  No.  6),  but  from  Fig. 


45. 
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TABLE  No.  28. 


Experimental  Section. 

Ratio  to  Brady 

GENT. 

Tan- 

^1 

It 

la 

(8) 

(9) 

fe- 
ci) 

i 

(.3) 

(4) 

5 

(5) 

i 

(6) 

1 

C) 

|| 

O  ^ 

51  g 

(10)* 

I. 
II. 
III. 

IV. 
V. 
VI. 
VII. 

VIII. 

IX. 
X. 

XI. 

XII. 
XIII. 

XIV. 

XV. 
XVI. 

XVII. 
XVIII, 

XIX. 

XX. 

XXI. 
XXII. 

Orleans  and  Scott  Comp.  C. . . 
Orleans  tangent 

1.6055 
0.2532 
1.3637 
1.0084 

1.3370 
1.2562 
1.3235 
0. 1469 
1.1123 
1.0000 
1  3038 

239.0 

47 

0.8264 

'1H 

Orleans  and  Hale  Comp.  C. . . . 
Hale  St.  tangent         

1  3617 

1    47h2 

1 

143  6 

IP 

0.86110.7997 
1.5852  1.5735 

0.8304 

O.iosi    133.4 

50 

Hale  and  Kicpelle  60-ft.  R.  C. 

180.4 

51 

0.9081 
1.3425 



52. 

Riopelle  aud  Rowena  46-ft.  R. 
c                                      

1.3911 

123.0 

'i^ 

0.8598,0.8530 
1.3284  1.3168 

0.8564 

1.084 

121.5 

Rowena  and  Russell  25-ft.  R.  C 

Russell  tangent 

Russell  and  Brady  small  C.  C. 

105.4 

1.0072 
1.1123 
0.9420 

56. 

1.1409 
0.94<f3 



■6:942i' 

0.'ii92 

'iis'.o 

49.6 

57 

Brady  and  Rivard  15ft.  R.  C. . 
South  Rivard  tangent 

1  30.^8  1  3626 

83.0 

58. 

3.2254  0.96351 

0.9660  1.0500,]. 0514 

1  0796  1  0796  I  14.53 

6.9635 
1.0507 

6.i226 

0.1330 

ii4.6 

109.6 

60. 

Rivard  and  Alexandrine  10-ft. 
R  C 

34.6 

61. 

E.  Alexandrine  tangent 

Hastings  ST.  specials 

W.  Alexandrine  tangent 

Alexandrine  and  alley  6-ft.  R. 
c                                      

3.0678 
0.1736 
1  9257 
1.0706 

0.6471 
3.1003 

0.9504 
1 .4768 
0.9416 
1.0706 

0.9463 

0.94835 

0.1201 

115.4 

63. 

i!i673 

0.9416 

0.1192 

115.9 

"si'A 

0.9044  

0.9658  

0.9044 
0.9658 

0.1145 
0.1223 

118.2 
114.4 

65 

66 

*  Column  10  gives  the  length  of  tangent  in  which  the  value  of  Hf  is  equivalent  to  the 
excess  resistance  found  in  200  ft.  or  80  diameters  of  pipe,  including  curve;  no  correction 
being  applied  for  the  effect  of  specials  or  roughness. 


Equation  (2):  H,  (Tube  No.  6) 


/(;.  (in  Brady  Tan.) 


4.0301 
And  from  Fig.  67: 

Equation  (3) :  H^-  (for  5^  ft.   of  pipe)  -f-  resistance  in  30-in.  gate  = 
H,  (Tube  C) 
2.376       ■ 
Substituting  values  from  (1)  and  (2) : 

Equation  (4) :  Hj-  (5|  ft.  of  pipe)  +  30-in.  gate  resistance 
0.64  X   Hj.  (Brady  Tan.) 
~  0.7157  X  4.0301  X  2.376' 
=  0.0934i3;.  (Brady  Tan.). 
To  eliminate  the  gate  resistance  from  the  5|  ft.  of  straight  pipe. 
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assume  tliat  the  resistance  per  foot  of  straight  pipe  is  the  same  as  in 
Brady  Street  tangent,  or  (^-^(^  =.  0.0047^ //,.  (Brady  Tan.);  then,  re- 
sistance of  gate  =  (0.0934  —  5^  X  0.0047)  H,.  (Brady  Tan.) 
=  0.06843  Hj  (Brady  Tan.). 
But  the  total  value  of  H,.  for  Sec.  XVIII,  Fig.  62,  was  found  to  be 
0.1736  H,.  (Brady  Tan.)  in  1899.  This  section  is  23.51  ft.  long,  and  con- 
tains two  30  X  10-in.  Y's,  in  addition  to  the  same  30-in.  gate  for 
which  the  resistance  is  obtained  above.  Assuming  the  same  value  for 
iif^per  foot  of  straight  pi^^e,  the  resistance  in  one  30-in.  gate  and  two 
30  X  10-in.  Y's  is  computed  as  follows:  Hfior  23.51  ft.  of  straight  pipe 
=  (23.51  X  0.0047  =  0.1105)  H^  in  Brady  Tan. ;   therefore,  resistance  in 

I  t'wo  30"x'l0ln.  Y's  [  =  (^-^^'^  -  0^^°^  =  ^-^^21)  H,in  Brady  Tan. 
The  two  results  do  not  agree,  and  appear  to  indicate,  either  that  the 
gate  resistance  observed  in  1901  is  too  great,  or  that  the  assumed  value 
of  Hf  for  1  ft.  of  straight  pipe  is  too  low.  To  the  writers,  the  latter 
case  seems  the  more  probable.  However,  the  above  assumed  value  of 
Hj-  for  straight  pipe  is  also  the  value  actually  found  in  Sec.  XIX,  which 
follows  the  section  containing  the  gate  and  specials.  To  assume  a 
lower  value  of  Hj-  for  straight  pipe,  therefore,  leads  to  the  logical  con- 
clusion that  the  effect  of  gates  and  specials  extends  into  the  following- 
tangent  for  an  undetermined  distance,  and  that  the  resistance  observed 
is  less  than  the  total  resistance  caused.  Such  an  assumption  also 
takes  for  granted  that  the  observed  value  of  f/,-  on  tangents  is  a  mean 
value  only,  and  that  the  true  value  is  not  constant  for  the  entire 
length  of  tangent  observed.  If  it  is  farther  considered  that  the  maximum 
value  of  Hfin  any  tangent  is  at  the  end  nearest  the  jjreceding  curve, 
and  equal  to  the  value  of  Hf  found  in  the  curve  section,  then  the  mini- 
mum value  of  Hj  in  the  tangent  will^  be  at  the  end  farthest  from  the 
preceding  curve  section,  and  will  be  as  much  below  as  the  maximum 
value  is  above  the  mean  observed  value  of  Hj,  if  the  value  diminishes 
at  a  uniform  rate.  On  this  basis,  from  Table  No.  28,  Column  5,  the 
least  possible  value  of  H^  in  the  East  Alexandrine  tangent  would  be 
0.8212  X  H^  in  Brady  tangent.  It  is  believed,  however,  that  i?^  does 
not  diminish  uniformly,  but  rather  in  the  form  of  a  curve  concave 
upward.  The  extreme  limiting  values  of  Hj.  immediately  i^receding 
the  30-in.  gate  are,  in  either  case,  0.82,  and  0.95  X  Hf  in  Brady 
tangent. 
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The  value  0.86  has  been  selected  as  the  most  jn-obable.  Computed 
as  before,  the  resistance  in  the  30-in.  gate  then  becomes  0.0698  H^.  in 
Brady  tangent,  and  the  resistance  for  the  same  gate  and  two  30  X  10-in. 
Y's  is  0.07251  Hj.  in  Brady  tangent. 

The  last  derived  values  do  not  include  the  resistance  which  takes 
place  in  the  following  West  Alexandrine  Street  tangent,  due  to  the 
gate  and  specials.  Eetaining  the  value,  0.86  H^  Brady  Tan.,  as  the 
proper  coefficient  to  be  applied  to  straight  pipe,  the  additional  resist- 
ance of  the  gate  and  two  Y's  may  be  computed  from  the  observed 
value  of  Hj,  in  the  West  Alexandrine  Street  tangent  as  follows  : 

Length  of  tangent  =  409  ft. ; 

Observed  coefficient  per  200  ft.  =  0.9416; 

Assumed  value  per  200  ft.  of  straight  pipe  =  0.8600; 

Special  resistance  in  tangent 

/  0.9416  —  0.8600  x  409^ 


-j  i7,  in  Brady  Tan. ; 


\  200 

=  0.1669  i?^  in  Brady  Tan. 

These  values  are  to  be  regarded  as  approximations,  only. 

Accuracy  of  Work. — The  methods  adoj^ted  in  conducting  the  in- 
vestigations aflforded  many  opportunities  to  check  the  accuracy  of  the 
work,  and  the  writers  themselves  have  often  been  surprised  at  the 
exceedingly  small  limit  of  error  found.  It  was  feared,  however,  that 
the  rating  of  Pitot  Tube  No.  6  might  be  somewhat  in  error,  especially 
as  the  tank  ratings  gave  results  so  entirely  at  variance  with  the 
rating  finally  adopted.  In  searching  for  an  opportunity  to  check  the 
accuracy  of  this  rating  it  was  recalled  that  on  the  night  of  August  6th 
and  7th,  1898,  Pitot  Tube  No.  3  was  read  on  center  at  Alexandrine  and 
Hastings  Streets,  while  the  resistance  in  the  Brady  Street  tangent  was 
observed  with  Gauge  No.  6  in  sjierm  oil.  The  velocities  in  the  lower 
portion  of  the  series  were  obtained  by  operating  the  Canfield  Avenue 
12-in.  blow-off.  To  produce  the  higher  velocities,  the  Hastings 
Street  10-in.  blow-off"  was  also  opened,  but,  in  the  comparison  which 
follows,  the  higher  readings  are  rejected,  first,  because  it  was  feared 
that  the  proximity  of  the  Hastings  Street  blow-off"  to  the  location  of 
the  Pitot  tube  (Fig.  68)  might  have  produced  a  somewhat  abnormal 
distribution  of  velocities  in  the  section  containing  the  tubes  ;  and 
second,  because  the  comparison  was  to  be  made  with  the  observations 
made  in  1899  between  Tube  No.  6  on  center  at  Alexandrine  and 
Hastings  Streets,  and  the  f  rictional  loss  in  the  Brady  Street  tangent,  in 
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=:  0.1525 (1) 

=  4.0301 (2) 


whicli  the  velocities  were  low;  thus  making  it  desirable  to  include  in 
the  comparison  only  the  lower  portion  of  the  former  series. 

H„  (T.S) 
H^.{B.S.  720) 

H„{T.6) 
Hj.[B.K.mo) 
The  coefficient  of  kerosene  at  60°  Fahr.  =  4.895; 
"  "  "   sperm  oil  ".  72^     "       =  8.833; 

from   which,  for   the   temperatures   here    given,  a   reading   taken   in 
4^95 
8.833 
0.5542 


kerosene 


From  Fig.  30, 
"     Fig.  45, 


X  sperm  oil. 


30  xlO  Y  Branch  \ 


ARRANGEMENT  OF  SPECIALS  AT  HASTINGS  STREET. 
ToSe 


10  Gate,  Closed 


30  Cast  Iron  Pipe 


Ji'Cock 


--30  X  10  Y  Branch 


Hastings  Street  Specials  k — 


Alexandrine 
Tangent 


Substituting  and  transposing  in  Et^uations  (1)  and  (2) 

H,  iT.3)  =0.1525  H, 

0.5542 


H„  (r.6) 


H,. 


(4) 


4.U301 

From  Equations  (3)  and  (4)  the  ratio  of  the  value  of  H^,  observed 
by  both  tubes  becomes 

H^T^  _  0.1.525  X  4.0301  _  ,  ...^ 
iy„  {T.6)  "  0.5542  ■     '    ■ 

But,  from  the  ratings,  the  coefficient  to  be  applied  to  H^,  observed 
by  Tube  No.  3  is  0. 792,  from  which  the  coefficient  of  Tube  No.  6  must 
=  0.792  -;-  1.1092  =  0.7142,  and  the  coefficient  to  be  applied  to  velocities 
derived  from  Tube  No.  6  will  be  \/  0. 7142  =  0. 845,  a  dift'erence  of  only 
0.001  from  the  accepted  rating.  This  check  is  considered  to  be 
remarkably  close,  being  made  between  observations  taken  nearly  a 
year  apart,  by  different  men  and  different  instruments  ;  and  involves, 
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not  only  the  rating  of  tubes,  but  the  calibration  of  kerosene  antl 
sperm  oil,  together  with  a  temperature  correction.  After  obtaining 
this  check  the  writers  feel  no  hesitation  in  claiming  for  the  experi- 
ments more  than  usual  accuracy. 

Sixteen-Inch  Cast-Ikon  Pipe. 
Description  of  Line. 

Conditions. — In  1898  it  became  necessary  to  lay  about  1.1  miles  of 
16-in.  pipe  to  supjjly  the  rapidly  increasing  consumption  in  the  western 
part  of  the  city  and  the  proposed  water-works  system  of  the  adjoining 
village  of  Delray,  which  was  to  obtain  its  supj^ly  from  Detroit.  During 
the  autumn  of  1898  several  series  of  experiments  were  conducted  on  a 
section  of  this  line  about  700  ft.  long,  containing  two  angles  of  90° 
each,  the  first  turning  to  the  left  and  the*  second  to  the  right.  This 
l^art  of  the  pajier  is  devoted  to  a  discussion  of  the  methods  used  and 
results  obtained  from  these  experiments.  All  the  16-in.  pij^e  men- 
tioned by  the  writers,  unless  otherwise  designated,  will  refer  to  this 
700-ft.  section. 

Survey. — All  tangents  were  carefully  run  with  a  transit  on  offset 
lines,  care  being  taken  that  the  stakes  were  not  disturbed  during  the 
progress  of  the  work,  and  that  each  angle  was  exactly  90  degrees.  A 
bench-mark  was  established  near  by,  grade  stakes  were  set  near  the  top 
of  the  trench  at  about  40-ft.  intervals,  and  the  foreman  was  furnished 
with  a  list  of  the  cuttings  at  the  various  stakes  necessary  to  obtain  a 
level  grade. 

After  the  pipe  was  laid,  but  before  being  covered,  an  elevation  was 
taken  on  each  length.  All  horizontal  measurements  necessary  to  jiroj)- 
erly  set  the  various  piezometers  and  measure  the  lengths  of  tangents 
were  made  on  top  of  the  pipe,  before  being  covered,  with  a  new  100-ft. 
steel  tape,  and  careful  notes  of  the  same  preserved. 

Diameter  of  Pipe. — Eight  measurements  were  made  on  each  length 
of  pipe,  two  at  each  end  90°  apart,  and,  likewise,  two  12  ins.  from  each 
end.  A  12-in.  brass-trimmed  boxwood  rule  having  a  brass  slide  dove- 
tailed into  one  side  Avas  used  for  this  purpose,  and  all  readings  were 
taken  to  -i\  in-  The  curves  were  measured  in  a  like  manner,  and 
measurements  were  taken  to  determine  the  accuracy  with  which  these 
castings  were  made.     The  dimensions  used,  as  to  radius  of  curvature, 
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however,  are  theoretical  ones,  as  the  castings  were  found  to  conform 
very  closely  to  the  drawings  from  which  they  were  made.  In  all,  810 
caliperings  were  taken,  and  the  mean  of  the  calipered  diameters  was 
used  for  all  computations  involving  diameter. 

Pipe  and  Curves. — The  pipe  was  of  the  regular  hub  and  spigot  pat- 
tern, quite  smooth  and  free  from  defects,  and  no  leaks  were  found  when 
it  was  tested  before  being  covered.  It  was  coated  and  tested  in  a 
manner  similar  to  the  30-in.  pipe  described  previously.  The  pipes  had 
a  glossy  appearance,  and  were  quite  smooth,  although  there  was  some 
unevenness  due  to  the  coating. 

The  curves  were  not  as  smooth  as  the  straight  pipe,  and  were 
painted  with  two  coats  of  graphite  paint.  No  ridges  or  depressions 
existed,  but  the  surface  of  the  iron  felt  rough  to  the  hand.  Some 
trouble  was  experienced  in  putting  the  pieces  of  the  compound  curves 
together  properly,  and  it  is  probable  that  one  or  two  of  the  joints  were 
left  somewhat  "open."  Foremen  do  not  like  to  lay  compound  curves, 
although,  if  long  enough  to  be  properly  marked  out  by  the  engineers, 
no  difficulty  will  be  encountered,  but  short  ones  usually  require  some 
solid  joints. 

TABLE  No.  30. — ^Plan  of  16-Inch  Expebevients. 
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*  Pitot  tube  indicated  used  here  on  this  series. 

K.  indicates  that  kerosene  was  used  in  gauge. 

O.         "  ■•    gasoline     "        "  " 

S.  "  "    sperm  oil   "        "  " 

Numbers  6  and  7  refer  to  Differential  Gauges  Nos.  6  and  7. 


Pipe-Laying. — The  pipe  was  laid  by  an  experienced  Detroit  water- 
works foreman  and  j^ipe  gang.  No  bracing  was  necessary,  and  all  work 
was  very  carefully  executed.  The  ditch  was  about  6  ft.  deep,  in  quite 
dry  clay ;  and  no  water  was  encountered  anywhere  on  the  work. 
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This  Pipe  slmt  off  below 


:  from  Gate  at  E.  Line  Military 
.  at  Cavalry  and  Army  328.77.' 
From  Gate  at  E.  Line  of  Military  to  Tap 
2  "■.!  2  W.  of  Cavalry  220.59' 

£  o    ij  P  Diameter  of  Pipe,  Average,  from 

"  B    p  ^  Cavalry,  1(5,0263." 

No.  of  Calibrations,  152. 
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Piezometers. — Eight  corporation  cocks  (three  1-in.  and  five  |-in.) 
were  screwed  into  the  pipe  at  various  places,  with  a  tapping  machine; 
the  joipe  ends  of  the  latter  being  plugged  with  brass,  and  having  a  |-in. 
hole  tapijed  through  the  plug.  All  but  two  were  set  vertically  on  the 
top  of  the  pipe,  and  none  was  allowed  to  project  through  the  iron. 
Two  |-in.  cocks  were  set  at  the  extremities  of  the  horizontal  diameter, 
15|  ins.  up  stream  from  the  P.  C.  of  the  compound  curve.  The  three 
1-in.  cocks  were  located  in  wells,  and  all  others  were  carried  to  the 
side  of  the  road  with  |-in.  lead  pipe.  Each  was  provided  with  shut-oflf 
cock,    drain,  stop-box  and  stand-pij^e. 

Experiments. 

Pipe  Data. — In  Fig.  69  are  shown  the  relative  positions  of  the 
tangents,  curves  and  jjiezometers,  together  with  calibrations  and  other 
general  information;  and  in  Table  No.  29  a  part  of  this  is  presented  in 
tabular  form,  together  with  the  coefficients  for  diameter  corrections. 
As  the  experiments  were  made  before  the  entire  line  and  connections 
were  completed,  it  was  possible  to  waste  large  quantities  of  water 
without  materially  affecting  pressures  in  the  surrounding  districts, 
and  a  mean  velocity  of  5.8  ft.  per  second  was  thus  attained. 

Series  Nos.  1,  2,  3  and  4. — A  plan  of  the  entire  experiments  is 
shown  in  Table  No.  3(3.  Pitot  Tube  No.  3  was  not  observed  in  the 
fourth  series,  as  it  was  necessary  to  use  the  1-in.  cock  through  which 
it  was  worked  as  the  western  piezometer  for  the  Army  tangent.  As 
Gauge  No.  6  was  read  on  Cavalry  and  Porter  Streets  in  the  first, 
second  and  foiirth  series;  Tube  No.  3  on  the  Army  tangent  in  the  first, 
second  and  third;  Tube  No.  5  on  the  Porter  tangent  in  the  second, 
third  and  fourth,  and  Gauge  No.  7  on  Cavalry  and  Army  Streets  in  the 
first  and  second  series,  it  was  believed  that  all  the  calibrations  and 
ratings  could  be  checked.  This  has  been  done  in  several  ways,  as  will 
be  shown  in  the  reductions.  The  temperatures  dtiring  the  four  series 
were  unusually  uniform,  and  in  the  various  comparisons  no  correc- 
tions were  made  to  reduce  to  a  uniform  temperature. 

Table  of  Results. — All  readings  were  first  plotted  on  cross-section 
paper,  with  time  as  abscissas,  and  periods  selected  when  it  was  ap- 
parent that  a  uniform  condition  of  flow  had  become  established.  The 
readings  in  each  of  these  periods  were  averaged  into  observations,  and 
Table  No.  31  contains  the  detailed  results  from  such  averages,  together 
with  the  corrections,  reductions  and  logarithms  used  in  the  diagrams. 


EXPBEIMENTS    ON   FLOW   OF   WATER   IN"    PIPES. 


151 


1  1  1  1  1  1  I  M  1  1   1   1 

X  1st  Series. 
•  2d      >> 

""^^"o"  Vg°^''""l-"^50 (ratio  of  B/, when  cor.  f , 

/ 

/ 

/ 

/ 

.* 

t 

J 

'/ 

«< 

f 

"4' 

f 

y 

/ 

*^ 

y 

/ 

/ 

0.89i  X  0.9870 

4th  Series. 
=  0.8894 
J =0.8938  (ratio  cor.  for  I  and  d 

) 

30 
28 
26 
24 
i     22 

0.9920 
0.8891x1.004 

n 

/ 

/ 

/ 

^- 

/ 

1^      18 

^-> 

f/ 

12 
.10 

|6 

l: 

^) 

/ 

/ 

/ 

/ 

,/ 

^ 

,/ 

^ 

luches,  Kerosene. 

H/'-Porter  and  Cavalry,  s'r. 


20   22  24   26  28 
fly -Porter  and  Cavalry,  5  r.  ■ 
Fig.  71. 


II 

/ 

o    Sept.  13, 1898,    1st  Series. 
•       .■      16      ..       2d      ,. 
0.563  =Rating  Value  of  T  5 1  .    „ 

0.792=     -.          „    ..rsj"*^! 

-^  =  140.67 

/ 

/ 

16 

/ 

. 

/. 

O     u 

rSobs.Cr.  H„     „ 

r3obs.Cr.  f;-139-92 

/ 

/ 

^'    12 

f 

,<^ 

/ 

m       10 

^r^ 

*/ 

' 

1"    • 

■t 

/ 

^ 

[^ 

/« 

s 

f 

/ 

/ 

2 

/ 

/ 

/ 

^ 

-?L 

1    1    1    1 

3d  Series. 

/ 

/ 

/ 

/ 

^    c 

/ 

/ 

S 

/ 

Sj 

/ 

•p"  . 

/ 

^      4 

A 

a 

/ 

/ 

/ 

r 

f 

Ss, 

/ 

i 

/ 

1 

L 

2  4 

Inches,  Water. 

Pilot  Tube  3,  Observed  . 


2     4     6     8    10   12   14  16   18  20  22   24   26  28 
Inches,  Water. 

//y' -Porter  Tan. 


153 


EXPERIMENTS    ON   FLOW    OF   WATER   IN    PIPES. 


1       1       1       1       1       1       1       1 

/ 

3d  Series. 

Log.  Hf'^'Loe.  m+n  Log.F^ 

n  =1.857 

/ 

/ 

0.6 

/ 

Log.  TO  =  0.10552 
OT  =  1.275 
TO  =  0.1063 

H^-0.1063F,i-^" 

Hf,  in  Inches, 

/ 

,a.,  JnFee 
•^water.^ 

t   / 

/ 

eo.5 

1 

, 

' 

' 

!-" 

/ 

/ 

tini 

/ 

.0.1 

y 

/ 

/ 

Hf  for  100  ft.=0.02125  F^-**' 

_ 

- 

0.3 

C 

.02125 

Bfio 

100  £t.=0. 

0.0925 
02Uir„ 

1^«"  (when  cor.  f 

.rd.)- 

rr 


n-1.8« 
Log.  ni=0.47S9  injsetosene, 

TO  =3.0123  " 
T„_  3.0123  _-  .„„„, 

™-i.821xl2x2.2029-'''»236i/ 

H.=  0.02364P;l-8«     (not/ 
■0.02364 ., Y~ 


t 


0.9870     "■'"■■""', 
Hy=  0.02395  T^l-844    lji/| 
Ccor.  for  d.)  / 


i 


0.8         0.9         1.0         1.1         1.2         1.3         1.4         -1.4-1.6-1.8    0  0.2  0.4  0.6  0.8  1.0  1.2  1.4  1.6 
Log.  i/y- Porter  Tan.  (incTies  of  .water.)  Log.  ff^-Cavali-y  and  Porter,  5'r.  (inchesterosene)' 

Fig.  74.  Fig.  75. 


//-Porter  Tan. 
Inches,  kerosene   •' 
0     2     4     6      8    10    12    14    16    18    20   22   24   26    28 


ei 


M  M  M  M  l3dk 

es. 

- 

"o^ggg^S  =0.05506  (cor.  for  d.) 

2 

1 

x-v*; 

•0^ 

— - 



f^ 

^ 

J 

M- 

-- 

Ratio  of  h 

Porter  Tan.          .0.12499 

/  Porter  and  Cavali-y    0.13819 

1   M   1   1   1   1   1 

2d 

series. 

- 

0.98™      0.13819  (cor.  ford.) 

^ 

3 

. 

^ 

.'^^' 

V^ 

2 

* 

^ 

\\^ 

r 

1 

/ 

^' 

^ 

K 

■ 

0 

'^ 

^ 

_ 



_ 

L 

_ 

J 

U 

u 

J 

_ 



1 

3d 

Seiies 

Wes 

;H 

)ri2 

on 

^I 

tlon 

^ec 

tio 

■g     Q  02 

/• 

^ 

^ 

\  • 

f   0  01 

\ 

K 

i 

^ 

/ 

\ 

\ 

/ 

\/ 

£■  0.01 

N 

■ 

V 

• 

s 

:5as 

H 

Lriz 

ont 

al( 

;on 

lec 

tioi 

J 

0     2     4      6     8    10    12    14   16    18    20    22   24 
Inches,  kerosene 

H^ Porter  and  Cavalry,  5  r. 


Corrected  Mean  Vel. ,  Feet  per  Second. 


EXPERIMENTS    ON    FLOW    OF   WATER    IN    PIPES.  153 

RecUictions  of  Exjieriments.  « 

Diagrams  and  Explanations. — Fig.  70  shows  grai^hically  the  rela- 
tive Hj.  for  Cavalry  and  Army  Streets,  containing  a  90°  compound 
curve  of  2,  3  and  i-ft.  radius;  and  Porter  and  Cavalry  Streets,  con- 
taining a  90^  5-ft.  radius  curve,  together  with  corrections  for  diameter, 
the  length  in  each  case  being  220.29  ft. 

Fig.  71  shows  graphically  the  relative  Hj.  for  the  Army  tangent, 
and  Porter  and  Cavalry  Section,  containing  a  90°  5-ft.  radius  curve, 
together  with  the  corrections  for  diameter  and  length. 

Fig.  72  determines  the  relative  value  of  readings  taken  simul- 
taneously on  center  with  Pitot  Tubes  Nos.  3  and  5,  in  Series  1  and  2, 
and  has  been  used  to  determine  the  coefficient  of  Tube  No.  5. 

In  Fig.  73,  Hp  in  inches  of  water  on  the  Porter  tangent,  is  plotted 
with  the  observed  i/,,  at  center  by  Pitot  Tube  No.  3.  Before  blowing 
the  oil  out  of  the  differential  gauge  on  Porter  Street,  a  reading  of 
practically  zero  in  kerosene  was  obtained,  thiis  proving  that  with  a 
condition  of  no  flow  Hj.  would  equal  zero.  As  it  is  known  that  the 
line  of  points,  as  plotted  on  the  diagram,  if  continued,  would  pass 
through  the  origin  in  a  curved  line,  it  is  evident  that  H^  does  not  vary 
as  H,. 

To  determine,  for  the  Porter  tangent  and  Tiibe  No.  3,  the  value  of 
m  and  n,  in  the  equation  //^  =  m  V^^^,  when  V„^  =  mean  velocity,  the 
log.  of  i7^  is  plotted  with  the  log.  of  V^  in  the  usual  manner,  and  cor- 
rections made  for  diameter,  and,  for  purposes  of  comparison,  m  reduced 
for  fl^in  a  length  of  100  ft.  of  pipe  (Fig.  74). 

For  thg  purpose  of  determining  the  value  of  n,  in  a  section  con- 
taining a  curve,  the  log.  of  H^  for  Cavalry  and  Porter  Streets  (5-ft. 
radius)  is  plotted  with  the  log.  of  F^  from  Pitot  Tube  No.  5,  as  given 
in  the  second  series;  and  in  a  mapner  similar  to  that  adopted  in 
Fig.  74,  m  and  ti  found  for  the  equation,  Hj.  =  m  V^  (Fig-  75). 

As  the  Hj-  in  the  Porter  tangent  is  not  directly  comi3arable  with 
the  Hj.  in  any  other  section,  it  becomes  necessary  to  determine  its 
relative  frictional  resistance  by  means  of  Pitot  tube  observations. 
Although  it  has  been  shown  that  H,  does  not  vary  as  V\^,  but  rather 
as  Vj-^,  for  the  i)urpose  of  this  comparison,  owing  to  the  range  being 
about  the  same,  the  F,„  obtained  by  the  same  Pitot  tube,  the  H^  in 
each  case  measured  in  kerosene,  and  the  temperatures  very  nearly 
uniform,  Hj.  is  plotted  with  observed  H^.  at  center  by  Tube  No.  3,  and 
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TABLE    No.    31. 
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date. 

PiTOT  Tube  No.  3  at  Army 
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Differential  Gauge  No.  6. 

CAVALii-  ANi.  Porter. 

5-Ft.  Radius. 

Differential 

Gauge  No.  7. 

Cavalry  and  Army 

COMP. 

Differential 

Gauge  No.  7. 

Army  Tangent. 

Differential  Gauge  No.  G. 
Horizontal  Piezometers. 

6 

c 

H 

d 
6 

Observed 

i 

Observed 

1 

a 
d 

0 

H 

1 

d 

a  g 

So. 

Q 

53 

9 

19 
49 

5 
15 
11 

8 
19 
51 
15 
19 

9 

■49' 
21 
9 
49 
17 
13 
10 

0.250 
0.210 
0.193 
0.170 
0.100 
0.083 
0.050 
0.000 
0.000 
0.033 
0.087 
0.115 
0.191 
0.147 
0.033 
0.033 
0.012 
0.097 
0.157 
0.045 

0.200 

0.160 

0.143 

0.120 

0.050 

0.013 

0.000 

-0.050 

-0.050 

—0.017 

0.037 

0.065 

0.141 

0.097 

-0.017 

0.033 

-0.038 

0.047 

0.107 

-0.005 

0.0225 

54 

0.0181 

55 

::::::::::: 

67° 

0.0161 

56 

0.0135 

57 

0.0056 

5S 

0.0014 

5tt 

O.OOCO 

60 

■  ■ 

—0.0056 

61 

69° 

-0.0056 

69, 

—0.0019 

63 

0.0041 

64 

0  0O73 

65 

73° 
■73' 

■76° 

0.0161 

66 

si 
11 

"-'  bo 

-0.086 
—0.106 
-0.140 
0.193 
0.625 
1.672 
2.772 
4  507 

ii 

0.0109 

67 

-0.0019 

68 

0.0037 

69 

l'"3 

—0.0043 

70 

0.0053 

71 

o.oiai 

7" 

'81° 

"82° 
•740 

"ii" 
9 
10 

7 
8 
9 
9 

13 
10 
9 
11 
13 
13 
11 
21 
12 
15 
8 
19 
7 
9 
13 
9 
12 
13 
10 
8 
9 
8 

0.0006 

7S 

2 

10 

8 
9 
9 
9 
15 
13 
13 
13 
13 
12 
13 
21 
17 
15 
8 

6 
11 
13 

9 
12 
13 
10 

8 
10 

6 

0.200 
0.214 
0.275 
0.514 
0.919 
1.933 
3.000 

9!  546 
13.100 
17.515 
17.335 
21.904 
26.213 
25.910 
29.588 
22.077 
13.975 
8.506 
5.114 
3.427 
2.315 
1.639 
1.250 
1.250 
0.885 
0.600 
0.020 
0.017 

74 

75 

76 

77 



78 

79 

80 



81 

6.169 
9.800 
13.855 
18.810 
19.108 
23.700 
28.291 
28.212 
32.317 
24.127 
15.050 
9.310 
5.414 
3.633 
2.454 
1.778 
1.200 
1.300 
0.900 
0.563 
-0.050 
-0.006 

89 

79° 



as 

84 

85 

86 

87 
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88 

79° 

:::.... 

90 

91 

93 

94 

-, 
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96 

9r 
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9P 
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the  relation  between  tliem  determined  in  each  case.  When  corrected 
for  diameter  and  reduced  to  a  uniform  length  of  220.29  ft.,  the  ratio 
between  the  results  obtained  is  the  relative  loss  of  head  in  equal 
lengths  of  Porter  tangent  and  Porter  and  Cavalry  section,  containing  a 
5-ft.  radius  curve  (Fig.  76). 

Fig.  77  shows  graphically  the  difference  in  loressure  measured  at 
two  piezometers  at  the  opposite  extremities  of  the  horizontal  diameter 
of  the  16-in  pipe,  15|  ins.  up-stream  from  the  P.  C.  of  the  compound 
curve,  plotted  with  the  mean  velocities  of  flow  as  abscissas.  No  dif- 
ference was  observed  until  a  velocity  of  about  1.30  ft.  was  reached, 
after  which  a  very  peculiar  condition  of  affairs  was  found  to  exist. 
Whether  these  changes  of  pressure  are  due  to  the  up-stream  curve, 
213  ft.  away,  to  the  down  stream  curve,  15f  ins.  away,  or  to  the  6-iii. 
branch,  the  center  of  which  is  9  ins.  down  stream,  it  is  not  possible  to 
say ;  nor  is  it  clear  that  the  changes  are  the  results  ol  the  impacts  of 
oblique  currents  at  the  high  side,  rather  than  of  the  diminution  of 
pressure  due  to  increased  velocity  in  the  layers  of  water  next  the 
opening  on  the  low  side;  but  the  experiment  establishes  the  fact  that 
the  pressures  recorded  by  orifices  in  the  pipe  wall  are  not  necessarily 
the  same  at  all  points  around  the  circumference  of  the  same  cross- 
section. 

Conclusions. — From  Figs.  74  and  76,  by  means  of  Tube  No.  3  in 
the  first,  and  Tube  No.  5  in  the  second  {H^in  inches  of  water  and  i/, 
in  inches  of  kerosene),  the  following  values  are  derived,  after  correc- 
tions are  made  for  diameter: 

H,  for  100-ft.  Porter  Tangent  =  0.02141  F,„  '-"^l 

Hj  "     "     "  Porter  and  Cavalry  5-ft.  Radius  =  0.02395  F„,  '•'^^ 

By  means  of  Fig.  76,  however,  it  was  found  that  for  equal  lengths, 

Porter  Tangent        ^  0.9045 
Porter  and  Cavalry 

0.02395  X  0.9045       .^-,  „        +i  •  t«-  f 

^  ^^^, ., =  101.2  or  there  is  a   difference   of 

0.02141 

1.2  %,  due  to  discrepancies  in  calibrations,  ratings,  measurements, 
diameters,  etc. 

H..  is  found  to  be  slightly  greater  in  the  Porter  tangent  than  in  the 
Army  tangent,  which  is  accounted  for  by  the  fact  that  the  former  con- 
tained a  16-in.  gate,  16  X  6-in.  cross,  and  Pitot  Tube  No.  5  extending 
to  the  center  of  the  pipe. 
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In  Table  No.  32  are  given  the  relative  losses  of  head  for  the  various 
experimental  sections  (reduced  to  a  uniform  length  of  220.29  ft.),  the 
values  of  m  in  the  equation,  H^  =  m  F,„  '  •~^'* ,  for  the  two  tangents,  and 
the  values  of  c,  in  the  Chezy  formula,  at  velocities  of  1,  2,  3,  4  and  5  ft. 
per  second. 

From  the  relative  values  of  H^,  assuming  the  Army  Street  tangent 
as  a  standai;d,  the  resistance  introduced  by  a  90'='  5-ft.  radius  curve, 
16  ins.  in  diameter,  appears  to  be  equivalent  to  the  resistance  in  26.35 
ft.  of  16-in.  straight  pipe,  and  the  resistance  in  the  compound  radius 
curve  to  that  in  30.03  ft.  of  16-in.  straight  pipe;  and,  on  the  same  basis, 
the  total  resistance  due  to  one  gate,  one  16  X  6-in.  cross,  and  Pitot 
Tube  No.  5  extending  to  the  center  of  the  pipe,  would  be  equivalent 
to  6.35  ft.  of  straight  pipe.  These  values,  if  correct,  ai)j)ly  to  all 
velocities,  and  are  independent  of  the  values  of  c  in  tlie  Chezy  for- 
mula. 


TABLE  No.  32. — Results  of  16-Inch  Pipe  Experiments. 

Comparative  Hj,  and  i?,.  per  1  000  ft.,  with  corresponding  values  of 
c  (Chezy  Formula). 


Location. 

Relative  values 

of  ff.for 

J  =  320.29  ft. 

<B     |,    >«'-    II 

Values  of  c,  in  F  =  c  s/r  .s, 
FOR  Given  Values  of  V. 

1 

a 

3 

* 

5 

Army Tan 

0.9045 
1.0000 
1.0150 

1.0000 
1.0127 
1.1196 
1.1363 

0.2114 
0.2141 

119.3 
118.3 

125.8 
124.7 

129.4 
128.5 

132.2 
131.3 

134.5 

Porter  Tan 

133.6 

Cavalry  and  Porter  5-ft.  Rad. 
Cavalry  and  Ai-my,  comp 

Twelve-Inch  Cast-Ieon  Pipe. 

Description  of  Line. 

Conditions. — The  village  of  Delray  is  adjacent  to  and  southwest  of 
Detroit,  on  the  Detroit  River.  Its  population  in  1898  was  approxi- 
mately 2  000,  and  was  rapidly  increasing.  Several  large  manufacturing 
establishments  were  located  within  its  limits,  with  prosj^ects  of  more 
in  the  near  future,  and,  in  order  to  maintain  proper  fire-protection  and 
provide  a  liberal  water  supply  for  domestic  use,  a  system  of  works  was 
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installed,  construction  beginning  in  July,  1898,  and  final  connections  at 
the  pumps  being  completed  in  tlie  spring  of  1899.  The  supply  of 
water  was  obtained  from  Detroit,  at  a  jjressure  of  about  28  lbs.,  by 
laying  a  12-in.  cast-iron  main  from  the  city  limits  through  a  portion 
of  Delray  to  the  boiler  house  of  the  Solvay  Process  Company,  a 
distance  of  about  1^  miles,  where  two  6-in.  meters  were  installed, 
and  the  water,  after  passing  through  these  meters,  entered  the  Delray 
system. 

This  12-in.  sujiply  line  was  laid  without  any  side  connections  what- 
ever, and  no  taps  were  allowed  to  be  made  to  it,  its  object  being  to 
supi^ly  water  to  the  fire-pumps  at  the  Solvay  plant,  where  steam  is 
obtainable  at  all  times,  day  and  night.  All  experiments  on  l2-in.  pijje 
discussed  in  this  paper,  unless  otherwise  noted,  were  made  on  this 
main. 

Survey. — The  route  of  the  12-in.  pipe  line  was  carefully  staked  by 
transit  on  offset  lines  sufficiently  to  the  side  to  insure  the  line  stakes 
remaining  until  after  the  pipe  was  laid.  In  all,  five  angles  were  intro- 
duced, two  of  which  were  exactly  90°,  and  in  the  remaining  three 
the  tangents  were  swung  sUghtly  to  also  make  right  angles,  in  one  case 
just  before,  and  in  two  cases  immediately  after,  leaving  the  experi- 
mental station. 

All  linear  measurements  were  carefully  made  with  a  new  100-ft. 
steel  tape,  and  it  is  believed  that  no  appreciable  errors  were  made  in 
measuring  the  length  of  either  tangents  or  curves.  The  levels  were 
carefully  run  and  checked,  and  bench-marks  were  estabhshed  about 
every  1  000  ft.  During  pipe  laying,  grade  stakes  were  set  at  about  40-ft. 
intervals,  and  each  pipe  was  lined  and  leveled  as  carefully  as  could  be 
done  by  experienced  pipemen  under  fairly  good  conditions.  After 
being  laid  and  caulked,  an  elevation  was  taken  on  each  pipe  near  the 
spigot  end,  or,  an  elevation  for  every  joint.  The  highest  length  of  pipe 
in  any  of  the  experimental  sections  was  found  to  be  0.11  ft.  above 
grade,  and  the  lowest  0.10  ft.  below  grade,  which  may  be  considered 
very  good  work,  inasmuch  as  a  part  of  the  trench  was  in  quicksand. 
Although  the  entire  line  is  not  level,  each  section  experimented  upon 
was  laid  at  a  level  grade. 

Pipe  laying  was  begun  (see  Fig.  78)  at  Artillery  Avenue,  and  con- 
tinued through  on  South  Street,  and  thence  on  Exposition  Avenue 
and  River  Eoad,  and  a  short  distance  in  the  Solvay  Process  Com- 
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pany's  grounds,  in  the  summer  and  fall  of  1898,  by  one  gang  of  men 
under  the  same  experienced  foreman;  the  work  was  therefore  of 
uniform  character. 

Diameters  of  Pipe. — Before  being  placed  in  the  ditch,  each  length 
of  pipe  was  calipered  in  eight  places,  at  each  end  on  two  diameters  at 
right  angles  with  each  other,  and  similarly  12  ins.  from  each  end.  In 
short  pieces,  only  the  end  caliperings  were  taken.  A  10-in.  brass- 
bound  boxwood  rule  having  a  thin  brass  slide  dove-tailed  in  one  side, 
and  reading  to  n,-  in.,  was  used.  The  entire  12-in.  line  was  calipered 
in  this  way,  and,  although  some  of  the  stretches  of  tangents  have 
never  been  used  for  experimental  purposes,  it  was  thought  best  at 
that  time  to  leave  no  gaps,  as  any  part  might  sometime  be  needed. 
Altogether,  4  349  caliperings  were  taken.  Each  pipe  was  numbered 
with  white  lead  before  being  calipered,  and  in  all  subsequent  levels 
and  locations  was  referred  to  by  this  niimber.  The  caliperings  were 
made  on  the  curves  in  the  same  manner  as  on  the  straight  pipe,  and  a 
template  was  cut  to  fit  some  of  the  curves  to  test  their  radius. 

Pipes  and  Curves.  —  The  pipes  were  of  the  regular  hub  and  spigot 
pattern,  cast  bell  up,  and  yV  in-  in  thickness.  They  were  coated  and 
tested  in  a  manner  similar  to  the  30-in.  pipe.  The  coating  gave  the 
pipe  quite  a  shiny  appearance,  and  most  of  the  roughness  of  surface 
seemed  to  be  due  to  slight  inequalities  in  the  tar  coating. 

The  curves  were  good  smooth  castings,  about  the  same  as  the 
straight  pipe,  and  were  painted  with  two  coats  of  graphite  paint, 
which  gave  a  good  finish,  althoiigh  not  as  glossy  as  found  on  the  pipe. 

Pipe  Laying. — The  soil  encountered  was  mostly  gravel,  with  some 
sand  and  clay  near  Artillery  Avenue.  At  Keid  Street  the  bottom  of 
the  trench  was  damp;  at  Schroeder  Avenue  water  was  first  noticed, 
and  from  there  to  the  River  Road  from  2  to  10  ins.  of  water  would 
rise  over  night  in  the  trench.  Bell  holes  were  dug  for  caulking,  and 
hand  pumps  were  provided  to  keep  the  trench  as  dry  as  jjossible,  all 
joints  being  made  in  the  trench.  The  water  caused  considerable  caving, 
and  on  South  Street,  near  Exposition  Avenue,  the  trench  was  fully  12 
ft.  wide  on  top  and  7  ft.  deep.  After  being  laid  and  caulked,  but 
before  being  covered,  a  test  of  80  lbs.  per  square  inch  was  applied,  and 
all  sand  holes  or  joints  found  sweating  were  properly  attended  to. 

Piezometers. — Two  kinds  of  piezometers  were  used  on  this  line,  the 
locations   of  which   are   shown   on    Fig.    78.     The    f-in.    taps    were 
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ordinary  f-in.  brass  corporation  cocks,  plugged  witii  brass,  flush  at 
the  end,  and  a  ^-in.  hole  drilled  through  the  plug  in  the  center. 
These  were  tapped  into  the  pipe  with  an  ordinary  Mueller  tapping 
machine,  care  being  taken  that  the  inner  end  of  the  cock  should  not 
13roject  into  the  pipe  beyond  the  inside  surface  of  the  iron,  and  that 
the  tajjs  be  located  exactly  on  top  of  the  pipe.  In  four  cases,  how- 
ever (see  12-in.  "  piezometer  "  on  Fig.  78  for  location,  and  Figs.  79 
and  80  for  details),  a  special  piezometer  casting  was  set.  Pressures 
were  obtained  through  sixteen  holes  opening  from  the  circumference 
of  the  pipe  into  a  chamber,  which  in  turn  was  connected  with  a  J-in. 
lead  pipe  carried  to  the  side  of  the  road,  in  the  same  manner  as 
described  and  shown  in  Fig.  16.  The  |-in.  taps  likewise  were  carried 
clear  of  the  roadway.  Two  of  the  large  ijiezometers  were  set  on  the 
South  Street  tangent  exactly  2  000  ft.  apart,  and  a  |-in.  lead  jjipe 
was  carried  on  top  of  2  x  4-in.  hemlock  strips,  laid  on  the  pipe,  from 
each  of  these  piezometers  to  a  point  midway  between  them,  and  thence 
to  the  side  of  the  road.  At  a  point  equally  distant  from  these  piezom- 
eters, a  |-in.  cock  with  a  ^-in.  opening  was  inserted,  and  it,  too,  was 
carried  to  the  side  of  the  road  near  the  |-in.  lead  connections. 

Three  connections  were  thus  brought  side  by  side,  one  being 
connected  with  a  |-in.  lead  pipe  leading  1  000  ft.  east,  one  in  a  like 
manner  leading  1  000  ft.  west,  and  a  third,  a  |-in.  lead  pipe,  to  a  tap 
exactly  midway  between.  Fig.  80  shows  the  arrangement  of  pipes  at 
Schroeder  and  South  Streets,  which  is  the  center  of  the  2  000-ft. 
tangent.  No  trouble  from  freezing  any  of  the  connections  along  the 
12-in.  line  has  occiirred  to  date,  March,  1901. 

Experiments. 

Pipe  Data. — Tables  Nos.  33  and  33a  give  the  location,  sizes  and 
lengths  of  the  various  12-in.  curves  and  tangents  experimented  upon, 
together  with  the  proper  correction  for  slight  differences  in  calibra- 
tions, in  order  to  bring  all  to  a  uniform  diameter  of  12  ins.  It  will  be 
observed  that  the  sizes  are  very  uniform. 

Table  No.  35  gives  the  general  synopsis  of  the  experimental  work 
carried  on,  together  with  locations  of  the  gauges  and  Pitot  tubes  for 
each  series. 

First  and  Second  Series. — Early  in  October,  1898,  preparations  were 
made  to  begin  experimental  work,  and  most  of  the  instruments  were 
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TABLE  No.  33a. 
12-Inch  Line.     (See  Pigs.  78,  79  and  80.) 

Feet. 

From  P.  I.  of  preceding  curve  to  B.  O.  on  Artillery  Ave 3  110.6 

"     B.  O.  on  Artillery  Ave.  to  center  of  gate  at  Artillery  Ave.  and  South  St.  282.2 
"     center  of  gate  at  Artillery  Ave.  and  South  St.  to  first  piezometer  of  4-ft. 

radius  curve  section 1 .457 

"     first  to  second  piezometer  of  4-ft.  radius  curve  section 100.00 

"     second  piezometer  of   4-ft.  radius  curve  section  to  center  of  gate  at 

Crawford  St 441 .7 

'•     gate  at  Crawford  St.  to  gate  at  Reid  St 373.8 

"     gate  at  Reid  St.  to  first  piezometer  of  2  000-ft.  tangent 25.75 

"     first  to  middle  piezometer  of  2  000-ft.  tangent 1  000.0 

"     middle  to  last  piezometer  of  2  000-ft.  tangent 1  000.0 

"     last  piezometer  of  2  000-ft.  tangent  to  center  of  gate  at  Kercheval  St 68.0 

"     gate  at  Kercheval  St.  to  gate  at  Exposition  Ave 591 .2 

"     center  of  gate  at  Exposition  Ave.  to  first  piezometer  of  1.08-ft.  radius 

curve  section 1 .457 

"     first  to  second  piezometer  of  1.08-ft.  radius  curve  section,  South  St.  and 

Exposition  Ave 100.0 

"     second  piezometer  of  1.08-ft.  radius  curve  section  to  center  of  gate  at 

St.  Clair  St 557.7 

"     center  of  gate  at  St.   Clair  St.  to  first  piezometer  of  first  3-ft.  radius 

ciu-ve  section 635.4 

'■     first  to  second  piezometer  of  first  3-ft.  radius  curve  section,  Exposition 

Ave.  and  River  St 100.0 

"     second  piezometer  of  first  3-ft.  radius  curve  section  to  12  x  3-in.  Tee  (near 

B.  O.) 33.0 

"     12  X  8-in.  Tee  (near  B.  O.)  to  center  of  12-in.  gate 2.61 

"     center  of  12-tn.  gate  (near  B.  O.)  to  first  piezometer  of  second  3-ft.  radius 

curve  section 284.4 

"     first  to  second  piezometer  of  second  3-ft.  radius  curve  section,  River  St. 

and  Solvay  Grounds 100.0 

"     second  piezometer  of  second  3-ft.  radius  curve  section  to  first  piezometer 

of  2-ft.  radius  curve  section 810.4 

''    first  to  second  piezometer  of  2-ft.  radius  curve  section,  Solvay  Grounds.  100.0 
"     second  piezometer  of  2-ft.  radius  curve  section  to  P.  I.  of  90°  bend,'  near 

meters 78.3 

stored  in  a  building  near  where  the  work  was  to  be  conducted.  It  was 
not,  however,  until  November  4th  that  the  first  series  was  obtained, 
and  it  was  then  found  that  Mercury  Gauge  No.  2  had  burst,  from  freez- 
ing, and  could  not  be  used  on  this  work. 

At  this  time  the  meters  had  not  yet  been  set,  and  the  velocities  in  the 
first  series  were  read  with  Pitot  Tube  No.  3  vertical  and  Gauge  No.  8, 
at  Kercheval  and  South,  in  the  piezometer  special  at  the  lower  end  of 
the  2 000-ft.  tangent;  and  in  the  second  series,  in  piezometer  special  at 
the  upper  end  of  the  2  000-ft.  tangent,  near  Eeid  and  South  Streets. 
The  Pitot  tube  connection  in  the  upper  piezometer  (Keid  and  South 
Streets)  is  25  ft.  9  ins.  below  a  12-in.  gate,  and,  although  all  gates 
were  taken  apart  shortly  after  the  hne  was  laid,  and  examined  to  see 
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that  the  discs  would  rise  enough  to  give  a  clear  opening,  the  Pitot 
tube  readings  taken  here  show  a  very  peculiar  distribution  of  veloci- 
ties, which  has  already  been  discussed. 

At  the  piezometer  special  at  Kercheval  and  South  Streets,  no  Pitot 
tube  observations  were  taken  with  the  tube  placed  in  the  pipe  hori- 
zontally, owing  to  the  water  in  the  Avell  standing  at  the  top  of  the 
12-in.  pipe,  and,  although  it  could  be  lowered  somewhat,  the  hand 
pumps  were  unable  to  keep  the  well  clear.  It  had  been  the  intention 
to  make  Pitot  tube  observations,  both  horizontally  and  vertically,  to 
better  determine  the  distribution  of  velocities,  but,  on  account  of  the 
water,  it  was  impossible  to  do  this. 

Gasoline  was  used  in  the  differential  gauges  for  these  series  instead 
of  kerosene,  which  has  since  been  found  to  be  more  satisfactory  for 
ordinary  use,  and  one  of  these  gauges  was  placed  on  the  13-in.  radius 
curve  at  Exposition  and  South  Streets;  the  intention  being  to  have  one 
always  at  this  2:)oint,  and  to  move  the  other  from  place  to  place. 


TABLE  No.  35. 
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Numbers  denote  gauges  used  at  points  indicated. 
K.  —  Kerosene  in  gauge. 
G.  =  Gasoline    "       " 
M.  =  Mercury    '■ 

*  Indicates  method  of  observing  velocity. 
] 

Third,  Fourth,  Fifth,  and  Sixth  Series. — During  the  spring  of  1899, 
all  final  connections  were  completed,  and  on  June  7th,  8th,  and  9th, 
experimental  work  was  carried  on  with  Gauges  Nos.  6  and  7,  filled  with 
kerosene.  One  of  the  6-in.  meters,  No.  116  728,  was  entirely  closed, 
and  all  water  passed  through  No.  116  727,  which  was  read  to  the  nearest 
cubic  foot  each  minute. 
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Notes  of  Work. — To  properly  understand  the  manner  in  which'the 
water  was  wasted,  attention  is  again  called  to  Fig.  78.  In  the  first  and 
second  series  the  water  passed  through  the  12-in.  pipe  until  it  reached 
the  12  X  8-in.  tee  at  the  blow-oflf,  thence  out  of  the  blow-off  gate  into  a 
24-in.  sewer.  In  the  third,  fourth,  fifth  and  sixth  series  the  water 
passed  through  the  12-in.  pipe  to  the  meter,  through  the  meter  and 
back  in  the  10-in.  pipe  to  the  10  x  8-in.  blow-off  tee,  thence  out  of  the 
same  blow-off  gate  as  in  the  first  and  second  series.  In  each  case  the 
necessary  gates  to  obtain  this  result  were  opened  and  closed  at  the 
blow-off,  and  all  regulations  of  flow  were  made  with  the  8-in.  blow-off 
gate. 

The  observations  made  in  Delray  were  consideied  good  at  the  time 
they  were  taken;  the  gauges  worked  well,  no  trouble  was  experienced 
with  leaks,  and,  all  in  all,  the  general  results  seemed  to  be  very 
satisfactory. 

Before  beginning  work  in  1899,  the  lines  were  thoroughly  flushed,  to 
remove  any  sediment  which  might  have  collected  in  the  bottom  of  the 
pipe. 

Six-Inch  Meter. — The  following  general  description  of  the  meter  used 
is  taken  from  the  manufacturer's  catalogue.  * 

"The  displacing  or  measuring  member  consists  of  a  plain  flat 
disc  having  a  ball  and  socket  bearing,  and  is  adapted  to  oscillate  in  a 
chamber  comprised  of  two  sections  joined  together,  in  which  each  of 
the  inside  faces  approximates  the  frustum  of  a  cone;  the  exterior  con- 
fining wall  assuming  the  form  of  a  circular  zone.  The  disc  has  a 
single  slot  projecting  radially  from  the  ball,  which  embraces  a  fixed 
metallic  diaphragm  set  within  and  crosswise  of  one  side  of  the  cham- 
ber, the  discs  being  thus  prevented  from  rotating;  but,  when  it  is 
caused  to  oscillate  in  contact  with  the  cone  frustums,  the  chamber, 
by  these  means,  is  divided  into  sub-comijartments  or  measuring- 
spaces.  Now,  if  the  ports  of  ingress  and  egress  are  properly  dis- 
posed on  opposite  sides  of  the  diaphragm,  the  disc  will  act  as  its  own 
valve." 

The  size  used  in  these  experiments,  6-in.,  has  "  an  advised  maximum 
duty  of  100  cu.  ft.  per  minute,  but  it  may  be  operated  at  forced  flows 
of  120  eu.  ft.  \)cv  minute."  The  highest  qiiantity  recorded  during  the 
work  was  108.43  cu.  ft.  per  minute,  in  the  foiirth  series. 

At  the  time  the  experimeats  were  made,  it  was  supposed  that  a 
rating  at  different  velocities,  determined  from  the  result  of  exj^eriments 
*  Catalogue  of  the  Thomson  Meter,  received  in  1900. 
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made  to  ascertain  the  accuracy  of  the  various  sizes  nuder  different  con- 
ditions of  flow,  could  be  obtained  from  the  maniifacturer.  The  writers, 
however,  have  not  been  able  to  obtain  siich  a  rating. 

Reductions. 

Partial  Log  of  Besiflfs. — All  observations  taken  in  the  field  were 
plotted  directly  on  cross-section  paper,  20  ins.  wide,  ruled  ten  to  1  in. 
The  abscissas  were  divided  to  rejii-esent  time,  and  the  ordinates  to 
various  scales,  to  graphically  show  readings  of  all  gauges  taken 
simultaneously.  Fig.  ^1  shows  the  original  plotting  of  the  work  of 
the  afternoon  of  June  8th,  sixth  series,  which  is  self-explanatory. 
If  there  was  any  difierence  in  time,  as  shown  by  the  different 
observer's  watches,  it  became  evident  on  these  sheets,  and  did  not 
interfere  with  the  reductions.  Whenever  it  was  apparent  from  the 
lines  drawn  that  equilibrium  had  become  established,  an  observation 
was  averaged  and  the  result  was  placed  on  the  diagram. 

Table  of  Results,  Complete. — In  Table  No.  34  the  results  for  all  series 
are  given,  as  averaged  by  aid  of  the  plotted  sheets  from  the  field  notes, 
without  a  change  or,  correction,  together  with  corrections  and  altera- 
tions as  made  by  the  writers,  and  necessary  logarithms  to  properly 
understand  the  diagrams  which  follow. 

Diagrams  and  Explanations. — In  Fig.  82  a  comparison  is  made 
between  H,  in  inches  of  water  at  60°  p^ahr. ,  in  the  13-in.  radius  curve, 
and  Hj,  in  the  4-ft.  radius  curve,  first  series,  and  the  equation  found  by 
means  of  centers  of  gravity. 

In  Fig.  83,  H  in  the  13-in  radius  curve,  in  inches  of  kerosene  at  60° 
Fahr.,  is  compared  with  -H^in  the  3-ft.  radius  curve  at  Exposition  and 
Eiver  Streets,  which  is  also  in  kerosene  at  60°  Fahr. ,  fourth  series, 
and  correction  is  made  for  diameter  j  likewise  Hj,  in  the  13-in.  radius 
curve,  kerosene  at  60°  Fahr.,  is  compared  with  iJ^ in  the  3-ft.  radius 
curve  at  River  and  Solvay,  kerosene  at  60°  Fahr.,  fifth  series;  and  i7^ 
in  the  13-in.  radius  curve,  kerosene  at  60°  Fahr.,  with  //,  in  the  2-ft, 
radius  curve,  kerosene  at  60°  Fahr. ,  sixth  series. 

As  the  results  obtained  in  Figs.  82  and  83  are  relative,  and  the 
addition  or  subtraction  of  a  constant  from  a  series  of  any  of  the  obser- 
vations would  not  alter  the  slope  of  the  lines  indicated  on  these  dia- 
grams, the  points  plotted  are  observations  derived  directly  from  the 
original  readings,  with  no  corrections  applied  except  for  temiDerature. 
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In  Fig.  84  the  ratio  of  //,-,  in  the  2  000-ft.  tangent,  expressed  in  inches 
of  water  at  60°  Fahr.,  first  and  second  series,  with  the  Hj-oi  the  13-in. 
radius  curve,  in  inches  of  water  at  60°  Fahr.,  first  and  second  series, 
are  plotted,  and  the  equation  determined.  There  seems  to  be  no 
evidence  that  the  average  line  of  points  could  be  represented  better 
by  a  curve  than  a  straight  line,  as  shown  on  the  diagram,  and  it 
may  therefore  be  safely  predicted  that  the  value  of  n,  in  the  equation 
H.  =  m  V"',  will  be  found  to  be  very  nearly  the  same  in  straight  pipes 
and  curves. 

Pitot  Tube  and  Meter. — In  Fig.  85  the  corrected  center  velocities,  as 
reduced  from  observations  by  Pitot  Tube  No.  3  at  Kercheval  and  South 
Streets,  third,  fourth  and  fifth  series,  are  plotted  with  the  mean 
velocity  as  recorded  by  the  6-in.  meter. 

The  points  are  averaged  as  a  straight  line,  although  this  line  does 
not  pass  exactly  through  the  origin.  Five  of  the  points  plotted  were 
obtained  in  the  third  series,  and  it  will  be  seen  by  referring  to  Column 
42  that  Gauge  No.  9  failed  to  come  to  about  zero  when  the  12-in.  line 
was  very  nearly  closed  off.  The  correction  necessary  to  be  applied, 
Column  43,  — 0.148  in.,  was  determined  by  carefully  plotting  the 
observed  readings,  Column  42,  with  Hj  in  the  west  and  east  1  000-ft. 
tangents.  Columns  56  and  62,  and  estimating  the  distance  necessary  to 
move  the  line  so  obtained  in  order  to  cause  it  to  pass  through  the 
origin. 

The  slope  of  the  line  indicates  that  the  ratio  of  mean  velocity 
( ^m)  ^y  meter,  to  the  true  center  velocity,  as  found  by  the  Pitot 
tube  at  Kercheval  and  South  Streets,  is  0.842.  As  has  been  previously 
demonstrated,  under  the  heading  "  Pitot  Tubes,"  the  ratio  of  center 
velocity  to  mean  velocity,  determined  by  the  various  Pitot  tubes,  is 
0.84,  or  practically  the  same  as  given  here. 

It  will  thus  be  seen  that,  by  two  entirely  different  and  dissimilar 
methods  of  measurement,  the  discharge  of  this  pipe  coincides  within 
i  of  1  per  cent. 

All  the  results  obtained  on  Hp  in  Series  3,  4,  5  and  6,  were  plotted 

with  -r—  =  H,,  =  velocitv  head,  as  derived  from  meter,  and  all  irreg- 

ularities  of  points  investigated;  1st,  for  errors  in  reductions,  and  2d, 
for  improper  choice  of  lengths  of  observations  or  apparent  mistakes 
in  reading  the  scale  on  the  gauges  or  meters. 
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The  initial  error,  if  any  existed,  was  tlius  graphically  represented, 
and  in  Fig.  86  is  shown  one  of  these  plottings. 

In  this  case,  the  west  1  000-ft.  tangent,  is  corrected  with  -\-  0.159, 
Column  56,  which  brings  a  zero  observation  (25),  when  the  meter  is 
recording  a  mean  velocity  of  0.01  ft.  per  second,  because  a  careful 
study  of  this  diagram,  when  drawn  to  a  large  scale,  tends  to  show 
that  Observation  25  is  slightly  too  low,  relatively.  As  the  line  of 
points  is  not  straight,  it  is  evident  that  H^  does  not  vary  as  F". 

Up  to  the  time  of  making  the  experiments  shown  on  this  diagram, 
considerable  time  had  been  expended  in  determining  whether  the  size 
of  the  hose  and  lead  pipe  connecting  with  the  piezometer,  or  the  use  of 
unequal  lengths  of  hose  on  each  side  of  the  differential  gauges,  would 
cause  a  variation  in  the  readings  obtained.  This  diagram  proves  that 
the  gauge  may  be  set  and  connected  in  any  manner,  without  varying 
the  results,  provided  no  other  sources  of  error  exist. 

Value  of  n,  in  H,.  =  m  F".— As  it  was  shown  by  Fig.  86  that  H^  in 
the  tangent  does  not  vary  as  V'^,  it  is  assumed  that  the  equation  Hj.  = 
m  F"  ±  b,  fairly  expresses  the  true  relations  between  Hj  and  F.  As  it 
seems  hardly  i^racticable  to  eliminate  ±bhj  plotting  logarithmically, 
the  assumption  is  made  that  it  is  a  constant  quantity  in  any  one 
series,  and  is  first  eliminated  in  the  table  of  results.  The  equation 
then  becomes  H^  =  m  F".  which,  for  logarithmic  plotting,  may  be 
written  log.  H,  =  log.  m  +  n  log.   F,  a  straight  line  (see  Fig.  87). 

Only  the  logs,  in  the  higher  velocities  are  averaged,  and  the 
straight  line  calculated  by  the  centers  of  gravity  in  the  manner 
previously  described.  In  the  foregoing  equation,  n  is  found  to  equal 
1.779. 

The  value  of  n,  in  the  equation  Hf  =  m  F",  for  the  13-in.  radius 
curve,  is  obtained  in  a  manner  similar  to  that  for  the  tangents  in 
Fig.  87.  As'  Hf  was  measured  with  gasoHne  in  the  differential 
gauges  in  the  first  series,  and  kerosene  in  the  foiirth,  fifth  and  sixth 
series,  all  are  brought  to  the  equivalent  in  inches  of  water  at  60^^ 
Fahr.  in  Fig.  88;  and  as  the  velocity  in  the  first  series  was  observed 
by  Pitot  Tube  No.  3,  the  log.  of  its  corrected  mean  velocity  is  used; 
while  in  the  fourth,  fifth  and  sixth  series,  the  log.  of  the  mean  velocity 
is  plotted  as  given  by  the  meter. 

It  is  remarkable  how  closely  the  points  fit  the  computed  straight 
line  and  show  how  closely  the  velocities  coincide  when  determined  at 
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various  times  by  Pitot  tube  and  meter.     The  value  of  n  is  found  to  be 
1.795. 

As  explained  before,  the  readings  obtained  at  Keid  and  South 
Streets  in  the  second  series,  with  Pitot  Tube  No.  3,  gave  a  very  un- 
equal distribution  of  velocities.  At  Kercheval  and  South  Streets, 
where  the  velocities  are  much  more  uniformly  distributed,  it  has  been 

shown  that r^  =  -^  =  0.84.    Fig.  89  shows,  in  a  general  way, 

center  vel.         V^  ^  '  &  J> 

that  the  ratio  0.84  holds  good,  within  reasonable  limits,  where  applied 

to  a  cross-section  of  unsymmetrical  distribution,  caused  by  a  partially 

closed  gate,  or  an  ordinary  obstruction  on  one  side  of  the  pipe.     The 

average  line  is  drawn  by  eye,  and  is  only  an  approximate  mean. 

Conclusions. — ^It  is  evident  from  Table  No.  36  that  something  is 
wrong  with  the  results  derived  from  one  of  the  3-ft.  radius  curves. 
As  no  indication  of  the  cause  for  this  diflference  can  be  found  in  any  of 
the  observations,  this  variation  may  be  due  to  any  of  the  following 
reasons:  (1)  Measurement  error  in  setting  a  piezometer;  (2)  one  of  the 
piezometers  not  set  at  right  angles  to  flow;  (3)  air  in  one  of  the  gauge 
connections  which  remained  in  a  horizontal  section  of  the  hose  or  lead 
pipe  during  a  condition  of  no  flow,  but  which  moved  into  a  vertical 
section  as  the  flow  was  increased  and  the  reading  of  the  gauge  became 
greater;  f4)  the  effect  in  the  loss  of  head  caused  by  a  change  in  align- 
ment in  front  of  the  first  piezometer. 

The  measurements  were  very  carefully  made  and  checked,  and  no 
discrepancies  can  be  found  in  any  of  the  notes  of  the  work;  the  piezom- 
eters were  all  set  by  the  same  men  and  with  the  same  taj^ping 
machine,  and  the  lead  and  hose  connections  were  allowed  to  run  for 
some  time  before  being  connected  to  the  gauge. 

The  only  curve  on  the  entire  line  having  a  slight  swing  in  the  pipe 
immediately  before  the  curve  was  at  Exposition  and  South  Streets, 
where  a  2°  change  in  alignment  was  made  in  the  joints  about  50  ft. 
from  the  first  jjiezometer.  How  much  effect  this  would  have  on  the 
gauge  readings,  the  writers  are  not  prepared  to  say,  but  it  is  known 
from  the  results  obtained  on  the  30-in.  cast-iron  jDipe  that  the  effect  of 
curvature  extends  more  or  less  into  the  following  tangent,  and  it  seems 
probable  that  the  effect  in  this  case  has  been  to  increase  the  value  of 
iT^in  the  section  containing  the  curve. 

Omitting  this  curve,  the  length  of  tangent  necessary  to  produce  the 
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loss  of  head  occasioned  by  deflecting  flowing  water  tlirough  each  of  the 
90^  ctiives  is  taken  from  Column  4  and  given  as  follows: 

Hf90^   13-in.  radiiis   curve   in    excess  of  Hj-in  equal  length  of 

straight  pipe  is  equivalent  to  H,-  for  19.7  ft.  of  tangent. 
Hj.  90°  2-ft.  radius    curve    in    excess  of  H^  in    equal   length  of 

straight  pipe  is  equivalent  to  /^  for  8.63  ft.  of  tangent. 
Hj-  90°  3-ft.  radius    curve    in    excess  of  H^-  in    equal   length  of 

straight  pipe  is  equivalent  to  Hj,  for  13.92  ft.  of  tangent. 
Hj-  90 3  4- ft.  radius    curve    in    excess  of  H^  in  equal   length  of 

straight  pipe  is  equivalent  to  H^.  for  15.27  ft.  of  tangent. 

From  Column  6  it  is  seen  that  i7,  a  F'-'^^  for  the  Exposition  and 
South  Streets  1-ft.  radius  curve.  In  Columns  7  to  16  the  values  of  Hj, 
and  c  (Chezy  formula)  are  determined  for  several  velocities.  Except 
those  given  for  the  South  Street  2  000ft.  tangent,  these  values  are 
useful  principally  for  comparisons.  The  equation  for  flow  through 
1  000  ft.  of  the  straight  pipe  is  found  to  be  H,  =  0.3233  F'  -"^  measured 
in  feet  of  water  at  60°  Fahr. 

Conclusions. 

General  Discussion. 

Ciirvaiure  and  Other  Effects. — The  foregoing  experiments,  taken  as  a 
whole,  prove  beyond  question  or  doubt  that  the  hitherto  accepted 
notions  of  the  laws  governing  curve  resistance  are  wholly  in  error.  As 
was  suggested  in  the  discussion  of  the  distortion  of  the  velocity  curve, 
the  resistance  due  to  curvature  is  proved  to  be  very  miich  less  in  the 
short  than  in  the  long-radius  curves  for  the  same  total  length  of  pipe 
and  angle  of  deflection.  From  the  experiments  upon  the  30-in.  pipe, 
as  well  as  those  on  the  12-in.,  it  is  apparent  that  the  90°  curve  intro- 
ducing the  least  resistance  in  a  total  length  of  80  diameters  is  one  of 
between  2  and  2i  diameters  radius.  Fig.  90  shows  graphically,  more 
clearly  than  words  can  describe  them,  the  net  results  of  the  curve  in- 
vestigation. All  the  curve  sections  are  reduced  to  a  uniform  length 
of  80  diameters  by  adding  on  or  taking  away  tangent  resistance.  The 
lengths  of  the  axes  of  the  curved  pipe,  in  units  of  the  pipe  diameters, 
are  plotted  as  the  abscissas,  and  the  percentages  of  excess  of  the  ob- 
served losses  of  head,  in  the  curve  section  80  diameters  long,  over 
those  observed  in  an  equal  length  of  preceding  tangent,  are  plotted  as 
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the  ordinates.  In  the  cases  of  the  30-in.  curves  the  resistance  in  the 
preceding  tangent  has  been  taken  as  the  standard  of  comparison, 
except  where  that  tangent  was  very  short,  or  was  aflfected  by  ab- 
normal conditions.  In  the  latter  cases,  those  of  the  40-ft.  radius  and 
small  comi3ound  curves,  the  loss  of  head  has  been  compared  to  the 
mean  of  the  second  preceding  and  the  following  tangent.  In  the  case 
of  the  first  long  compound  curve,  a  value  about  3j'o  below  that  shown 
by  the  Orleans  tangent  has  been  assumed  for  its  preceding  tangent  on 
Scott  Street,  and  the  curve  section  filled  out  to  its  full  length  by 
adding  a  section  with  this  resistance.  On  account  of  the  specials  in 
the  Rivard  tangents,  particularly  the  upper  one,  the  resistance  in  the 
10-ft.  radius  curve  has  been  compared  to  that  in  the  East  Alexandrine 
tangent.  The  16-in.  curves  are  compared  with  the  Army  tangent,  and 
the  12-in.  curves  with  the  long  South  Street  tangent. 

The  experiments  on  the  30-in.  pipe  also  show  that  there  is  in  general 
a  continuous  increase  in  the  tangent  resistances  as  each  curve  is  passed, 
as  though  each  curve  added  something  to  the  losses  in  the  following 
tangent.  This  effect  is  clearly  shown  in  Table  No.  28,  and  also  in 
Table  No.  37  of  the  values  of  c  in  the  Chezy  formula,  which  have  been 
computed  for  the  long  tangents,  and  are  repeated  here  for  conveni- 
ence. 


TABLE   No.    37. 


-expekimental  values  of  c, 
Tangents  on  30-Inch  Pipe. 


V 


r  s,   IN 


Tangent. 

Value  of  c. 

Remarks. 

Hale  Street 

m.5 

115.9 
114.6 
109.6 
115.4 
115.9 
118.3 
114.4 

.         11         ., 

Brady  Street 

4                        U                        .. 

South  Rivard  Street 

North        "           '•      

'         gate  and  3  branches  at  upper  end. 
^         no  specials. 

'        gate  at  lower  end 

2  branches  separated. 

East  Alexandrine  Avenue. . . 
West           "                   "      ... 
South  Alley 

North     "     

It  will  be  seen  from  Table  No.  28  that  those  tangents  in  which  the 
resistance  is  abnormally  high  are  followed  by  curves  in  which  the  re- 
sistance is  abnormally  low,  and  vice  versa.  From  this  and  the  increase 
of  tangent  resistance  after  passing  each  curve  it  is  evident  that  the  re- 
sistance generated  by  the  curve  passes  beyond  the  section  containing 
it  in  these  investigations.     The  same  appears  to  be  true  with  the  re- 
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Per  Cent.  Excess  of  Hf  in  Curve  Section,  over  H/'iu  80  Diameters  of  Tangent. 
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sistances  caused  by  gates,  and  it  will  be  seen,  by  the  correction  ajjplied 
to  tlie  15-ft.  radius  curve  experiment  in  Fig.  90,  to  eliminate  the  effect 
of  gates  and  specials,  whereby  the  position  of  the  jjoint  6  is  moved  to 
6a,  that  the  loss  of  head  through  a  fully  open  gate  may  be  half  as  much 
as  that  of  the  curve  of  least  resistance. 

The  traverses  taken  at  short  distances  below  gates  have  shown  the 
water,  on  the  side  toward  the  opening  into  the  bonnet,  to  be  retarded, 
and  when  it  hajipens  that  the  setting  of  a  gate  in  the  down-stream 
portion  of  a  curve  section  is  such  as  to  oppose  'the  action  of  the  bonnet 
to  that  of  the  curve  a  very  high  resistance  is  observed  in  the  curve 
section,  and  a  very  low  one  in  the  tangent,  because  the  gate  tends  to 
cause  the  velocities  to  readjust  themselves  in  passing,  with  the  at- 
tendant loss  of  head  there.  This  is  seen  in  the  case  of  the  15-ft.  radius 
curve  at  Rivard  and  Brady  Streets,  and  in  the  first  large  compound 
curve  at  Scott  and  Orleans  Streets.  In  the  latter  the  effect  of  a  gate  is 
evidently  more  than  compensated  by  the  30  x  30-in.  Y.  In  both  of 
these  cases  the  following  tangents  are  seen  to  have  quite  low  losses  of 
head. 

In  the  table  on  Fig.  90,  in  addition  to  the  plotted  data,  there  is 
shown  in  the  last  column  the  number  of  feet  of  tangent  that  would 
give  a  resistance  equal  to  the  excess  in  the  curve  section.  An  apjjrox- 
imate  curve  effect  locus  is  sketched  through  the  points  that  seem  to 
the  writers  most  probable,  and  memoranda  are  entered  at  the  several 
points  which  do  not  fit  it,  stating  what  reasons  are  known,  to  account 
for  the  eccentric  positions. 

The  data  thus  far  obtained,  however,  are  insufficient  to  determine 
the  distance  to  which  the  effects  of  a  disturbance  travel,  and  hence  the 
figure  cannot  be  considered  as  complete,  for,  if  the  disturbance 
extends  beyond  the  outlet  piezometer  of  the  section,  only  a  part  of  the 
loss  due  to  the  curve  is  shown  by  the  gauge,  but,  from  the  traverses, 
it  appears  that  they  may  extend  farther  at  low  than  at  high  velocities, 
which  is  as  would  be  expected,  if  the  friction  on  the  pipe  wall  increases 
with  a  higher  power  of  Fthan  the  first. 

The  values  of  c  already  presented  appear  somewhat  high  for  the 
12-in.  pipe,  and  decidedly  low  for  the  30-in.  The  smoothness  of  the 
two  lines  was  the  same,  as  nearly  as  could  be  judged,  and  the  conclusion 
is  that  the  deficiency  in  carrying  capacity  of  the  latter  was  due  to  the 
effects  of  curvature  and  specials.     The  apparent  effect  of  the  2^^  deflec- 
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tion  of  the  ui3-stream  tangent,  50  ft.  from  the  3-ft.  radins  curve,  at 
River  Street  and  Exposition  Avenue,  is  a  startling  exhibition  of  the 
results  of  small  changes  in  alignment,  as  is  also  the  reduction  of  c, 
from  123  in  the  Hale  Street  tangent  to  116  in  the  Brady  Street  tangent, 
of  the  results  of  larger  deflections.  Having  shown  that  the  long,  so- 
called  easy  curves  may  be  productive  of  a  very  great  increase  in  the 
resistances  to  flow,  the  importance  of  careful  alignment,  both  hori- 
zontally and  vertically,  is  apj^arent,  and  it  seems  to  the  writers  that 
this  element  has  in  the  past  been  greatly  overlooked,  while  the  effects 
of  roughness  have  been  exaggerated.  It  will  be  recalled  that  in  riv- 
eted and  stave-pipe  lines  the  long,  easy  curve  is  a  jirominent  feature,, 
and  it  seems  entirely  possible  that  some  unexpectedly  low  coefficients 
for  such  lines  are  due  to  this  caiase. 

Coefficients. — The  values  of  e,  in  the  Chezy  formula,  have  been  already 
pi'esented  for  the  several  investigations,  but  for  convenient  reference 
they  are  assembled  in  Table  No!  38. 

TABLE  No.  38.— Experimental  Values  of  c,  in  Chezy  Fobmula,  fok 
Straight  Pipe. 


Diameter  of  pipe, 
in  inches. 

Velocities,  in  Feet  per  Second. 

1. 

2. 

3. 

4. 

5. 

12...                   

101.5 

119.3 

109.6  to  123.4 

109.6 

125.8 

109. 6  to  123.4 

114.6 

129.4 

109.0  to  123.4 

118.3 

132.2 

109.6  to  123.4 

121.3 

16 

134.4 

30 

109.6  to  123.4 

In  Table  No.  39  are  presented  the  values  of  n  and  m,  in  the  equation 
of  resistance,  Hj.=  mV'^. 

Table  No.  40  presents  the  calibrations,  at  60°  Fahr.,  of  the  various 
fluids  experimented  with  in  the  fluid  differential  gauges,  as  obtained  by 
experiments  with  the  gauges. 

Accuracy  of  Results.  — Pitot  tube  measurements  of  discharge  at  the 
same  location,  made  with  the  same  instruments  and  under  similar  con- 
ditions, but  at  different  times,  were  found  to  coincide  within  -^^  of  1 
per  cent. 

Pitot  tube  measurements  of  discharge  at  different  locations,  with 
different  instruments  under  similar  conditions,  but  at  different  times, 
were  found  to  coincide  within  from  1  to  1.7  per  cent. 
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TABLE   No.   39. — Expekimental  VAiiUES  of  n  and  m  for  Tangents, 

WHERE    Hj^  IS   MEASXIBED  IN  1  000  Ft.,  IN  WaTER. 


Diameter  of  pipe,  in  inches. 

Location. 

n* 

r,^. 

12                               

South  Street 

1.779 
1.857 
1.860 
2.000 
2.000 
2.000 
2.000 
2.000 
2.000 
2.000 
2.000 
2.000 

0.3879 

Porter  Street 

0.2141 

0.2114 

0.1051 

30                                                    .     . 

Rowena  Street 

0.1084 

0.1192 

0.1220 

30                                                 

N.  Rivard  Street 

0.1330 

30 

E.  Alexandrine  Avenue 

W.  Alexandrine  Avenue  .... 
S.  Alley 

0.1201 

30                   

0.1192 

30     .                                         

0.1145 

30 

N.  Alley.. 

0.1223 

*  The  value  of  n  for  the  12-in.  pipe  is  given  in  Fig.  87.  For  the  Porter  tangent  it  was 
carefully  computed  (Figs.  74  and  75. )  For  the  Army  tangent  it  appeared  to  be  sUghtly 
greater  than  for  the  Porter  tangent.  On  the  30-in.  line,  n  was  determined  for  the  15-ft. 
radius  curve  (Fig.  27),  and  this  value  was  used  for  all  sections,  because  they  all  plotted 
straight  lines  with  the  resistance  in  the  15-ft.  radius  curve. 


TABLE   No.  40. 


-Equivalents,  at  60°  Fahr.,  of  1  In.  of  Water  at 
Same  Temperature. 


Fluid. 

Equivalent  in  water  in  differential  gauge. 

Mercury        .       .                    

0.0795  in. 

1.0000    " 

Gasoline 

3.5200  ins 

Kerosene 

4.8950    " 

Sperm  oil 

8.9850    " 

Pitot  tube  ratings  in  2-in.  brass  pipe  gave  a  coeflScient,  for  Tube 
No.  3,  of  0.89  (page  33).  Simultaneous  observations  in  the  field  work 
in  30  and  16-in.  pipe  with  Tubes  Nos.  3  and  5  determined  the  coeffi- 
cient of  the  latter  to  be  0.75  (page  37).  Tube  G  was  rated  in  5-in. 
brass  pipe,  and  its  coefficient  found  to  be  0.80.  The  ratio  between 
the  mean  and  central  velocity,  when  a  maximum,  was  established 
by  traverses  as  0.84  (page  34).  A  traverse  was  made  with  Tube  A, 
a  duplicate  of  Tube  C,  and  simultaneously  the  center  velocity  was 
determined  by  Tube  No.  5,  at  a  point  less  than  1  ft.  away,  in  the 
30-in.  pipe.     Applying  the  rating  coefficient,  0.80,  to  the  observations 

with  Tube  A,  and  the  rating  coefficient,  0.75,  and  the  ratio  -^  =  0.84, 

to  those  with  Tube  No.  5,  the   two  mean  velocities  obtained   agree 
within  2.7  per  cent. 
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The  rating  of  Tube  No.  6  was  determined  by  comparing  its  reading 
on  center,  at  a  certain  position,  witli  the  loss  of  head  simultaneously 
observed  in  the  Brady  tangent,  and  then  making  a  similar  comparison 
between  Tube  No.  3  and  the  same  tangent,  the  observations  being 
made  in  1899  when  the  tangent  loss  was  measured  in  kerosene.  In 
this  case,  with  Tube  No.  3,  only  four  velocities  were  observed.  In 
1898,  Tube  No.  3  was  observed  simultaneously  with  the  loss  of  head 
in  the  Brady  tangent  for  seventeen  different  velocities,  the  loss  of 
head  being  read  in  sperm  oil.  The  sperm  oil  and  the  kerosene  were 
calibrated  in  terms  of  water,  and  the  loss  of  head  in  1898  reduced 
to  an  equivalent  in  kerosene.  From  this  a  comparison  was  made 
with  Tube  No.  3,  and  this  resiilt  compared  with  the  relation  of  Tube 
No.  6  to  the  Brady  tangent  used  above  which  was  determined  at  148 
different  velocities.  The  coefficient  of  Tube  No.  6,  as  obtained  by  the 
two  comparisons,  agreed  within  -rih  of  1  jaer  cent. 

TABLE  No.  41. 


Section. 

1898: 
Number  of 
Velocities. 

1899: 
Number  of 
Velocities. 

Ratio  of  • 
Resistances. 
1898  ^  1899. 

Discrepancy: 
Percentage    of 

Ratio. 
+  =  excess  in 

1899. 

—  =  excess  in 

1898. 

I     1st  comp  curve 

2 
3 
13 
3 
3 
14 
17 
13 
38 
13 
17 
6 
38 
C 

7 
10 

9 
10 
10 
13 
13 

7 
143 
11 
10 
10 
*,14 
14 

0.9619 
0.9235 
1.0853 
1.0074 
0.9611 
1.0081 
1.0051 
0.9749 
1.0000 
0.9568 
0.9929 
0.9436 
1.0044 
0.9668 

—  3.81 

—  7.75 

+  8.53 
+  0.74 

VII.— 40-ft.  rad.  curve 

VIII. — Rowena  Tan.. 

4-  O'si 

+  0.51 

-3.51 

0  00 

XI.— Small  comp.  curve 

XII     Brady  Tan.. 

XIII.-1.5-ft.  rad.  curve 

XV.    N.  RivardTan 

—  o'ji 

XVI.-10-ft.  rad.  curve 

XII.— E.  Alex.  Tan 

—  5.74 
+  0.44 

—  3  33 

SUMMARY. 

Five  sections  agree  within  less  than , 1  per  cent. 

One  section  agrees         "      from  3to3  per  cent. 

Three  sections  agree     "         "      3  to  4        " 

One  section  agrees         "        4.33  " 

One        "  "  "        5.74 

One        "  "  "        7.75  ■' 

One        ■'  •'  "        8.5;^ 

This  table  shows  that,  as  compared  with  the  Brady  tangent  in  each  year,  eight 
sections  had  increased  their  carrying  capacity  and  five  had  decreased  it  during  the 
year  intervening  between  the  two  series  of  experiments.  By  the  tube  comparison  of 
the  Brady  tangent  resistances  in  the  two  years,  it  appeared  that  the  carrying  capacity 
of  this  section  had  increased  iV'o  of  1  per  cent.  In  the  opinion  of  the  writers,  these 
experiments  do  not  warrant  any  conclusions  as  to  changes  in  carrying  capacity  of  the 
pipe  line,  and  it  is  further  their  opinion  that  this  was  practically  the  same  in  the  two 
years. 
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Tangent  and  curve  resistances  were  measured  between  June  and 
October,  1898,  on  fourteen  different  sections  of  30-in.  pipe,  and  similar 
observations  were  made  on  the  same  sections  in  June,  1899.  The 
comi^arative  results  are  shown  in  Table  No.  41,  referred  to  the  Brady 
tangent  resistance,  which,  as  stated  in  the  last  j^aragraph,  agreed 
within  YiTo  of  1°^  in  the  two  years,  by  the  tube  comparisons. 

The  discharge  of  the  12-in.  main  was  determined  in  1898  by  Tube 
No.  3,  for  various  losses  of  head  in  a  certain  section  measured  in  gaso- 
line. Tube  No.  3  having  been  rated  in  a  2-in.  brass  pipe  by  weighing 

the  water  passing  by  it  when  on  center,  the  ratio,  -  '^,  being  previously 

determined.  In  1899  the  resistance  in  the  same  section  was  measured 
in  kerosene,  and  the  discharge  measured  by  a  6-in.  disc  meter.  The 
kerosene  and  the  gasoline  being  calibrated  in  water,  for  similar  losses 
of  head,  the  discharges,  as  determined  by  meter,  were  found  to  agree 
with  those  determined  by  the  Pitot  tube  within  |  of  1  per  cent. 

Relative  ReUability  of  1898  and  1899  Series. — The  experiments  of 
1899  on  the  30-in.  pijje  were  carried  on  with  greater  care  and  accuracy 
of  observation  than  those  of  1898,  but  the  range  of  velocity  was  only 
about  one-half  that  of  the  earlier  investigations.  The  experiments  of 
1898  were  made  at  night  when  the  effects  of  temperature  changes,  and 
of  the  variation  of  consumption,  were  less  important  than  in  the  day- 
time work  of  1899.  To  reduce  the  experiments  of  1898  to  a  common 
basis,  it  was  necessary  to  go  through  an  extended  series  of  comparisons 
of  the  different  observation  equations,  whereby  errors  in  one  might  be 
carried  into  the  next,  while  with  those  of  1899  the  comparisons  were 
direct;  as  two  instruments,  the  gaiige  on  the  Brady  tangent  and  Tube 
No.  6,  were  read  continuously  in  the  same  locations  throughout  the 
entire  investigation.  * 

In  view  of  all  the  foregoing  conditions  the  writers  believe  the 
results  of  the  two  series  (except  those  on  the  Hale  tangent,  in  which 
the  189:^  observations  are  considered  questionable)  to  be  entitled  to 
equal  confidence. 

Final  Eesults. 

The  results  obtained  and  presented  in  connection  with  this  investi- 
gation may  be  summarized  as  follows: 

A. — The  invention  of  the  oil  differential  gauge,  by  which  it  is  pos- 
sible to  observe  differences  of  head  in  closed  conduits  under  jiressure. 


EXPERIMENTS    ON   FLOW    OF    WATER   IN    PIPES.  191 

with  as  great  a  degree  of  precision  as  is  attainable  in  open  conduits 
with  the  hook-gauge. 

B. — The  invention  of  a  form  of  Pitot  tube  which  may  be  inserted 
in  a  water  main  without  the  aid  of  special  devices,  other  than  the  tools 
possess3d  by  every  water  department;  by  the  aid  of  which  a  competent 
observer  may  obtain  gaugings  with  as  great  accuracy  as  has  yet  been 
attained  with  any  other  measuring  device,  excej)t  the  graduated  tank 
and  weighing  scale. 

C. — The  determination  of  a  ratio,  0.84,  between  the  mean  and  the 
maximum  velocities  of  water  flowing  in  closed  circular  conduits, 
under  normal  conditions,  at  ordinary  velocities ;  whereby  observations 
of  velocity  taken  at  the  center  under  such  conditions,  with  a  properly 
rated  Pitot  tube,  may  be  relied  upon  to  give  results  within  Z%  of 
correctness. 

D. — The  presentation  of  a  series  of  coefficients  for  a]3i)lication  to 
the  different  fluids  used  in  the  fluid  differential  gauges,  by  which  the 
observations  so  taken  may  be  conveniently  reduced  to  equivalents  in 
water. 

E. — The  demonstration  of  the  fact  that  ratings  of  Pitot  tubes  made 
by  dragging  those  instruments  through  still  water  in  open  troughs  do 
not  conform,  within  any  reasonable  limits,  to  those  obtained  when  the 
instrument  is  stationary  in  moving  water  in  a  closed  conduit. 

F. — The  demonstration  that  Pitot  tubes  must  have  their  coefficients 
determined,  whether  they  consist  of  a  point  opening  alone  or  both 
point  and  pressure  openings. 

6r. — The  demonstration  that  under  some  conditions,  in  straight 
pipe,  there  is  a  difference  of  pressure  at  difi"erent  points  around  the 
circumference  of  the  same  cross-section. 

//. — The  derivation  of  the  ellipse  as  the  approximate  form  of  the 
normal  curve  of  velocities  in  straight  circular  jsipes. 

/. — The  demonstration  that  the  efifects  of  disturbances  of  the  flow 
of  water  in  i^ipes  are  transferred  for  many  diameters  beyond  the  i)oint 
where  the  interference  occurs. 

•/• — The  inference  that  careful  alignment  is  as  necessary  for  large 
carrying  capacity  in  pipe  lines  as  is  smoothness  of  interior  surface. 

K- — The  discovery  and  demonstration  that  curves  of  short  radius, 
down  to  a  limit  of  about  2J  diameters,  offer  less  resistance  to  the  flow 
of  water  than  do  those  of  longer  radius,  and  hence  that  the  theories 
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and  practices  regarding  curve  resistance,  as  set  forth  in  the  hydraulic 
treatises  of  all  nations  up  to  the  present  time,  are  absolutely  incorrect 
and  the  diametric  opposite  of  the  true  conditions. 
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DISCUSSION. 


E.  C.  MuKPHY,  Assoc.  M.  Am.  Soc.  C.  E.  (by  letter). — Tlie  results  Mr.  Murpby. 
•obtained  by  the  two  methods  of  rating  the  Pitot  tubes  are  very  inter- 
esting.    The  wide  range  of  values  of  the  coefficient,  M  = ==:  , 

of  any  tube  when  rated  in  the  tank,  is  surprising.  For  Tube  No.  5 
this  range  is  from  10. 6^"^  above  to  17. 15*0  below  the  mean  of  all  the 
ratings  used.  For  the  ratings  in  moving  water  the  variation  from  the 
mean  is  not  as  large,  as  a  rule,  as  in  the  tank,  but  it  is  still  quite 
large,  being  from  6.2%  below  to  4.7%  above  the  mean,  for  Tube  Ein 
the  2-in.  brass  pipe,  and  from  12 A%  below  to  14.6%  above  the  mean, 
for  the  relative  rating  in  the  30-in.  pipe.  It  will  be  instructive  to 
-examine  these  ratings  from  this  standpoint  of  variation  of  individual 
ratings  from  the  mean  of  all  reliable  ratings  for  each  tube,  and  com- 
pare these  variations  with  those  of  other  Pitot  tubes,  and  with  current 
meters. 

This  comparison  is  not  intended  in  any  degree  as  a  criticism  of  the 
very  valuable  and  exhaustive  investigation  described  in  the  paper,  or 
of  the  investigations  of  others.  There  is  no  reason  for  thinking  that 
all  the  results  presented  were  not  made  with  care,  and  represent  cor- 
rectly what  took  place  during  the  observations.  It  is  known,  also, 
that  the  results  obtained  by  experimenters  are  not  strictly  comparable, 
as  the  conditions  (range  and  constancy  of  velocity,  and  duration  of 
an  experiment)  are  not  the  same.  Too  much  importance,  however, 
cannot  be  attached  to  the  correct  rating  of  velocity  measuring  instru- 
ments. Errors  of  observation  are  in  a  measure  comj^ensating,  while 
errors  in  a  rating  table  are  cumiilative,  and  should  be  eliminated  or 
reduced  to  a  minimum.  It  is  beHeved  that  a  study  of  these  varia- 
tions will  throw  light  on  the  best  method  of  rating  these  instru- 
ments. 

The  last  column  of  Table  No.  42  gives  the  greatest  and  least  varia- 
tion from  the  mean  of  all  the  values  of  M  used  for  each  tube  for  the 
ratings  in  still  water.  The  extreme  variation  from  the  mean  is  least 
for  Tube  No.  3,  and  is  from  —  6.7%  to  -f-  10.2%,  or  a  range  of  about 
17  per  cent.  The  largest  value  of  M,  0.975,  is  obtained  from  a  single 
revolution  of  the  whirler,  of  about  21  seconds'  duration,  the  smallest 
value,  0.821,  from  a  single  revolution  of  1-5  seconds'  duration.  The 
highest  velocities  observed  were  6  to  7  ft.  The  duration  of  an  obser- 
vation for  them  was  6  to  7  seconds,  which  is  only  97%  of  the  smallest 
watch  reading.  The  extreme  range  is  greatest  for  Tube  No.  5,  Gauge 
No.  9,  and  is  27.7%  of  the  mean.  This  appears  to  be  partly  due  to 
the  locus  being  a  curved  instead  of  a  straight  line.  If  the  water  in 
the  tank  remained  still,  and  the  motion  of  the  whirler  was  uniform  for 
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Mr.  Murphy,  each  rating,    it  is   difficult  to   see  why    there  should   be   such   large- 
variations  from  the  means. 

TABLE   No.    42. — Eatings   of  Thbee  Pitot   Tubes  in   a  Tank,    by 
Williams,  Hubbell  and  Fenkell. 


Greatest  Value 
opm. 

Least  Value 
OFm. 

Gauge 

No. 

Number 

of 
ratings 
used  in 
mean. 

Mean 
value 

of  VI 

for  all 
ratings 

Tube 
o. 

Number 

of 
ratings 

in 
mean. 

Value 

Of 
mean. 

Number 

of 
ratings 

in 
mean. 

Value 

of 
mean. 

greatest 

variation  from 

mean. 

(1) 

(8) 

(3) 

(*) 

(5) 

(6) 

(7) 

(8) 

(9) 

3 

5 

5 

6 

9 
5 
9 
9 

85 
133 
112 
110 

0.9142 
0.&351 
0.8500 
0.9658 

1 
4 
3 

0.975 
0.916 
0.942 
1.091 

1 
1 
8 
2 

0.821 
0.677 
0.705 
0.895 

-  6.7*  to  - 

-  12.9  "  H 
- 10.6  "  - 

-  13.0  "  - 

f-  10.2t 

-  7.3 
-17.1 

-  7.4 

*  —  indicates  greater  than  mean. 
t  +  indicates  less  than  mean. 


TABLE  No.  43. — Ratings  or  Pitot  Tubes  in  Moving  Watek  in  2-In. 
Brass  Pipe.  Hydraulic  Laboratory,  Cornell  University.  By 
Williams,  Hubbell  and  Fenkell. 


Point  and  Pressure. 

Point  and  Circum 

PlEZOM. 

(I) 

If 

(a) 

13 
13 

12 

25 

§11 
111 

(3) 

Range  of 
values. 

Percentage 
of  variation 
from  mean. 

(5) 

i! 

(6) 

ill 

(7) 

Range  of 
values. 

(8) 

Percentage 
of  variation 
from  mean. 

(9) 

3... 
6... 
C. 

5 

0.729 
0.683 
0.693 
0.694 
0.684 

0.740  to  0.718 
0.695  "  0.659 
0.707  "  0.676 
0.727  "  0.647 
0.711  "  0.603 

-1.5to+1.5 

-  1.8  "  -i-3.6 

—  2.0  "  +2.5 
-4.7  "  +6.8 
-4.0  "  +11.9 

13 
13 
12 

0.779 
0.784 
0.821 

0.789  to  0.764 
0.799  "  0.746 
0.854  "  O.80r 

-1.3t0+1.9 
-1.9  "  +4.9 
-4.0  "  +1.7 

D... 

F. 

25 
11 
12 

0.874 
0.824 
0.834 

0.943  to  0.853 
0.875  "  0.785 
0.853  "  0.813 

—  7.9  to +2. 4 
-6.2  "+4.7 
-2.3  "  -^2.5 

r 

Columns  5  and  9  of  Table  No.  43  give  the  extreme  variations  from 
the  mean  velocity  ratio  in  percentages,  for  the  ratings  in  the  Cornell 
University  2-in.  brass  pipe.  In  these  ratings  the  tube  was  held  at  the 
center  of  the  pipe,  at  a  point  about  68  ft.  from  the  inlet,  and  the 
mean  velocity  in  the  pipe  was  obtained  by  weighing  the  discharge. 
The  duration  of  an  experiment  was  ordinarily  from  about  8  to  25 
minutes.  The  extreme  range  is  least  for  Tube  No.  3,  and  is  3  per 
cent.     The  largest  value  of  the  velocity  ratio,  0. 740,  is  found  from  an 
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observation  of  10  minutes'  duration;  the  smallest  value,  0.718,  from  Mr.  Murphy. 
an  observation  of  17  minutes'  duration.     The  extreme  range  for  the 
ratings  in  this  pipQ  is  greatest  for  Tube  D,  and  is  lb%  for  periods  of 
14  and  15  minutes'  duration. 

TABLE    No.    44. — Eelative    Eatings    of    Pitot   Tubes    in   Moving 
Water  at  Detroit,  Mich.  ,  by  Wilmams,  HuBBEiiL  and  FENKEiiii. 


Size  of  pipes. 

(1) 

Tubes 
compared. 

(2) 

Number 

in 

mean. 

(3) 

Mean  of 

velocity 

head 

ratios. 

(*) 

Range  of 
ratios. 

(5) 

Percentage 

of 

variation 

from  mean. 

(6) 

30 

3  and  4 
5    "    3 
5    "    3 
5     "    3 

5     "    4 

23 

17 
10 
18 
17 

0.941 
1.37 
1.40 
1.38 
1.34 

1.004  to  0.833 

1.419  "   1.293 
1.502  "   1.263 

1.420  "   1.333 
1.535  "  1.173 

—    6  7  to  +  11  6 

16 

—    5.7  "  +    3.6 

30 

_    9_8  "  +    7.0 

16... 

—    3  4  "  4-    3  0 

30 

—  12.4  "  -t-14.6 

Column  6  of  Table  No.  44  gives  the  extreme  variation  from  the 
mean  of  the  ratios,  i7,,,  expressed  in  jiercentages  of  the  mean  of  the 
relative  ratings  in  the  16-in.  and  30-in.  pipes.  In  these  ratings  the 
tubes  compared  were  held  at  the  center  of  the  pipe,  and  simultaneous 
readings  were  obtained.  The  extreme  range  is  least  for  Tiibes  Nos.  3 
and  5  in  the  16-in.  pipe,  and  is  6.4%  of  the  mean.  It  is  greatest  for 
Tubes  Nos.  5  and  4  in  the  .30-in.  pipe,  and  is  27%  of  the  mean.  It  is 
seen  that  the  variation  from  the  mean  is  least  for  the  ratings  in  the 
2-in.  pipe,  and  greatest  for  those  in  the  tank. 

TABLE  No.  45. — Eatings  of  a  Pitot  Tube,  by  Daecy  and  Bazin. 


Number 

of 
ratings. 

(2) 

Mean 
value 
of  m. 

(3) 

Greatest  Value 
OF  m. 

Least 

OF  > 

^ALUE 
11. 

Percentage  of 

Method. 

(1) 

Number 

of 
ratings. 

(4) 

,  m. 

(5) 

Number 

of 
ratings. 

(6) 

m. 
(7) 

greatest 

variation  from 

mean. 

(8) 

1* 

92 
87 
32 

1.006 
0.993 
1.034 

4 

1 
1 

1.039 
1.029 
1.053 

8 
4 

1 

0.981 
0.965 
1.015 

—  3.3  to+  2.5 

2t 

—  3.6  "+2  8 

3i 

—  1.9  "  +1.9 

*  Moving  water:  Velocity  obtained  from  surface  floats. 

t  Moving  water:  Mean  velocity  known;  tube  held  at  many  points  in  cross-section  of 
small  canal. 

X  Still  water:  Tube  held  in  front  of  a  boat. 

Table  No.   45  gives  some  results  for   three  methods   of  rating  a 
Bitot  tube,  by  Darcy  and  Bazin.* 

*  The  tube  which  they  used  is  illustrated,  and  their  methods  of  rating  described, 
in  "  Recherches  Hydrauliques,'"  Paris,  1865. 
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Murphy.  In  the  ratings  by  Method  1,  the  tube  was  held  with  its  point  0.02  m. 
below  the  surface  of  an  oi^en  channel,  and  the  velocity  obtained  from 
surface  floats.  In  Method  2,  the  tube  was  held  with  its  point  at 
numerous  points  in  a  cross-section  of  a  rectangular  canal  2  m.  wide, 
the  mean  velocity  of  which  was  known.  In  Method  3,  the  tube  was 
fastened  in  front  of  a  boat,  which  was  drawn  over  a  straight  course 
with  a  uniform  velocity.  Column  8  gives  the  greatest  variation  of  m 
from  the  mean  of  all  the  values  for  these  three  methods  of  rating. 
The  range  is  least  for  the  rating  in  still  water,  being  Z.S%  of  the  mean 
in  32  ratings.     It  is  greatest  for  the  second  method,  and  is  &A%  of  the 


^mmmni^^m^^- 
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mean.  The  value  of  vi  obtained  from  still-water  ratings  was  rejected, 
as  it  contained  a  constant  error  due  to  the  jjoint  of  the  tube  not  being 
parallel  to  the  water  surface.  The  average  of  the  means  obtained  by 
Methods  1  and  2  was  used  by  them. 

Table  No.  46  gives  some  results  of  ratings  of  three  Pitot  tubes, 
made  in  the  Hydraulic  Laboratory  of  Cornell  University,  by  the 
writer  and  Mr.  C.  C.  Torrance.  These  tubes  (having  three  points)  are 
shown  in  Fig.  91,  and  are  of  the  point  and  ring  type,  made  for  a  pipe 
1  in.  in  diameter.  The  jjoint  screws  into  the  tube,  and  the  tube  has 
a  thread   on   it,  so   that  the   point  can    be  set   at  any    place  on  the 
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diameter.  In  these  ratings,  it  was  held  at  the  center  of  the  pipe  and  Mr.  Murphy, 
about  15  ins.  from  the  inlet.  The  head  due  to  velocity,  H^,,  was 
measured  with  a  mercury  diflferential  gauge.  Each  value  of  m  is  the 
mean  of  two  ratings  of  50  seconds'  duration  each.  The  value  of  m  is 
seen  to  increase  somewhat  as  the  velocity  increases.  The  greatest 
variation  from  the  mean  is  1.5  per  cent.  As  vi  increases  with  the 
velocity,  the  variation  from  the  true  mean  for  a  given  velocity  is  much 
less  than  this  amount. 

TABLE  No.  46. — Eatings  of  Three  Pitot  Tubes  in  Moving  Watek, 
1-iN.  Pipe,  Hydkaumc  Laboeatoky,  Cornell  University,  by  E.  C. 
Murphy  and  0.  0.  Torrance. 


Tube. 

(1) 

Velocity. 

(3) 

Number 

of 
ratings. 

(3) 

16.209 

13.872 
9.350 

16.081 
12.844 
9.311 

15.300 
13.057 
9.439 

2 

Mean 

2 

3 

3 

Mean 

2 

Mean 

A 

A 

B 

B 

B 

C 

C  . 

c . 

Values  of 
m. 

Percentage  of 

variation 
from  mean. 

(4) 

(5) 

0.910 
0.899 
0.884 
0.898 

-  1.3 

-  0.1 
+  1.5 

0.896 
0.902 
0.878 

—  0.5 

-  1.1 
+  1.5 

0.893 
0.918 
0.9i:^ 
0.902 

—  0.8 

—  0.2 
+  1.0 

0.911 

It  appears  that  the  variation  of  individual  values  of  m  from  the 
mean  decreases  as  the  velocity  increases,  and  as  the  diameter  of  the 
pipe  decreases. 

Table  No.  47  gives  the  results  of  ratings  of  "  Small  Price  "  current 
meter  No.  851,  made  at  Chevy  Chase,*  Md.,  by  Mr.  E.  G.  Paul,  on 
December  30th,  1900.  These  ratings  are  selected  from  many  because 
the  computations  are  in  shape  for  ready  use.  The  meter  is  fastened 
to  a  car,  which  is  moved  with  S.  uniform  speed  over  a  straight  course 
of  100  ft.  The  car  is  then  moved  back  over  the  same  course,  with  the 
same  sjieed.  These  two  passages  over  the  course,  one  in  each  direc- 
tion, constitute  a  single  rating.  Fifteen  such  ratings  were  obtained 
on  this  date  for  velocities  from  0.35  ft.  to  10.8  ft.  per  second.  The 
equation  of  the  "  most  probable  "  linear  relation  connecting  velocity 
and  revolutions  is  computed  and  given  in  this  table. 

Column  6  gives  the  residual  errors,  or  variations  from  this  most 
probable  line,  and  corresponds  to  the  variation  from  the  mean  in  the 

*  The  rating  station  at  Chevy  Chase  is  illustrated  and  described  in  the  19th  Annual 
Report  of  the  Director  of  the  U.  S.  Geological  Survey,  Part  4. 
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Mr.  Murphy,  other  tables.  Column  8  gives  the  percentage  of  variation  in  the- 
velocity.  It  is  seen  that  the  greatest  variation  is  less  than  1  per 
cent. 

TABLE  No.  47. — Computations  of  a  eating  of  "Small  Price"  Cur- 
rent Meter  No.  351  in  Stuil  Water.  Meter  rated  at  Chevy 
Chase,  Md.  ,  by  Mr,  E.  G.  Paul,  on  December  30th,  1900.  Com- 
putations BY  E.  C.  Murphy.     Observation  Equation,  y  —  a  —  h  x 

=1  v;   y   BEING    velocity,    in    feet    per    second,     X    REVOLUTIONS  PER 
second,  V  RESIDUAL  ERROR,  AND  CI  AND  b  CONSTANTS. 


Normal  equations 


a  .2 . r -I- &  2.^2  =  2.1;?/ 
na  ^h'2 X  =.2v 


n  being  the  number  of 


observation  equations,  and  .2  meaning  summation. 


No.  of  the 
rating. 

(1) 

Revolu- 
tions per 
second. 

X 

(3) 

Velocity. 

y 

(3) 

X"- 

xy 

(5) 

Residual 
error. 

(6) 

V 

(8) 

1 

4.648 
2.688 

10.811 
6.250 
4.440 
2.857 
2.222 
1.887 
1.835 
1.471 
1.170 
0.939 
0.885 
0.649 
0.508 
0.455 
0.341 

21.604 
7.225 
3.652 
1.457 
0.870 
0.630 
0.599 
0.377 

o!l48 
0.132 
0.069 
0.040 
0.031 
0,016 

50.245 
16.800 
8.493 
3.4i8 
2.073 
1.498 
1.420 
0.903 
0.571 

01321 
0.171 
0.102 
0.081 
0.043 

+0.059 

-0.014 

0  022 

0.003481 
0.000196 

+0.5;^ 
0.2?^ 

3. 

4 

0  5^ 

5 

6 

1.207 
0.933 

+  0.018         0.000324 
+0.017         0.000289 
+0.003         0.000009 
—0.003         0.000009 
+0.004         0.000016 
—0.006     :     0.000036 
+0.001     1     0.000001 
-0.002         0.000004 
-0.006     '     0.000036 
—0.004         0.000016 
-0.001     1     0.000001 
—0.003     !     0.000009 

+0.6^ 
+0.8^ 
+0.2^ 
—0.2%' 

0.794 
0.774 
0.614 
0.488 
0.385 
0.363 
0.263 
0.201 
0.177 
0.126 

8 

9 

+0.3% 
—0.5% 

10 

11. 

+0  1% 

12 

—0.3% 

13 

—  0  9% 

14.        . 

0  8% 

15 

16 

-0.2% 
—0.9% 

15.572 

36.724 

37.088 

86.531 

0.004911 

15.572  a +  37.088  6  =  86.531    (1) 
15  a +  15.572  6  =  36.724     (2) 

Solving  Equations  (1)  and  (2)  we  have 

6  =  2.313  i 
a  =  0.047 


Mean  error  of  a  single  observation 


=  VE 


Probable  error  of  result  =  0.6745 


Va 


n(n-l) 


=  0.003 


Table  No.  48  gives  the  results  of  ratings  of  this  current  meter,  and 
of  "Small  Price"  meter  No.  363,  in  moving  water,  in  the  Cornell 
University  experimental  canal.  The  mean  velocity  in  the  canal  was 
found  from  readings  of  the  head  on  the  standard  weir.  The  velocity 
was  obtained  simultaneously  with  the  two  meters  by  the  ordinary 
point  method.  From  6  to  7  observations,  each  of  50  seconds'  duration, 
were  obtained  in  8  verticals  (48  to  56  in  all)  in  each  discharge 
measurement. 
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TABLE  No.   48. — Cuerent  Meter  and  Standard    Weir    Discharge  Mr.  Murphy. 
Comparisons,  Series  E. 


(1) 


21 

23 
24 
25 
26 
27 
28 
29 
80 
31 
32 
33 
34 
35 
36 
37 


(2) 


1901. 
April  6th 
6th 
"  10th 
"  10th 
"  10th 
"  10th 
"  10th 
"  10th 
"  nth 
"  11th 
"  11th 
"  11th 
"  11th 
"  11th 
"  nth 
"  11th 
"      nth 

"     nth 


(3)- 


4  808 

8.744 
8.744 
7.874 
7.874 


6.129 
5.483 
5.483 
5.185 
5.185 
5.003 
5.003 
9.256 


(*) 


2.985 
3.006 
1.670 
1.657 
1.846 
1.862 
2.108 
2.073 
2.340 
2.320 
2.596 
3.604 
3.725 
2.758 
2.816 
3.834 
1.533 
1.538 


£1  U  = 


(6) 


-fi.\Z% 
—0.8455- 
— 1 .70^ 
-0.99.V 
— 1  MX 

-1.45,V 
+0.33^ 
—1.36?^ 
-0.50^ 

-i.m% 

—1.915^ 
—1.30%- 
-2.53.V 
—1.69^ 
—3.34^ 
—1.33%- 
— 3.38.V 


|i 


(9) 


'Small  Price"' No. 351 

"  363 

"  351 

"  363 

'•  .3,51' 

"  363 

"  351 

"  363 

"  351 

"  .363 

"  351 

"  363 

"  351 


0.71 
0.71 
0.88 
1.68 
0.86 
0.31 
1.23 
0.65 
1.05 


The  weir  discharges  in  Cohimn  5  are  comptited  from  Bazin's 
standard  weir  formula,  which  is  not  strictly  ai^plicable  to  this  weir. 
Thej  are  believed  to  be  in  error  by  not  more  than  2  per  cent.  It  is 
seen  that  the  greatest  variation  of  any  meter  discharge  from  the 
corresponding  weir  discharge  is  2.8  per  cent.  The  extreme  range  for 
these  18  ratings  is  only  1.75%  for  "  Small  Price  "  meter  No.  351,  and 
3.00%  for  "  Small  Price  "  meter  No.  363. 

Column  9  shows  the  differences  between  the  simultaneous  meter 
discharges.  The  greatest  difference  is.  seen  to  be  less  than  1.7  per 
cent. 

Hiram  F.  Mills,  Esq.  (by  letter). — ^The  writer,  to  his  great  regret,  Mr. 
owing  to  trouble  with  his  eyes,  has  been  unable  to  read  this  paper 
at  length,  but,  ujjon  examining  the  summary  of  results,  thinks  it  may 
be  of  interest  to  members  of  the  Society  to  know  that  in  his  studies 
(made  in  the  year  1875)  of  the  flow  of  water  in  a  smooth,  straight, 
cast-iron  pipe,  1  ft.  in  diameter,  and  coated  with  coal-tar  pitch,  he 
found  the  ratio  between  the  mean  and  the  maximum  velocity  of  the 
water  to  differ  a  little  from  0.84,  and  to  vary  somewhat  with  the 
velocity,  as  shown  by  Table  No.  49. 

The  observations  upon  velocities  in  the  section  of  1-ft.  pijje  were 
made  at  a  point  327  ft.  down  stream  from  the  entrance,  which  was 
square-edged. 
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Mr.MiUs  TABLE  No.  49. 


Mean  velocity  of  water,  in  feet 
per  second. 

Maximum  velocity  of 
water,  in  feet  per  second. 

Ratio. 

1.0001 

1.206 
2.500 
3.811 
4.990 
6.053 
6.894 
8.091 
9.482 
10.790 
11.857 
12.914 
13.428 

0  8293 

2.090 

0.8360 

3.233 

0  8483 

4.244 

0  8505 

5  164 

0  8531 

5.904 

0  8564 

6.898 

0  8.525 

8.087 

0  8529 

9.215 

0.8540 

10.121 

11.088 

0  8589 

11.494 

0.8560 

The  losses  of  head  were  read  by  piezometer,  in  the  lock  above  the 
entrance,  and  in  the  pipe  at  points  25,  125,  225  and  325  ft.,  and  in  the 
receiving,  basin  .356  ft.,  below  the  entrance. 

With  larger  pijaes,  with  varying  smoothness  of  surface,  the  ratio 
was  found  to  vary  from  0.84  in  the  following  manner:  In  thirteen 
series  of  experiments  with  a  mean  velocity  averaging  2.22  ft.  per 
second,  in  a  wrought-iron  penstock,  4.94  ft.  in  diameter,  having  plates 
in  and  out,  with  rivets  projecting  and  much  of  the  surface  covered 
with  tubercles,  the  mean  ratio  was  0.809.  In  another  penstock,  6.5  ft. 
in  diameter,  with  rivets  and  plates  arranged  as  before,  but  with  the 
surface  coated  with  coal-tar  pitch  and  quite  smooth,  in  a  series  of 
twelve  exjjeriments,  with  a  mean  velocity  averaging  3.615  ft.  per 
second,  the  ratio  averaged  0.846.  Another  penstock,  6.5  ft.  in  diam- 
eter, with  a  surface  somewhat  rougher  than  the  last,  in  a  series  of 
fourteen  experiments,  with  an  average  mean  velocity  of  2.029  ft.  per 
second,  gave  an  average  ratio  of  0.861. 

A  still  larger  penstock,  having  a  diameter  of  8.75  ft.,  with  an  aver- 
age mean  velocity  of  2.731  ft.  per  second,  in  a  series  of  nine  experi- 
ments, gave  a  ratio  of  0.857;  and  in  another  series  of  six  experiments, 
with  a  velocity  of  2.357  ft.  per  second,  gave  a  ratio  of  0.857. 

The  writer  has  no  reason  to  question  the  invention  by  the  authors, 
in  1897,  of  "a  form  of  Pitot  tube  which  may  be  inserted  in  a  water 
main  without  the  aid  of  special  devices,"  etc.,  by  which  gaugings  of 
great  accuracy  may  be  obtained,  but  it  appears  to  be  one  of  the  cases 
of  reinvention,  because  the  measurements  of  the  quantity  of  water 
drawn  by  many  of  the  water  wheels  of  the  mills  at  Lawrence  have  been 
made  in  the  feeding  penstocks  by  instruments,  which  could  be  thus 
characterized,  devised  by  the  writer  in  1877,  and  used  by  his  assistants, 
under  the  direction  of  John  E.  Freeman,  M.  Am.  Soc.  C.  E.,  during 
the  years  1878  to  1885,  and,  since  the  last  date,  under  the  direction  of 
Eichard  A.  Hale,  M.  Am.  Soc.  C.  E.,  to  the  present  time.  These  instm- 
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ments  differ  in  some  important  jiarticulars  from  those  described  in  the  Mr.  Mills, 
paper,  and  indicate  the  velocity  at  sixteen  or  eighteen  points  in  the 
section  at  the  same  moment. 

Corroborative,  in  a  general  way,  of  the  authors'  results,  but  tending 
to  modify  at  an  essential  point  their  curve  of  excess  of  loss  of  head 
due  to  bends,  the  writer  gives  the  results  of  a  long  series  of  experi- 
ments, made  in  1882,  with  an  experimental  line  of  cast-iron  pipe,  1  ft. 
in  diameter  and  356  ft.  long,  when  straight  and  when  supplied  near 
its  upper  end  with  a  90°  bend  having  a  radius  of  2  ft. 

The  bend,  with  different  velocities  of  flow,  caused  an  increased  loss 
of  head,  expressed  in  additional  length  of  straight  pipe,  as  given  in 
Table  No.  50. 

TABIiE  No.  50. 


Mean  ve- 
locity in 
pipe,  in 
feet  per 
second. 


Length  of 

curve,  Ln 

feet. 


3.143 
3.143 
8.143 
3.143 


^S°?^t^^^  la^^^f^^l Additional   length   of  .straight 
excess  of  loss  of  head  in  the 
curve  over   that  of    straight 
pipe,  in  feet. 


pipe,  in  terms  of  the  length  of 
curve,  to  cause  the  excess  of 
loss  of  head  due  to  the  curve. 


4.36  times  the  length  of  curve. 

o  no  II  1.1  n 


4.01 
3.50 


The  percentage  of  loss  of  head  in  the  curved  section  over  the  loss 
of  head  in  80  diameters  of  tangent  would  be  15.5,  instead  of  10.8  as 
found  by  the  authors,  and  this  would  modify  the  curve  in  their 
diagram  of  results  by  raising  it  a  little  at  its  lowest  point. 

The  general  result  of  both  these  investigations  indicates  that  each 
90°  curve  in  a  line  of  pipe  adds  a  loss  of  head  in  the  line  equivalent  to 
the  loss  in  an  additional  length  of  straight  pipe  of  from  two  to  five 
times  the  length  of  the  curve,  nearly  all  cases  being  included  within 
four  times  the  length  of  the  curve. 

The  authors'  investigation  gives  the  important  additional  knowl- 
edge that  the  least  loss  of  head  in  changing  direction  in  a  pipe  line 
obtains  when  using  a  curve  having  a  radius  of  two  or  three  times  the 
diameter  of  the  pipe. 

Ibving  p.  Chxikch,  Assoc.  Am.  Soc.  C.  E.  (by  letter). — While  the  Mr.  Church, 
authors  of  this  extensive  and  valuable  paper,  in  their  interpretation  of 
the  piezometer  readings  for  determining  the  loss  of  head  between  two 
points  of  a  pipe,  have  evidently  taken  into  account  various  causes  of 
error,  and  have  made  allowance  for  some  of  them  as  far  as  practicable, 
there  is  one  source  of  error  in  this  connection  which  they  seem  to  have 
overlooked  (at  least  there  is  no  reference  to  it  in  the  paper) ;  and  this 
is  the  effect  of  neglecting  the  possible  inequality  of  sectional  areas 
at  the  two  points  of  attachment  of  the  piezometer  tubes. 
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Mr.  Church.  It  is  evidently  taken  for  granted  throughout  the  paper  that  the 
vertical  distance  between  the  summits  of  the  two  piezometer  columns 
at  the  ends  of  the  portion  of  pipe  considered  (let  this  vertical  distance 
be  called  the  "piezometer  fall"),  is  equal  to  the  loss  of  head,  or 
friction  head,  Hj,  between  the  points  of  pipe  where  the  piezometer 
tubes  are  attached.  Now,  as  such  a  relation  is  true  only  in  case  the 
end  sections  of  this  portion  of  pipe  have  exactly  equal  areas  (so  that 
the  corresponding  mean  velocities  are  equal)  it  may  be  of  interest  to 
note  the  extent  of  the  error  involved  by  this  supposition,  under 
certain  circumstances  of  slightly  unequal  end  areas;  and  it  will  be 
found  that  for  short  lengths  of  pipe  between  piezometers  the  error  is 
greater  than  might  at  first  be  supposed.  (In  the  paper  there  are 
some  comparatively  short  lengths  used  in  connection  with  curves: 
from  24  to  200  ft.  for  the  30-in.  pipe,  100  ft.  for  the  12-in.,  and  220  ft. 
for  the  16-in.) 

The  writer  has,  therefore,  been  interested  in  computing  the  amount 
of  this  error  in  certain  cases  suggested  by  some  of  the  data  of  the 
Detroit  exi^eriments.  In  the  description  of  these  exj^eriments,  how- 
ever, no  sjjecific  information  is  given  as  to  the  magnitude  of  the 
sectional  areas  at  the  points  of  attachment  of  piezometer  tubes  (except 
that  the  diameter  of  each  of  the  special  piezometer  castings  used 
on  the  South  Street  tangent  and  at  the  further  extremity  of  an 
adjacent  curve  was  exactly  12  ins.).  We  are  therefore  left  to  gather 
the  jaossibilities  of  inequality  of  sectional  area  at  these  points  from 
statements  made  of  maximum  and  minimum  diameter. 

In  the  30-in.  pipe  the  maximum  and  minimum  diameters  for  the 
different  portions  considered  rarely  differ  by  more  than  |  in.,  though 
in  two  cases  the  difference  is  slightly  greater  than  1  in.  In  the 
portions  of  16-iu.  pipe  this  difference  of  extreme  diameters  varies 
from  I  to  xt  in. ;  while  in  the  description  of  the  12-in.  pipe,  where 
some  of  the  lengths  tested  are  as  short  as  100  ft.,  no  information 
is  given  as  to  variations  in  diameter  along  any  one  section,  although 
the  statement  is  made  (in  Fig.  79)  that  the  diameter  of  the  piezometer- 
castings  referred  to  above  (South  Street  tangent)  was  exactly  12 
ins. 

The  quantity  termed  "  loss  of  head  "  (in  steady  flow  of  water  in  a 
rigid,  stationary  pipe)  owes  its  origin  and  meaning,  of  course,  to  the 
well-known  Theorem  of  Bernoulli,  viz.,  the  loss  of  head  occurring 
between  any  two  points  in  the  line  of  flow  is  equal  to  the  amount  by 
which  the  "total  head"  at  the  up-stream  point  exceeds  that  at  the 
down-stream  point,  understanding  by  "total  head"  the  sum  (at  any 
point  of  the  flow)  of  the  velocity  head,  pressure  head,  and  potential 
head  (or  height  of  jjoint  above  any  convenient  horizontal  datum  plane). 
Referring  to  Fig.  92,  1  being  the  up-stream  point,  and  2  the  down- 
stream point,  let  Vy  denote  the  mean  velocity,  p^  the  internal  pressure. 
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2[  the  height  above  datum, 
^4,  the  sectional  area,  and 
fZ,  the  diameter  for  point  1; 
&  similar  notation  with  sub- 
script 2  applying  to  point 
2.  Also  denote  by  b  the 
height  of  the  water  barom- 
eter, and  by  y  the  weight 
of  a  unit  of  volume  of 
water;  and  let  h  indicate 
the  "piezometer  fall  "  (see 
Fig.  92),  Hj;  the  loss  of 
head  between  1  and  2,  andgr 
the  acceleration  of  gravity. 
We  have,  then,  by  Ber- 
noulli's Theorem, 


Mr.  Church. 


Fig.  92. 


(1) 


Eemembering,  that,  from  tbe  "  equation  of  continuity,"  A^  Vi  =  A.y  •»2, 
and  noting  the  relations  between  the  various  heights  marked  in 
Fig.  92,  where  ordinary  piezometers  are  shown  attached  at  the  points 
1  and  2,  we  finally  obtain 

H,= 


If  the  term  ^1  —  (  X^)     \  ^^  designated  as  the 


(2) 


increment  of 


velocity  head,"  we  may  read  Equation  (2)  as  follows  : 

The  loss  of  head  between  any  two  points  in  the  line  of  flow  is  equal 
to  the  piezometer  fall  diminished  by  the  increment  of  velocity  head. 
(In  Fig.  92,  A.2  has  been  siipposed  smaller  than  J., ;  but  if  the  contrary 
is  the  case  the  increment  of  velocity  head  becomes  negative,  and  the 
loss  of  head  will  be  greater  than  the  piezometer  fall  instead  of  less.) 
We  note  that  the  bracket  in  the  increment  of  velocity  head  is  inde- 
pendent of  the  length  of  pipe.  Hence,  if  the  length  were  small  and 
the  cause  of  loss  of  head  were  ordinary  "skin  friction,"  the  loss  of 
head  might  differ  considerably  from  the  "  jiiezometer  fall,"  even  when 
the  areas  Ai  and  A.2  were  nearly  equal.  (As  a  useful  illustration,  in 
this  connection,  it  maybe  well  to  recall  the  fact  that  in  the  converging- 
portion  of  a  Venturi  meter  the  loss  of  head  occurring  between  the 
entrance  and  the  "throat  "  is  only  a  small  fraction  of  the  piezometer 
fall.) 

To  take  a  rather  extreme  case,  let  us  first  compute  the  amount  of 
error  that  would  be  occasioned  by  considering  the  friction  head  to  be 
equal  to  the  piezometer  fall  in  a  100-ft.  length  of  pipe,  nominally 
12  ins.  in  diameter,  in  case  the  diameter  at  Point  1  is  d^  =  12.5  ins., 
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while  that  at  2  is  d.^  =  11.5  ins. ,  the  mean  velocity  at  2  being  f 2  =  4:  ft. 
per  second. 

Here  we  have    (4') '=  (f)  =0-7165; 

1  r> 

SO  that  the   "increment    of  velocity   head"   is    ttt— 7  [1  —  0.7165]  = 

0. 0704  ft.     It  will  be  sufficient  for  the  present  purpose  if  we  consider 

the   friction   head   in   the  Avhole   pipe  to  be  equal  to  that  in  a  pipe 

of  equal  length   and  of  12  ins.   diameter  throughout,    in   which  the 

same   rate   of  flow  is   taking   place  ;     that   is,    in   which    the    mean 

^11  5\  " 
velocity  is  4  X     ( -n/T^  )   =  3.673  ft.  per  second;  and  the  fiiction  head 

for  this  ideal  pipe  may  be  taken,  by  interpolation  in  the  first  line  of 
Table  No.  36,  as  H,.  =  0.320  ft.  (This  first  line  refers  to  the  long  South 
Street  tangent,  on  which  the  sections  at  piezometer  points  were  exactly 
12  ins.  in  diameter,  so  that  the  "observed  H/'  may  be  taken  as  the 
friction  head.)  Now,  0.0704  ft.  is  22%'  of  0.320  it.;  hence,  an  error 
of  22%  would  be  made  in  this  case  if  the  whole  piezometer  fall  (which 
is  0.0704 +  0.32  =  0.3904  ft.)  were  looked  upon  as  the  loss  of  head; 
i.  e. ,  the  piezometer  fall  occurring  between  Points  1  and  2  is  in  reality 
22%  in  excess  of  the  real  friction  head. 

Calling  this  100-ft.  length  of  pipe  Division  B,  let  us  suppose  the 
next  consecutive  100-ft.  length  (Division  C),  the  up-stream  piezometer 
of  which  is  the  down-stream  piezometer  for  Division  B,  to  have  at  its 
down-stream  end  a  diameter  of  12.5  ins.,  and  to  have  the  same  mean 
diameter  (12  ins.)  as  Division  B  and  the  same  degree  of  "  roughness  '* 
of  interior  siirface.  Then,  during  the  same  rate  of  flow  as  before,  the 
friction  head  in  C  would  be  equal  to  that  in  B  (viz.,  =  0.320  ft.),  and 
the  increment  of  velocity  head  for  C  would  be  equal  to  that  for  B 
(=  0.0704  ft.),  but  of  contrary  sign,  so  that  the  piezometer  fall  for  O 
would  be  (0.320  —  0.0704)  =  0.2495  ft.;  as  against  0.3904  ft.  for  B. 
The  latter  exceeds  the  former  by  0.1408  ft.,  which  is  56.4%  of  the 
former.  If,  therefore,  in  this  case  the  principle  were  adopted  that 
the  piezometer  fall  can  be  considered  as  sensibly  equal  to  the  friction 
head,  the  conclusion  would  be  reached  that  the  friction  head  in 
Division  B  is  56%  greater  than  that  in  C;  when,  as  a  matter  of  fact, 
the  two  friction  heads  are  equal. 

In  the  foregoing  example  the  data  as  to  diameters  at  piezometer 
points  are  rather  extreme,  as  these  diameters  differ  from  the  mean 
each  way,  by  ^-in..,  which  is  considerable  for  a  12-in.  pipe.  If,  how- 
ever, these  diameters  differ  only  |  in.  from  the  mean  (one  above,  the 
other  below),  the  results  of  similar  computations  for  two  consecutive 
100-ft.  lengths  of  12-in.  pipe,  B  and  C,  with  same  rate  of  flow,  etc.,  as 
before,  are  found  to  show  errors  of  12  and  25%,  respectively,  instead 
of  the  22  and  56%  of  the  first  example  ;  and  again,  with  |  in.  in- 
stead of  J  in.,  the  errors  are  5  and  12%',  respectively. 
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It  is  to  be  noted  that  as  the  increment  of  velocity  head  is  exactly,  Mr.  Church. 
and  the  friction  head  approximately,  proportional  to  the  square  of  the 
mean  velocity,  the  percentage  error  instanced  in  each  of  the  foregoing 
cases  would  not  be  .materially  changed  if  other  velocities  were  chosen. 

As  regards  the  30-in.  pipe,  let  lis  first  compute  a  fair  estimate  for 
the  loss  of  head  due  to  "skin  friction  "  in  a  straight  length  of  200  ft., 
when  the  mean  velocity  is  3.868  ft.  per  second.  (This  value  will 
serve,  nearly  enough,  for  both  the  following  examples.)  For  this  the 
Chezy  formula  will  serve,  with  c  =  12.3.4  (from  page  184);  and  Hf  = 
0.3142  ft.  is  obtained;  while  for  a  length  of  25  ft.  we  have  one-eighth 
as  much,  or  0.0392  ft.,  as  H^.  Considering  then,  a  25-ft.  length  of 
30-in.  pipe,  with  d^  =  30.125  ins.  and  dj  =  29.875  ins.,  so  that  these 
diameters  differ  only  by  ^  in.  (the  section  of  30-in.  pipe  called  XVIII, 
in  Table  No.  21,  is  only  23.51  ft.  long,  and  its  extreme  diameters  differ 
by  0.242  in.),  with  a  flow  at  the  rate  of  v.2  ^  4:  ft.  per  second,  we  find 
the  increment  of  velocity  head  to  be 

0.0085  ft.; 
while  the  value  of  iJ,may  be  taken  (see  above)  as  0.0392  ft.  As  0.0085  ft. 
is  21.3;'o^  of  0.0392  ft.,  it  follows  that  the  piezometer  fall,  i.  e.,  0.0477 
ft.  (=  0.0392  -(-  0.0085),  instead  of  being  equal  to  the  friction  head, 
exceeds  it  by  some  21%,  which  is  the  amount  of  the  error  that  would 
be  made  if  the  slight  inequality  of  end  areas  were  neglected.  If  the 
end  diameters  differed  by  only  |in.,  the  error  would  still  be  about 
10  i^er  cent. 

The  last  example  would  seem  to  show  in  a  very  striking  manner 
that  the  precision  attained  by  the  oil-and-water  differential  gauge  in 
the  determination  of  the  piezometer  fall  should  be  accompanied  by 
an  equal  precision  in  the  measurement  and  consideration  of  end  areas, 
if  accurate  values  of  friction  head  with  short  lengths  of  pipe  are  to  be 
obtained. 

As  regards  the  200-ft.  lengths  of  30-in.  pipe  (several  of  which  were 
used,  as  described  in  Table  No.  21),  in  nearly  all  of  these  the  maximum 
and  minimum  diameters  differ  by  about  |  in.  (including  the  Brady  tan- 
gent), while  in  two  of  them  (III  and  XIII)  the  extreme  diameters  differ 
by  more  than  1  in.  By  computations  similar  to  the  foregoing  it  can  be 
shown  that  with  ordinary  "skin  friction"  along  a  200-ft.  length 
(Division  B)  of  30-in.  pipe,  in  Avhich  the  end  diameters  happen  to 
differ  by  1  in.,  an  error  of  about  lO^'o  would  be  involved  in  considering 
the  piezometer  fall  to  be  equal  to  the  loss  of  head;  and  an  error  of 
some  20%  in  comparing  the  losses  of  head  in  Divisions  B  and  C,  if  in 
C  the  end  diameters  also  differ  by  1  in.,  but  are  opj)ositely  situated 
with  respect  to  the  direction  of  flow.  For  J-in.  difference  of  end 
diameters  these  percentages  would  be  reduced  about  one-half. 
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Mr.  Church.  Similar  illustrations  could  also  be  given  in  tlie  case  of  the  220-ft. 
lengths  of  16-in.  pipe. 

Since  the  foregoing  was  written,  the  writer  has  had  the  oiiportunity 
of  conferring  with  one  of  the  authors,  who  has  supplied  additional 
data,  together  with  computations  based  upon  them  and  arranged  in 
tabular  form,  bearing  on  the  matter  of  end  areas  (that  is,  areas  at  the 
points  of  insertion  of  piezometers). 

From  these  supplementary  statements  and  computations,  the 
writer  is  permitted  to  quote  as  follows  : 

"The  diameters  of  the  pipe  at  the  exact  points  of  insertion  of  the 
piezometer  connections  were  not  measured,  except  in  the  case  of  the 
four  special  castings  used  on  the  12-in.  line,  but  as  eight  diameters 
were  measured  on  every  pipe  and  special,  and  as  the  field  notes  enable 
the  ijipes  containing  the  connections  to  be  identified,  it  is  possible 
to  obtain  what  may  be  considered  a  fair  criterion  of  the  variation  of 
diameters  of  end  sections  by  taking  the  mean  of  the  eight  measured 
diameters  of  the  pipe  containing  the  piezometer  connection  as  the 
diameter  at  the  connection. 

"Upon  this  assumption  Tables  Nos.  51,  52  and  53  have  been  com- 
puted. Table  No.  51  for  the  30-in.  line  is  based  upon  a  velocity  of 
4  ft.  per  second  in  a  pipe  exactly  30  ins.  in  diameter.  Column  2 
gives  the  mean  diameters  of  the  tapped  pijaes  computed  as  above 
indicated.  Column  3  gives  the  velocity  through  a  jjiije  of  this  diam- 
eter corresponding  to  a  velocity  of  4  ft.  per  second  m  a  30-in.  i)ipe. 
Column  4  gives  the  corresponding  velocity  head,  H^.  Column  5  gives 
the  increase  or  decrease  of  velocity  head  between  the  two  ends  of  the 
experimental  section,  which  is  the  correction  to  be  subtracted  from 
or  added  to  the  piezometric  fall,  Hp  for  the  corresponding  velocity. 
Column  6  gives  the  piezometric  fall  that  would  be  observed  in  the 
experimental  sections  computed  from  the  equation,  lij  =  0.133  v^,  for 
the  North  Eivard  tangent  by  Column  8  of  Table  No.  28,  which  section 
was  selected  because  in  it  there  is  no  correction  for  i/^,,  the  diameters 
being  the  same  at  the  two  ends  ;  and  from  the  ratios  of  the  several 
observed  piezometric  falls  to  that  in  this  section  as  determined  from 
Column  4  of  the  same  table,  the  value  of  H^  in  the  above  equation 
being  reduced  to  that  of  the  true  length  of  the  section  by  multiplying 

by  ( .,    „  „  ^ )  ■     Column  7  then  gives  the  percentage  correction  to  be 

applied  to  the  authors'  Hf  to  account  for  the  change  in  H^.. 

' '  Table  No.  52  for  the'  16-in.  line  is  based  upon  a  velocity  of  4  ft.  j^er 
second  at  the  outlet  of  the  Army  tangent.  By  the  use  of  the  second 
and  third  columns  of  Table  No.  32  and  the  lengths  of  the  several 
sections  as  given  in  Table  No.  29,  a  similar  series  of  computations 
to  those  for  the  30-in.  line  give  the  values  of  Hj  in  Column  6,  the 
exponent  of  V,  in  Hf.  =  m  F",  being  in  this  case  1.857,  from  Fig.  74. 

"  Table  No.  52,  for  the  12-in.  line,  is  based  upon  a  velocity  of  4  ft. 
per  second  in  the  long  South  Street  tangent,  which  is  exactly  12  ins. 
in  diameter  at  both  extremities,  and  the  values  of  Hj.  were  determined 
from  the  equation  of  the  South  Street  tangent,  H^  =  0.0323  v  !■'='«  (Table 
No.  36,  Columns  5  and  6),  the  coefficient  being  reduced  for  a  length  of 
100  ft.,  and  the  ratios  thereto  given  in  Column  4  of  the  same  table." 

By  way  of  comment  on  the  preceding,  the  writer  is  of  the  oi)inion 
that  the  propriety  of  assuming  the  mean  diameter   at  a  piezometer 
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point  to  be  equal  to  the  mean  of  eight  measurements  made  in  the  Mr.  Church, 
same  12-ft.  pij^e  length,  all  of  which  measurements  were  either  at  the 
two  extremities  or  1  ft.  from  them,  is  fairly  open  to  question.  If  the 
sides  of  a  pipe  length  were  accurately  straight,  and  the  piezometer 
point  occurred  at  the  middle  of  the  pipe  length,  siich  an  assumption 
would  doubtless  be  justified,  but  the  writer  understands  that  a  pie- 
zometer point  might  occur  anywhere  along  the  length  of  its  12-ft. 
pipe  length  and  not  necessarily  in  the  middle.  As  to  the  straightness 
of  the  sides  of  ordinary  cast-iron  pipe  (or  the  lack  of  it),  other  con- 
tributors to  this  discussion  can  probably  bear  testimony  better  than 
the  writer. 

It  would  seem,  however,  that  the  above  assumption  would  not  be 
attended  with  serious  error  unless  experimental  sections  were  very 
short,  like  Sections  II,  VI,  X  and  XVIII  of  the  30-in.  pipe  (respect- 
ively, 56.42,  47.88,  29.17  and  23.51  ft.  long). 

Tables  Nos.  51,  52  and  53,  comjjuted  on  the  foregoing  assumption, 
are  seen  to  show  percentage  corrections  of  less  than  1^^  for  all  the 
experimental  sections  except  Nos.  II,  VI,  X  and  XVIII  of  the  30-in. 
pipe,  for  which  the  corrections  called  for  (without  regard  to  sign)  are, 
respectively,  1.28,  1.41,  3.01  and  6.34  per  cent.  As  might  have  been 
expected,  the  largest  correction  occurs  in  the  shortest  section.  XVIII, 
where,  according  to  Table  No.  51,  the  end  diameters  differ  by  a 
trifle  over  J  in.,  implying  sufficient  inequality  in  the  end  areas  to 
•cause  a  diii'erenee  of  some  10%"  between  loss  of  head  and  piezometer 
fall  if  the  loss  of  head  had  been  ordinary  "skin  friction  "  (see  pre- 
vious illustration  by  the  writer) ;  but  the  actual  loss  of  head  in  XVIII 
was  considerably  greater  than  this,  on  account  of  the  presence  of 
^'specials,"  and  hence  this  difference  between  loss  of  head  and  i^iezo- 
meter  fall  (being  a  fixed  quantity  for  a  given  rate  of  flow)  is  only  6.3^ 
of  the  latter  instead  of  10. 

As  to  the  authors'  conclusions  relating  to  the  losses  of  head  due  to 
curvature  in  jaipes,  in  the  first  perusal  of  the  statement  in  Conclusion 
K  on  page  191,  the  writer  understood  the  view  to  be  advanced  that 
the  flatter  the  curve,  the  greater  would  be  the  resistance;  which  cer- 
tainly seemed  very  paradoxical,  as  it  would  imply  that  a  maximum 
resistance  would  be  found  in  the  flattest  of  all  curves,  viz.,  in  a  straight 
pipe.  Closer  inspection  of  the  context  showed,  however,  that  the 
resistances  compared  were  those  occurring  (for  the  same  rate  of  flow) 
in  a  number  of  pi^Des  of  the  same  length  (in  diameters)  in  each  of 
which  only  a  fraction  of  the  length  was  curved,  so  that  a  (90°)  curve 
of  large  radius  occupied  a  much  larger  percentage  of  the  total  length 
than  one  of  small  radius;  and  that  no  attempt  had  been  made  to 
distinguish  between  the  effect  of  angular  deviation  of  flow  (or  curva- 
ture proper)  and  that  of  the  length  of  the  curved  part  of  pipe.  It  was 
also  noticeable  that  in  eleven  out  of  the  sixteen  cases  presented  the 
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Mr.  Church,  curved  portion  constituted  only  a  small  percentage  (2  to  ll^o )  of  the 
total  length  of  pipe,  the  remainder  of  the  pipe  being  straight. 

Now,  the  resistance  due  to  a  curved  pipe  (if  more  than  5  or  6 
diameters  long)  can  hardly  be  considered  as  having  an  abrupt,  local 
character,  like  that  due  to  an  elbow  or  valve  gate.  Hence  the  length 
of  the  curve,  as  with  a  straight  pipe,  would  seem  to  be  of  prime 
importance,  aside  from  the  element  of  angular  deviation  of  the  flow. 
The  writer,  therefore,  would  offer  the  following  mode  of  interpreting 
the  numerical  data  in  the  table  on  Fig.  90. 

To  obtain  a  fairly  j^robable  value  of  the  loss  of  head  occurring  in 
the  curve  proper,  a  necessary  preliminary  is  to  make  an  estimate  of 
the  friction  head  in  the  adjoining  straight  portions,  which,  with  the 
curved  part,  make  up  the  length  between  piezometer  points.  Such 
an  estimate  is  necessarily  based  on  the  results  of  experiments  with 
other  (straight)  sections  of  the  same  kind  and  size  of  pipe;  and  is 
such  a  large  fraction  (70  to  90)\f)  of  the  whole  loss  of  head  in  Cases 
Nos.  7  to  16  of  Fig.  90,  that  a  small  error  in  this  estimate  would  give 
rise  to  a  large  (relative)  error  in  the  quantity  obtained  by  deducting 
the  estimate  from  the  whole  (measured)  loss  of  head  (aside  from 
possible  error  due  to  neglect  of  inequality  of  end  areas).  On  account 
of  this  uncertainty  it  seems  hardly  worth  while  to  consider  Nos.  7  to 
16  so  far  as  intercomparison  of  pure  curve  effects  is  concerned. 

The  writer,  therefore,  has  selected  the  cases  of  Nos.  1,  2,  5  and  6a 
(each  of  which  is  a  200-ft.  length  of  30-in.  pij^e  and  contains  a  single 
90°  curve;  of  radii  60,  40,  25  and  15  ft.,  respectively)  as  most  favor- 
able for  the  purpose,  and  as  likely  to  give  the  most  trustworthy 
results.  The  quantities  computed  by  him  are  placed  in  Table  No. 
54,  all  the  values  given  in  which  are  explained  below. 

TABLE  No.  54. 


(b) 


(d) 


(e) 


(f) 


1 

60  ft. 

2 

40  " 

5 

25  " 

6a  

15  " 

Straight.... 



23.56 
0.00 


ft. 
105.76 
137.16 
160.72 
176.44 
200.00 


190.2 
161.5 
152.7 
133.0 
100.0 


88.22 
100.00 


72.34 
44.78 
0.00 


1.457 
1.478 
1.841 
1.901 


Five  200-ft.  lengths  of  30-in.  pipe  are  represented,  of  which  the 
last  is  straight  throughout  its  whole  length,  and  6a  is  No.  6  "cor- 
rected for  specials  "  (see  Fig.  90). 

Column  E  gives  the  radius  (in  feet)  of  the  90°  curve  occurring  in 
the  section. 

Column  (a)  gives  the  length  of  curved  portion  (in  feet). 
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Column  (b)  gives  the  aggregate  length  of  straight  portions  in  each  Mr.  Church, 
section  (in  feet),  [by  deducting  (a)  from  200  ft.]. 

Column  (c)  gives  the  (relative)  loss  of  head  in  the  whole  length. 

Column  (d)  gives  the  (relative)  loss  of  head  in  straight  parts  [com- 
puted by  taking  the  same  fraction  of  100  that  the  length  (b)  is  of 
'iOOft.J."^ 

Column  (e)  is  obtained  by  deducting  (d)  from  (c),  and  hence  gives 
the  (relative)  loss  of  head  due  to  the  curved  p  ortion  alone. 

Column  (f)  results  from  dividing  (e)  by  the  length  (a)  of  the  curved 
portion,  and  hence  the  numbers  in  this  column  are  proportional  to  the 
loss  of  head  per  unit  of  length  along  the  curve  itself. 

It  is  to  be  noted  that  these  numbers  in  Column  (f)  increase  (though 
not  rapidly)  with  increasing  sharpness  of  curvature;  which  is  what 
would  naturally  be  expected,  since  they  all  refer  to  the  same  absolute 
length  (1  ft.)  of  curved  pipe  (the  whole  curve  in  each  case  being  more 
than  five  diameters  long). 

The  reason,  therefore,  why  the  total  resistance  for  the  200-ft. 
lengths  should  increase  (from  133  to  190.2)  as  we  read  upward  in 
Column  (c),  meeting  with  curves  of  less  and  less  sharpness  (but  of 
greater  and  gi-eater  length),  would  seem  to  be  best  expressed  by  saying 
that  the  effect  of  the  increasing  length  of  the  curved  loortion  overbal- 
ances the  contrary,  but  much  less  rapid,  influence  of  the  decreasing 
sharpness. 

Users  of  differential  gauges  will  doubtless  be  interested  in  the  ac- 
curate setting  forth  of  the  theory  of  these  instruments,  as  given  on 
pages  78  and  89. 

ChaklesH.  Tutton,  M.  Am.  Soc.  C.  E.  (by  letter). — On  pages  63  and  jir.  Tutton. 
61  of    the  paper,  the  authors   present  the  theory  that  the    curve  of 
velocity  ia  a  pipe  is  an  ellipse,  rather  than,  as  generally  taught  in  the 
schools,  a  curve  from  the  family  of  parabolas.  The  writer,  having  made 
a  number  of   investigations   along 
this  line,  believes  that  the  authors 
are   correct    in   their   assumption; 
and,    in     the      following,     which 
strongly    substantiates   the   same, 
incidentally    presents   an    entirely 
new  theory    and  formula   for   the 
flow   of    water    in    jjipes,    from    a 
purely  theoretic  standpoint.     As  a 
preliminary  step,  let  it  be  assumed 

that  uniform  motion    exists  in  the  1*^ If  ^ 

pipe,    meaning    by    this   that    the  p      ^^ 

motion    along   each    fillet   is   uni- 
form, and  that  the  total  resistance  to  the  motion  is  composed  of  two 
entirely  different  and  non-comparable  classes  of  resistance,  one  being 


;r 

-Z-"-^ 

^l5-„- 

—  ^-F--i 

A 

<^i^l 

iT 

F 



^1         -rh 

R\            J 





E 
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Mr.  Tutton.  the  so-called  friction  along  the  pipe  walls,  the  other,  the  internal  re- 
sistances in  the  water  itself,  or  the  so-called  viscosity. 

The  development  of  the  moving  mass  of  water  may  be  divided  into 
two  portions,  a  cylinder  and  a  "  dome  "  shaped  head.  The  effect  of  the 
friction  on  the  pipe  walls  will  be  felt  only  upon  the  cylinder,  and  the 
effect  of  the  viscous  resistances  will  be  entirely  shown  in  the  shape 
and  size  of  the  "  dome,"  as  the  authors  have  named  it. 

With  these  ideas  in  mind,  the  following  general  relations  may  be 
l^ointed  out. 

Referring  for  the  present  only  to  the  "dome,"  and  denoting  the 
radius  of  the  pipe  by  R,  the  central  velocity  in  the  head  by  v,  and 
the  mean  velocity  in  the  same  by  U^,  Boussinesq  arrives  at  the  con- 
clusion that  the  curve  of  velocity  is  a  cubic  parabola.  Now,  the 
equation  of  such  a  parabola,  with  origin  at  C,  can  be  written  ji^  =  C  x,  in 
which  X  is  parallel  to  the  axis  of  the  pipe.  TJpie  volume  of  the 
generated  paraboloid  will  consequently  he  i  it  R-  V,  its  mean  ordinate 
f  V  =^  H  K,  and  consequently  the  distance,  /  H,  or  the  radius  of  the 
circle  of  mean  velocity,  will  be 

i2„  =  VT-R  =  0.737  iJ. 
Bazin,  in  his  deductions  from  experiment,  admits  that  this  value  is  a 
little  too  small. 

Now,  if  the  supposition  of  the  authors  be  correct,  that  the  ratio  of 
mean  to  central  velocitv  be  0.84,  that  is,  that 

V,.       F  C 
which  refers  to  the  total  velocity,  then,  F  C  being  1.0,  F  I  must  be 
0.60  ^v-,  and /C=  0.40  r,. 

It  may  be  observed  that  Boussinesq's  supposition  as  to  the  effect 

J?        7? 
of  viscosity  is  that  it  is  proportional  to  -^  U^  -^  in  which  r  is  the 

radius  of  any  fillet,  and  U,,  is  the  velocity,  A  B,  along  the  pipe  wall, 
with  which  velocity  viscosity  has  no  relation,  if  the  writer's  supposi- 
tion, which  will  hereafter  be  presented,  be  correct. 

The  authors,  without  proof,  assume  that  the  curve  of  velocity 
B  K  G  D  is  an  ellipse.  The  ellipsoidal  volume  C  B  B,  consequently, 
will  be  f  7r  JS^  V,  and  the  mean  ordinate  H  K  =  ^  V,  which,  placed  in 

x^       ir 
the  equation  of  the  ellipse,  ^  -|-^  =   1,  gives  for    the  radius   of 

mean  velocity  x^  =^  -^  R^, 

or  Rui  =  0. 745.35  R. 
The    following    relations    then    exist,    on     the    supposition    that 

£  =  0M. 

^'  FI=0.52v,:  IG  =  0A8v,. 
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It  will  be  seen  that  this  does  not  vary  from  the  previous  result  Mr.  Tutton. 
enough  to  justify  the  assertion  from  the  results  of  their  experiments 
alone. 

The  writer  j)roposes  the  following  theory  to  justify  the  assertion 
that  the  true  curve  of  velocity  is  an  ellipse.  Instead  of  Boussinesq's 
assumjition  that  the  frictional  resistance  between  filaments  per  unit  of 

area  is  proportional  to  e •,  or  that  of  Levy  that  it  is  proportional  to 

V  d  f>  {d  V  \  ' 

^V>'     7  -  '  oi' tliat  of  Bazin  s  I    ~- )    ,  or  finally,  that  of  Navier,  and 

upon  which  the  capillary  theory  and  Poiseuille's  formula  for  viscosity 
is  based,  that  it  is  simply  proportional  to  e  -j—,  let  it  be  assumed  that 

this  resistance  is  proj)ortional  to  f  —  ^  ,  or  that  what  has  been  called 

the  "  rate  of  distortion  "  of  the  liquid  varies,  not  only  in  direct  ratio 
to  the  distance  of  the  filament  from  the  center  of  the  tube,  but  also 
with  the  velocity  of  that  filament. 

Let  the  shaded  jaortion  in  Fig.  93  represent  the  cylinder  of  water 
upon  which  the  pressures  act.  The  light  portion,  A  B  C  D  E,  will 
then  represent  the  "  velocity  solid,"  or  better,  the  develojjment  of  the 
motion  per  second  of  and  in  the  actual  cylinder.  The  cylindrical 
portion,  A  B  D  E,  will  represent  the  development  of  the  total  motion 
along  the  wall  of  the  pipe,  and  the  dome,  BCD,  will  rejjresent  the 
development  of  the  excess  of  motion  of  the  co-axial  cylinders 
forming  the  interior  of  the  original  cylinder,  and  which  are  subjected 
to  the  viscous  resistances.  In  that  which  follows,  these  fictitious  por- 
tions will  be  referred  to,  but  it  must  be  understood  that,  physically,  it 
is  the  shaded  portion  that  is  considered.  The  method  used  is  to  catch 
the  eye. 

Ifp^andp  be  the  pressures  on  the  two  ends  of  the  cylinder  per 
unit  of  area,  the  resultant  pressure  will  be  (;>„  —  p)  n  r". 

If  E  be  considered  of  the  same  nature  as  the  friction  coefficient  on  the 
sides  of  the  pipe,  in  so  far  that  it  may  be  represented  as  a  force,  and  a 

factor,  ,  be  introduced  to  include  any  possible  effect  due  to  the 

m 

absolute  size  of  the  pipe,  then  the  frictional  resistance  on  the  surface 

of  the  cylinder,  the  radius  of  which  is  r,  will  be 

1  n  r  I  p  a  E -: —  — ^ . 

•^       m    '1  g         dr 

In  uniform  motion  the  sum  of  these  must  be  0;  or,  since  ^^^ — p  = 
g  h,  in  which  p  is  the  density  of  the  liquid, 

0  7      ,     o  ;  K^       V       d  {V„  +  V) 

^      ^  ^       m    2  g         dr 
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Mr.  Tutton.  Eeducing  this  expression,  and  substituting  -r-  =  s,  the  piezometrie 

gradient,  or,  as  usually  understood,  the  slope, 
R"'  s  V  d  V  __  r  s 
m     1 g     dr  2 

7  SOTO, 

or  V  d  V  =^ ^-nfT  '■  d  r. 

Integrating  this  expression  between  the  limits,  v  ^=  v  and  v=V,  corre- 
sponding to  which  are  the  radii,  r  =  r  and  r  =  0,  there  results 

^  9       m  q  s    2  |-,^ 

^■'-^  =7iF'  (1^ 

But  when  ??  =  0,  assuming  there  is  no  slip  along  the  sides  of  the  pipe 
as  an  effect  of  the  viscous  resistances,  r  becomes  equal  to  R. 
2  _  mgs     2 
^    -    sR^  ^' 

mgs  V^  ,_. 

^^^  -7^-  =  ^ ('> 

Substitute  this  in  (1),  and 

whence,  dividing  through  by  V^  and  transposing 

Tr+T^=i '3> 

showing  that  the  curve  of  velocity  is  a  true  ellipse,  the  semi-axes  of 
which  are  Fand  R. 

From  (1)  

\1  OR"      ' 

or  by  the  relation  in  (2) 

and  there  is  obtained  for  the  mean  velocity  in  the  "  dome," 

r2  Tt  r  V  dr  2         I  in  g  s     C^    I  r>^ ^     i 

whence  ^^^  =  1%]^^^ ^^^ 

and  which  is  of  the  form 

U^  =  b  R^  ~^V^ (5) 

h  being  equal  to  —.\ -,  constant  for  all  sizes  of  pipe,  so  long  as  the 

temperature  is  constant,  and  entirely  independent  of  the  friction  along 
the  sides  of  the  pipe. 

Now,  for  the  cylindrical  portion,  A  B,  in  which  the  velocity  is  v„, 
and  not  only  uniform  but  equal  in  each  fillet,  if  the  ordinary  assump- 
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tion  be  made  that  the  resistances  are  proportional  to  the  square  of  the  Mr.  Tutton. 

velocity,  the  equation  for  equilibrium  will  be 

r  ^ 
7tR-pr/h  =  '2,7rRl/p(/  — ^, 

or  vJ^^^RS (6) 

which  is  of  the  form 

v^^  =  a  V'Ti~S. (7) 

Adding  (5)  and    (7)  then  obtains  the  general  mean  velocity  in  the 
pipe 

U=  V,  +  Ui={a  +  h  r"-^)  V'R~S (8) 

in  which  R  is  the  actual  radius  of  the  pipe,  a  is  a  factor  depending 
solely  upon  an  absolute  coefficient  of  friction  on  the  sides  of  the  pipe, 
and  6  is  a  factor  depending  solely  upon  viscosity  and  temperature. 

The  iiarameter,  P,  of  this  ellipse  being  j—,  which  by  (2)  is  equal 

to        ^^  there  results  S  =  ^ F,  or  the  effect  of  changing  the  slope 

£  it"  2ing  o     o  ir- 

is simply  to  increase  the  parameter  of  the  ellipse  in  a  direct  ratio,  or 
s  varies  with  F",  as  it  should. 

That  the  viscous  resistances  are  a  very  important  factor  is  shown 
by  the  fact  that  if  the  authors'  ratio  of  cylinder  to  dome  be  correct, 
0.52  and  0.48,  viscosity  would  account  for  38%  of  the  entire  resistance. 

In  comparing  this  formula  with  the  Chezy  form,  it  is  necessary  to 
change  it  so  that  R  rejaresents  the  hydraulic  radius.    Tor  this,  make 


sl¥^-rsl^ 


and  it  becomes 


j      |2o       2    2       \i7ig       ^^  (.     , 


(9) 


The  final  form  will  dejiend  upon  the  values  given  to  m  and  ».  Here 
it  will  be  assumed  that  m  ^  1;  then,  if 

n  =  —  1  U={a-'rbR)'\/R'S  Dupuit's  form. 

)i  =       0  U  =  {a -\- h -[/ R)  y  R  S       Manning's  form. 

n  =        1  U  =^  [a  -\- b)  V  R  S  Here  adopted. 

n=        2  U  =  (a  +  -T=^  V^S      Etc.   ' 

Dupuit  obtained  his  form  from  a  theory  somewhat  similar  to  that 
of  Bazin.  Manning's  was  jiurely  emiiirical,  being  deduced  from  a 
plotted  curve. 

In  adopting  the  form,  U  =  (a  -\-  b)  \/  R  S,  the  mistake  must  not  be 
made  of  considering  it  equivalent  to  the  Chezy,  U  =  C  \/  R  S,  as  a  and  b 
are  constants,  the  properties  of  which  are  entirely  independent.      It 
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Ml-.  Tutton,  may  be  written  in  the  following  shape,  in  which  it  is  perfectly  homo- 
geneous and  applicable  to  any  system  of  units: 


or  U=  C 

but,  to  show  its  character,  it  is  better  written 

Now,  if  0.84  be  the  constant  ratio  of  mean  to  maximum  velocity, 
1  2 

as  the  value —7=  must  account  for  0.52  ZJandi — 7=^  for  0.32  C/,  then 

32  104 

must  exist —7^  =  ^7=^,  whence  /  =  0.857f;   should  the  relation  be 

0.83,  then/=1.08£;  should  it  be  0.85,  then /=  0.669f ;  but  should 
it  be  ---  =  0.8333,  then/  =  e,  whence  it  will  be  seen  that  a  very  slight 
change  in  ratio  of  mean  to  maximum  velocity  makes  a  very  great 
change  in  the  ratio  of /to  f,  which  would  indicate  that  0.8333  was  a 
more  preferable  mean  ratio  than  0.84  assumed  by  the  authors,  but  one 
that  is  likely  to  change,  and  is  not  constant. 

The  main  object  of  the  writer  being  to  present  a  theory  of  the 
ellipse  as  the  true  velocity  curve,  further  determination  of  the  con- 
stants applicable  to  this  formula  will  not  be  attemj^ted.  SuflBce  it  to 
say  that  a  correct  determination  of  e  has  yet  to  be  made,  as  it  is  not 
thought  that  the  Poiseuille  formula  has  a  correct  basis,  or  that  the 
coefficient  of  viscosity  deduced  therefrom  is  applicable,  except  within 
exceedingly  narrow  limits.  Its  form  would  have  to  be  changed  for 
use  in  the  preceding,  were  it  thought  applicable. 

As  a  i^ractical  formula,  experience  may  show  the  assumption  n  =  0 
preferable,  or 

which,  if  b  be  given  the  value  i,  becomes  almost  identical  with  Pro- 
fessor Robert  Manning's  formula*,  adapted  to  English  measures, 

U=GiVS{V^  +  }R  —  O.Od), 
the  accuracy  of  which  has  been  too  well  verified  to  require  farther 
notice  here.     Tkis  is  practically  identical  with  a  formula, 

n 
previously  presented  by  the  writer  f  (the  agreement  being  also  noted 
by  Professor  Manning),  in  which  n  has  Kutter's  value. 

The  authors  make  a  rather  startling  assertion  in  Conclusion  K,  that 

*  Transactions,  Inst,  of  Civ.  Eng.  of  Ireland,  Vol.  20,  p.  161. 

t  Journal  of  the  Association  of  Engineering  Societies,  October,  1899. 
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curves  of  short  raditis,  down  to  a  limit  of  2^  diameters,  offer  less  re-  Mr.  Tutton. 
sistance  than  do  those  of  longer  radius,  and  that  all  theories  hitherto 
jjresented  are  incorrect  and  diametrically  opjiosite  to  the  true  condi- 
tions. The  writer  thinks  that  the  effect  of  viscosity  should  be  more 
thoroughly  investigated  before  accepting  this  statement.  As  he  un- 
derstands it,  both  dome  and  wall  losses  of  head  have  been  included  in 
the  exponent  n  as  applied  to  total  mean  velocity.  It  has  often  been 
suggested  that  the  assumption  upon  which  Equation  (6)  is  based  is  in 
error,  and  it  has  again  been  suggested  that  the  pressure  head  meas- 
ured by  a  circumferential  piezometer,  or  rather  the  loss  of  head,  is 
only  applicable  to  «,^  of  the  present  note,  and  not  to  the  Ui,  due  to 
viscosity.  These  suggestions  require  further  investigation,  which  may 
show  Conclusion  A"  to  be  in  error. 

Conclusion  /  is  undeniable,  but  how  far  ./  is  true  will  depend  upon 
what  is  above  stated  in  reference  to  K. 

J.  L.  Campbell.  M.  Am.  Soc.  C.  E.  (by  letter). — The  authors  deserve  Mr.  Campbell, 
credit  for  developing  the  Pitot  tube  and  differential  gauge  for  measur- 
ing velocity  and  pressure,  but  the  fact  that  the  tube  registers  nega- 
tively when  the  point  is  oblique  to  the  current  aj)pears  to  limit  its 
apiilication.  It  would  be  instructive  on  its  action  to  i^resent  traverses 
of  the  pipes  on  the  curves. 

From  the  data  given  on  the  increase  of  resistance  in  curves  of  long 
radius  over  those  of  short  radius,  it  is  evident  that  this  is  due,  not  to 
the  longer  radius,  but  to  the  greater  length  of  curve;  but  the  increase 
of  resistance  is  less  than  that  of  length. 

Undoubtedly,  with  a  given  velocity,  the  intensity  of  disturbance, 
and,  consequently,  of  resistance  in  a  sharp  turn  is  greater  than  in  a 
gentle  turn;  but  with  equal  angular  deflections  it  acts  through  a 
shorter  distance.  As  this  greater  intensity  of  the  shorter  turn  multi- 
plied by  its  lesser  distance  is,  apparently,  smaller  than  the  lesser 
intensity  of  the  long  turn  multiplied  by  its  greater  distance,  the  larger 
resistance  of  the  latter  is  clearly  due  to  the  continued  agitation  of  the 
water  in  the  long  curve. 

On  the  other  hand,  if  this  is  triie,  the  increase  of  intensity  on 
going  from  a  gentle  to  a  sharp  turn  is  not  i^roportional,  within  a  wide 
limit,  to  the  decrease  in  length  of  radius,  and  the  experiments  in  hand 
appear  to  indicate  that  here  is  a  relation  that  existing  formulas  fail  to 
express  correctly. 

Water  being  instantly  and  perfectly  responsive  to  disturbance  of 
its  equilibrium,  it  is  readily  conceivable  that  the  agitation  and  counter 
currents  set  up  by  the  deflections  of  a  curve  of  10  ft.  radius  will  be 
more  than  half  as  great  as  those  due  to  one  of  5  ft.  radius.  As  the 
former  is  twice  as  long  as  the  latter,  it  is  obvious  that  its  resistance 
would  be  greater.  This  assumes,  of  course,  that  the-  disturbance  of 
the  water  continues  throughout  the  length  and  begins  to  end  at  the 
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Mr.  Campbell,  termination  of  the  curve.  This  would  probably  be  shown  to  be  sub- 
stantially true  by  tests  with  the  Pitot  tube. 

It  is  fairly  demonstrated,  theoretically  and  practically,  that  the 
resistances  of  railway  curves  do  not  decrease  as  rapidly  as  the  radii 
increase.  As  this  is  true  of  the  comparatively  inelastic  movement  of 
a  railway  train,  there  is  ample  warrant  to  believe  it  will  hold  for  a 
perfectly  elastic  fluid. 

The  experiments  should  take  a  wider  range.  Smaller  diameters  and 
higher  velocities  would,  no  doubt,  give  results  differing  in  degree  at 
least. 

After  all,  the  results  are  not  wholly  diametrically  opposed  to  all 
authorities.  Above  a  radius  of  5  diameters,  Weisbach's  formula  gives 
no  advantage  for  longer  radii,  making  the  resistance  iJractically  con- 
stant. 

In  the  discussion  of  this  subject,  Mr.  Henry  gives  an  illogical 
interpretation  and  conclusion  in  stating  that  the  least  resistance  to 
flow  would  be  in  a  pipe  having  the  greatest  number  of  sharp  right- 
angle  bends. 

To  avoid  such  confusion,  it  must  be  remembered  that  the  total 
angular  deflection  in  all  the  experiments  was  the  same  (90°)  for  each 
case,  and,  consequently,  that  the  lengths  of  the  curves  of  difl"erent 
radii  varied. 

The  net  result  was  a  less  total  resistance  for  the  greater  intensity 
of  the  short  turn  acting  through  the  shorter  distance,  and  a  greater 
total  resistance  for  the  lesser  intensity  of  the  long  turn  acting  through 
the  longer  distance.  This  is  tersely  stated  by  IVIi'.  Church.  But  this 
is  no  justification  for  the  conclusion  that,  foot  for  foot  of  length,  the 
short  turn  gives  less  resistance  than  the  long  turn.  As  a  matter  of 
fact,  it  is  known  that  the  short  turn  would  give  the  greater  resistance, 
and  the  results  of  the  experiments,  taken  in  connection  with  the 
relative  lengths  of  the  curved  portions  of  the  pipes,  jjrove  this. 

Suppose,  for  example,  that  there  are  two  hollow  rings  of  12-in.  pipe, 
each  full  of  water,  one  having  a  radius  of  1  ft.  and  the  other  a  radius 
of  2  865  ft.  Suppose  the  water  in  each  is  made  to  flow  under  a  uni- 
form pressure  and  velocity  once  around  the  circle  of  .360  degrees. 

Common  sense  and  a  superficial  knowledge  of  the  properties  of 
water  are  sufficient  to  satisfy  us  that  the  resistance  to  flow  in  the 
small  ring  could  not  be  2  865  times  as  great  as  that  in  the  large  ring. 
It  is  obvious  that  the  total  resistance  once  around  the  small  ring  is 
very  materially  less  than  around  the  large  one,  but  equally  apparent 
that  the  intensity  of  resistance  per  unit  of  length  in  the  large  ring  is 
very  much  less  than  in  the  small  one. 

Let  a  =  the  length  of  the  short  ring,  h  =  the  length  of  the  long 
ring,  X  —  the  intensity  of  resistance  in  the  short  ring,  and  ^  the  in- 
tensity of  resistance  in  the  long  ring  per  unit  of  length.     Then  y  b'^ 
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ic  a.     As  the  writer  understands  the  deductions  of  the  authors,  they  Mr.  Campbell, 
assert  nothing  more  than  the  foregoing. 

Neither  do  Mr.  Henry's  exceptions  to  the  results  of  the  experi- 
ments, showing  that  the  locus  of  maximum  velocity  may  be  away  from 
the  center  of  a  pipe,  appear  to  be  well  taken,  on  the  assumjition  that 
said  locus  must  be  on  the  center,  because  the  latter  point  is  farthest 
removed  from  causes  of  retardation.  Theoretically,  that  assumption 
is  all  right,  assuming,  in  addition,  that  the  perimeter  of  the  pipe  gives 
a  uniform  resistance  all  the  way  around,  and  that  the  pressure  is  like- 
wise uniform.  As  a  matter  of  fact,  these  conditions  do  not  always  ob- 
tain, and,  in  pipes  of  large  diameter,  the  pressures  at  the  top  and 
bottom  are  never  equal.  Suppose,  for  example,  that  the  bottom  of 
the  pipe  is  covered  with  sand  and  gravel,  or  that  one  side  is  rougher 
than  the  other:  Under  such  conditions  could  it  be  expected,  even 
theoretically,  that  the  maximum  velocity  would  be  found  on  the 
center?     Certainly  not. 

Again,  the  writer  does  not  believe  that  the  theoretical  assumption 
referred  to  is  necessarily  logical.  That  it  agrees  well  with  observed 
facts  under  perfect  practical  conditions  he  does  not  question,  but  sup- 
pose it  is  made  absolutely  theoretical,  and  it  is  assumed  that  there  is 
no  resistance  to  flow  in  the  pipe  from  the  surface  of  the  latter,  the  vis- 
cosity of  the  water,  air,  or  any  cause  whatever.  Would  it  not  follow 
that  the  greatest  velocity  would  be  along  the  bottom  of  the  pipe,  due 
to  the  greater  pressure  there?  In  view  of  the  many  things  that  can 
and  do  upset  theoretical  conditions,  it  is  not  at  all  surjirising  that  the 
experiments  in  question  found  the  maximum  velocity  away  from  the 
center  m  many  cases. 

In  conclusion,  a  point  may  be  noted  which  is  favorable  to  long 
curves,  as  against  very  short  ones,  in  laying  a  line  of  pipe,  viz.:  the 
former  will  give  a  shorter  total  length  of  line,  neutralizing  to  some 
extent  the  advantage  of  the  shorter  turns.  With  two  lines,  each 
having  ten  90°  bends,  one  laid  on  radii  of  60  ft.  and  the  other  on  radii 
of  2i  ft.,  the  former  would  be  196.7  ft.  the  shorter. 

Charles  W.  Sheeman,  Assoc.  M.  Am.  Soc.  C.  E.  (by  letter).— The  Mr.  Sherman, 
prior  use  of  oil  in  a  differential  gauge,  for  the  purpose  of  increasing 
the  difference  in  height  between  the  two  water  columns,  was  unknown 
to  the  authors  of  this  paper,  as  stated  by  them  in  a  foot-note  on  page 
73,  and  they  will  doubtless  be  surprised  to  learn  that  this  process 
was  patented  on  March  24th,  1885,  by  the  late  Henry  Flad,  M.  Am. 
Soc.  C.  E.,  of  St.  Louis,  the  patent  being  numbered  314  323.  The 
specifications  forming  part  of  the  ajsijlication  include  a  number  of 
drawings,  and  a  detailed  description  of  the  principle  upon  which  it 
is  based,  as  well  as  of  some  of  its  applications.  The  first  of  the  nine 
claims  on  which  the  jaatent  was  granted  is  in  part  as  follows ; 

"  1.  The  herein-described  method  of  indicating  the  velocity  of 
running  fluid,  the  same  consisting  in  causing  two  columns  of  the  fluid 
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Mr.  Sherman,  to  be  respectively  acted  upon  simultaneously  by  the  impact  and 
suction  or  draft  of  the  stream,  and  connecting  the  upper  ends  of  said 
columns  directly  by  an  inclosed  fluid  medium  having  a  less  specific 
gravity  than  that  of  the  fluid,  the  velocity  of  which  is  to  be  ascer- 
tained.    *     *     * " 

In  spite  of  their  conclusion  that  "  under  some  conditions,  in 
straight  pipe,  there  is  a  diS'erence  of  pressure  at  different  points 
around  the  circumference  of  the  same  cross-section,"  the  authors 
seem  to  have  generally  used  as  a  piezometer  connection  a  single  cor- 
poration cock  screM-ed  vertically  into  the  top  of  the  pipe,  and  to  have 
accepted  the  data  obtained  from  these  piezometers  without  question. 

The  writer  is  of  the  oj^inion  that  when  it  is  not  feasible  to  tap  more 
than  one  hole  in  a  pipe  for  a  piezometer  connection,  this  hole  should 
not  be  higher  than  45°  above  the  horizontal  diameter.  In  some 
experiments  on  flow  of  water  in  a  30-in.  pipe,  made  some  years  ago, 
he  used  three  jjiezometers,  each  connection  consisting  of  a  corporation 
cock  taj^ped  vertically  into  the  top  of  the  pipe;  and  while,  by  the 
exercise  of  great  care  and  frequently  blowing  off  the  air,  good  results 
were  obtained  from  two  of  them,  the  collection  of  air  at  the  third  was 
so  great  that  its  value  was  seriously  impaired,  if  not  entirely  destroyed. 

The  writer  has  not  been  able  to  give  to  the  paper  the  attention 
which  it  deserves,  but  it  would  seem  to  him  from  such  study  as  he 
has  given  to  it  that  the  authors  have  not  sufficiently  aiDjjreciated  how 
large  a  proportion  of  the  frictional  loss  of  head  in  ordinary  water 
pipes  is  due  to  the  joints.  Curves  of  long  radius  invariably  contain  a 
number  of  joints,  while  short-radius  curves  contain  few  or  none. 
This  would  be  one  reason  why  cu.rves  of  short  radius  shoiild  oifer  less 
resistance  to  the  flow  of  water. 
Mr.  Henry.  D.  Fakeand  Henky,  M.  Am.  Soc.  C.  E.— There  must  be  something 
wrong  in  the  observations  or  the  deductions  when  the  authors  reach 
conclusions  on  two  points  so  diametrically  opposed  to  accepted 
theories. 

First:  That  the  friction  in  x^ipes  increases  with  the  radius  of  curv- 
ature. They  claim  that  the  least  friction  was  found  in  a  90°  curve 
with  a  radius  of  2  to  2.5  diameters,  and  the  greatest  in  a  similar  curve 
with  a  radius  of  24  diameters.  Can  it  not  be  legitimately  concluded 
that  a  line  of  pipe  through  which  the  water  will  flow  with  the  least 
friction  must  have  as  many  sharp  right-angle  bends  as  possible? 

Second:  That  the  locus  of  maximum  velocity  in  a  circular  pipe 
may  be  anywhere  except  in  the  center.  The  heretofore  recognized 
theory  in  regard  to  this  locus  is  admirably  expressed  by  M.  Dubuat: 

*  ' '  When  the  flow  of  water  has  become  uniform  in  an  inclined  pipe 
the  fillet  which  occupies  the  axis  moves  with  the  greatest  velocity, 
because  it  is  furthest  from  the  cause  of  retardation,  that  is,  the  outer 
walls." 

In  other  words,  the  fastest  current  follows  the  line  of  least  resist- 


*"  Principes  Hydrauliques,"  I,  p.  65. 
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auce.     This  has  been  the  teaching  of  all  velocity  measurements,  from  Mr.  Henry, 
the  small  exi^erimental  canals  to  the  largest  rivers. 

The  velocity  observations  in  small  canals  by  MM.  Darcy  and 
Bazin*  are  very  numerous,  and  are  given  in  such  detail  that  the  locus 
of  maximum  velocity  can  be  readily  found.  In  rectangular  canals  the 
maximum  velocity  was  in  or  near  the  center  vertical,  and  where  the 
depth  was  less  than  one-fourth  of  the  width  it  was  at  the  surface; 
with  the  depth  equal  to  one-half  the  width  it  descended  to  about 
one-third  of  the  dejjth,  the  friction  on  the  perisendicular  sides  seem- 
ing to  force  the  locus  beneath  the  surface.  In  triangular  canals  the 
surface  velocity  was  greatest  until  the  depth  was  about  one-third  of 
the  width,  and  in  semi-circular  and  trapezoidal  canals,  the  effect  of  the 
sides  seemed  to  be  between  that  of  the  triangular  and  I'ectangular 
forms.  MM.  Darcy  and  Bazin  remark  that  the  friction  ofthe  air  has  much 
less  influence  in  retarding  the  upjaer  layers  than  this  curious  influence 
of  the  sides.  Among  their  observations  were  some  on  a  rectangular 
canal  covered  at  the  top  and  running  full,t  being  the  same  as  a 
pipe  conveying  water  under  a  light  pressure.  The  observations  were 
taken  at  the  intersections  o*f  imaginary  lines  crossing  the  tube  at 
right  angles  or  parallel  to  the  sides  of  the  covered  canal.  These  read- 
ings were  then  plotted  and  curves  drawn  through  points  of  equal  veloc- 
ity.    Of  these  they  say : 

"  The  curves  are  extremely  regular,  and  differ  very  little  from  rect- 
angles of  which  the  sides  are  parallel  to  the  sides  of  the  tube. 
*****  rji^Q  curves  of  equal  velocity  evidently  tend  to  repro- 
duce the  form  of  the  water,  and  we  notice  that  in  following  the  con- 
tour of  the  tube  they  preserve  very  nearly  their  resi^ective  distances." 

Similar  observations,  but  on  a  much  larger  scale,  were  made  by  M. 
Bacourt  one  winter  on  the  Neva  when  it  was  covered  with  ice,  forming 
a  tube  900  ft.  wide  and  60  ft.  deep.  The  maximum  velocity — about  2 
miles  an  hour — was  found  a  little  below  the  center  of  the  deepest  ver- 
tical, while  in  the  summer  it  was  at  or  near  the  surface.  The  first 
Chicago  water-works  tunnel,  a  brick  tu.-be  2  miles  long  and  5  ft.  in 
diameter,  was  gauged  with  the  Telegraphic  current  meter,  and,  though 
the  observations  were  too  few  to  plot  more  that  one  curve,  it  was  fairly 
regular,  with  the  maximum  velocity  in  the  center. 

All  other  series  of  observations  to  which  the  writer  has  access, 
except  one,  confirm  this  law:  In  jjipes  the  maximum  velocity  is  in  the 
center,  in  narrow  canals  it  is  at  more  or  less  depth  below  the  surface, 
according  to  the  ratio  between  the  depth  and  width,  and  in  rivers  it  is 
at  or  near  the  surface,  always  being  in  the  line  of  least  resistance. 
The  exception  is  given  in  the  report  of  Humphreys  and  Abbott  on  the 
gauging  of  the  Mississippi,  where  it  is  claimed  that  the  maximum 
velocity  was  at  about  one-third  of  the  depth;  but  as  the  writer  has 

*  "  Recherches  Hydrauliques,"  p.  187  et  seq. 
t  Idem,  pp.  174  and  175. 
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Mr.  Henry,  elsewhere  shown  *  the  Mississippi  observations  were  made  to  conform 
to  the  vertical  velocity  curve  observed  in  a  little  canal.  It  may  seem 
foolish  to  review  all  this  old  work,  but  when  an  explorer  attempts  to 
leave  the  beaten  path  it  is  well  to  at  least  look  at  the  records  of  those 
who  blazed  the  trail. 

The  velocity  curves  plotted  in  the  plates  which  accompany  this 
pajjer  remind  the  writer  of  his  desjjair  when  he  first  tried  to  plot  the 
double  float  observations  made  during  the  first  year  of  the  work  in 
determining  the  outflow  of  the  Great  Lakes.  The  plotted  velocity 
measurements  were  just  about  as  irregular,  and  he  felt  like  giving  up 
the  work  in  disgust.  The  observations  of  Humphreys  and  Abbott  on 
the  Mississiijpi — the  only  other  extended  series  of  double  float  obser- 
vations of  which  he  has  any  knowledge — were  just  as  erratic.  Of 
sixty-nine  selected  vertical  curves,  which  they  used  in  the  calculation 
of  their  formula,  twenty-three  gave  the  velocity  at  the  bottom  greater 
than  at  the  surface,  in  some  cases  by  more  than  1  ft.  a  second. 

Of  these  observations.  Dr.  Hagen  says : 

t "  Extraordinary  anomalies  are  shown  where  these  series  are 
graphically  represented.  In  some  of  them  the  curves  are  quite  regu- 
lar, but  in  others  the  velocity  remains  nearly  the  same  from  the 
surface  to  the  bottom,  but  frequently  with  increasing  depth  it 
increases  and  decreases  considerably.  Generally,  the  velocity  decreases 
with  the  depth,  but  a  few  series  have  an  oi)posite  tendency,  that  is,  a 
surjirising  increase  near  the  bottom  of  the  river." 

The  trouble,  then,  was  not  entirely  due  to  errors  of  observation, 
biit  the  floats  were  at  fault.  Some  instrument,  therefore,  had  to  be 
found  that  would  better  record  the  velocities,  or  the  work  would  have 
to  be  abandoned.  The  best  form  then  known  was  the  "  Woltman 
Mill"  or  "Tachometer."  There  were  many  modifications  of  this 
device,  the  Saxton's  meter  being  perhaps  the  best.  But,  as  shown  by 
Mr.  Baumgarten,t  while  it  was  unexcelled  in  work  in  shoal  water,  it 
was  impracticable  in  deep  rivers.  Fortunately,  there  came  the  idea  of 
recording  the  revolutions  of  the  Avheel  electrically,  and  so,  for  the 
next  two  years,  the  velocities  in  the  rivers  connecting  the  Great 
Lakes  were  very  satisfactorily  measured,  and  there  was  very  little 
more  trouble  from  eccentric  curves.  M.  Baumgarten  calibrated  his 
little  "  Mill  "  by  drawing  it  through  still  water  and  by  comparing  it 
with  floats.  The  coefficient  of  the  Telegraphic  ciu-rent  meter  was  also 
obtained  by  drawing  it  through  still  water,  and  it  was  also  compared 
with  floats  at  all  depths.^  At  the  surface  the  agreement  was  very 
close,  but  toward  the  bottom  the  floats  gave  higher  velocities  than  the 
meter.  In  1870  the  late  E.  S.  Chesbrough,  M.  Am.  Soc.  C.  E.,  Chief 
Engineer  of  Public  Works,  Chicago,  found  that  the  formulas  for  the 

*  "  Flow  of  Water  in  Rivers  and  Canals." 

t  "Bewegungdes  Wassers,"  p.  6. 

t  Annates  des  Fonts  et  Chaussees,  1847. 

§  "Flow  of  Water  in  Rivers  and  Canals,"  p.  13. 
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flow  of  water  in  inpes  gave  about  20!^  less  water  flowing  through  the  Mr.  Henry, 
lake  tunnel  than  was  recorded  by  the  pumps,  and  he  asked  that  a 
Telegraphic  current  meter  might  be  used  to  measure  the  velocity  of 
floM'  in  the  tunnel.  An  assistant  was  sent  with  a  meter,  and  observed 
the  velocity  at  different  jjoints  in  the  tunnel,  during  parts  of  three 
days  only.  The  flow  calculated  from  these  measurements  was  ^1\% 
of  the  amount  recorded  by  the  pumps,  and  as  the  pumps  were  esti- 
mated to  have  about  2%  slip,*  the  correctness  of  the  coeflflcient  of  the 
meter  was  jiretty  well  proven. 

Thus,  by  the  use  of  the  meter,  the  writer  was  saved  from  the 
temptation  of  following  Humphreys  and  Abbott,  or  of  advancing 
theories  utterly  at  variance  with  the  laws  of  flowing  water.  Of  course, 
the  floats  were  at  fault,  even  as  now  it  seems  that  the  instruments  used 
were  not  fitted  for  the  work,  for  the  patient  and  efficient  work  of  the 
authors,  and  the  fullness  with  which  they  have  presented  every  detail 
cannot  be  too  highly  praised. 

Pitot's  tube,  when  presented  to  the  French  Academy  by  the  inven- 
tor,! was  simply  a  glass  tube,  curved  90^  at  the  bottom,  with  an  orifice 
of  considerably  less  area  than  the  tube.  To  this  was  soon  added  a 
second  tube  open  at  the  bottom.  In  a  paper  read  before  the  Academy, 
M.  Dubuat  speaks  of  the  Pitot  tube,|  and  suggests  that  the  tubes  be 
made  of  tin,  containing  floats  carrying  a  rod  moving  in  front  of  a 
scale  from  which  the  heights  can  be  read.  But  M.  Bazin  first  made 
it  an  instrument  of  precision.^  He  constructed  the  lower  portion  of 
the  two  tubes  of  brass  or  copper  with  a  cock  at  the  upper  end  of  each, 
controlled  by  a  siagle  handle.  Above  this  the  tubes  were  of  glass, 
joined  at  the  top,  with  a  small  tube  closed  by  a  cock.  Between  the 
glass  tubes  was  a  scale  suitably  graduated.  In  operation,  the  tubes 
were  placed  in  the  water,  and,  by  means  of  the  small  tube,  the  air 
was  partially  exhausted,  causing  the  water  to  rise  to  a  convenient 
reading  height,  when  the  cock  in  the  small  tube  was  closed,  and  the 
water  rose  and  fell  according  to  the  action  of  the  current,  there  being 
always  a  partial  vacuum  over  it  in  the  tubes.  A  cord  was  fastened 
to  the  handle  of  the  lower  cock,  so  that  it  could  be  closed  quickly 
when  the  water  in  the  columns  was  at  maximum  or  minimum.  MM. 
Darcy  and  Bazin  calibrated  these  tubes  by  three  different  methods  :|| 

*  "Flow  of  Water  in  Rivers  and  Canals,"  p.  61. 

Note.— Mr.  Chesbrough  calculated  the  flow  of  water  in  the  tunnel  by  several 
formulas,  which  gave  the  following  percentages:  Hawkesley,  84,°<;  Blackwell,  85;j'; 
Pronyd),  73V;  Prony  (2),  79,V;  Eytelwein,  84.V;  D'Aubuison  (1),  81%;  D'Aubuison  (2). 
^\% ,  and  Weisbach  83  per  cent.  The  list  was  continued  by  the  writer,  to  embrace  the 
more  modern  formulas,  as  follows:  Neville,  85.V;  Jackson,  88%;  Saint  Venant,  104%; 
Darcy,  99",,  ;  Fanning,  116% ;  Kutter,  93%,  and  Sullivan,  109  per  cent. 

The  later  formulas  contain  "  a  coeiificient  of  roughness,  w,"  for  which  a  value  has 
been  assumed  fulfilling  as  nearly  as  possible  the  conditions  of  the  tunnel. 

It  is  unfortunate  that  the  Kutter  formula,  which  has  been  praised  so  much,  should 
have  been  largely  founded  on  the  Mississippi  observations  of  Humphreys  and  Abbott. 

t  Memoires  de  VAcademie,  1732. 

t  Memoires  de  VAcademie,  1753. 

§  Annales  des  Fonts  et  Chaussies,  1858. 

II  "  Recherches  Hydrauliques,"  pp.  64  et  seq. 
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Mr.  Henry.  First. — By  placing  the  tube  in  front  of  a  boat  and  drawing  it 
througli  still  water  at  different  velocities.  This  gave  a  coefficient  of 
1.034. 

Secotid. — By  observing  the  readings  in  a  stream,  the  velocity  being 
obtained  by  floats.     Coefficient,  1.006. 

Third. — By  readings  taken  in  diflferent  parts  of  a  canal  in  which 
tlie  amount  of  water  passing  was  known  by  measurement  of  its 
volume.     Coefficient,  0.993. 

The  first  coefficient  was  considered  to  be  too  large,  as  the  bow  of 
the  boat  would  probably  be  raised  in  being  drawn  through  the  water, 
and  the  tube  tilted,  the  current  thus  striking  the  orifice  at  an  angle. 
These  gentlemen  also  calibrated  three  other  tubes,  which  show  what 
a  marked  efi"ect  ui5on  the  coefficient*  is  produced  by  changing  the 
position  of  the  orifice  in  the  second  tube. 

TABLE  No.  55. 


Position  of  the  orifices. 

Value  of  coefficient. 

Method  of  gauging. 

1. 

The  orifice  in  the  first  tube  directed  against 
the  current  and  in  the  second  at  right 
angles  to  it       

f 
1 
[ 
J 

0.848 
0.797 

0.875 
0.864 

0.898 
0.891 

By  floats  in  still 
water. 

2. 

The  ends  of  both  tubes  directed  against  the 
current,   but  the  orifice  in  the  second 
stopped  at  the  end  and  pierced  laterally 

By  floats  in  still 
water. 

3. 

The  orifice  in  the  first  tube  directed  against 
the  current,  and  that  of  the  second  in 
the  direction  of  the  current,  both  in  the 

By  floats  in  still 
water. 

Thus,  this  is  a  very  delicate  instrument,  and  requires  careful  adjust- 
ment and  handling.  It  may  be  almost  perfect  in  the  measurement  of 
velocities  in  little  open  canals,  but  we  cannot  predicate  from  that 
that  it  will  work  under  pressure.  Put  the  Bazin  tube  through  the 
side  of  a  water  pipe  in  which  the  pressure  is  50  lbs.  or  more;  the  air 
will  be  compressed  above  the  water  cohimns  and  the  action  may  be 
entirely  different  from  that  which  obtains  when  there  is  a  partial 
vacuum  above  them.  This,  the  authors  themselves  discovered.  The 
coefficient  found  by  drawing  the  tube  through  still  water  was  nearly 
unity,  while  in  a  2-in.  pipe,  through  which  a  known  quantity  of  water 
was  flowing,  it  was  very  much  less.  Had  the  pipe  been  of  the  size  of 
those  experimented  on,  and  the  pressure  equal  to  that  of  the  water- 
works, the  coefficient  might  have  been  still  more  different  from  that 
deduced  from  the  still-water  measurements.  But  this  would  only  be 
of  consequence  did  we  want  to  know  the  amount  of  water  passing 
through  the  mains.  It  does  not  explain  the  erratic  velocities  shown  in 
the  lalates.  It  only  shows  that  the  Pitot  tube  is  not  a  proper  instru- 
*  "  Kecherches  Hydrauliques,"  Note  B,  p.  302. 


DISCUSSION    ON    FLOW    OF    WATER   IN    PIPES. 


229 


ment  to  use  in  the  measurement  of  velocities  tinder  pressure.  A  more  Mr.  Henry, 
important  thing  to  consider  is  the  effect  of  the  pulsations  in  flowing- 
water.  Even  in  little  canals,  MM.  Darcy  and  Bazin  found  that  the 
velocity  of  the  current  was  constantly  changing,  though  its  effect 
upon  the  columns  of  water  in  the  tubes  was  minimized  by  the  orifices 
exposed  to  the  current  being  very  small.  The  lower  cock  was  closed 
when  the  water  columns  were  at  maximum  and  minimum,  so  that  the 
readings  were  easily  taken.  Table  No.  56  shows  some  of  these 
changes.* 

TABLE  No.  56. 


Height  of  water  in  the 

Height  of  water  in  the 

Difference,  in 

Remarks. 

first  tube,  in  meters. 

second  tube,  in  meters. 

meters. 

0.953 

0.822 

0.131 

Maximum. 

0.948 

0.830 

0.118 

Minimum. 

0.950 

0.822 

0.128 

Maximum. 

0.945 

0.825 

0.120 

Minimum. 

0.933 

0.803 

0.130 

Maximum. 

0.925 

0.808 

0.117 

Minimum. 

The  fluctuations  given  in  Table  No.  56  varied  from  0.008  to  0.013  m., 
or  from  0.3  to  0.4  in.  As  the  area  of  the  orifices  was  less  than  one-thou- 
sandth of  the  area  of  the  tubes,  the  actual  range  of  the  pulsations 
must  have  been  much  greater.  These  pulsations  were  first  noticed  by 
M.  Baumgarten  in  his  measurements  of  the  Garonne. f     He  says: 

"  The  velocity  of  the  water  is  not  permanent  or  constant  at  the 
same  point.  *  *  *  These  oscillations  in  the  velocities  are  also  ap- 
parent in  the  change  of  level  of  the  surface  of  the  water.  If  a  i)lumb- 
bob  be  so  hung  that  its  jaoint  will  just  touch  the  surface  at  one 
moment,  in  the  following  moment  it  will  either  be  plunged  into  the 
water  or  separated  from  it  to  a  greater  or  less  degree." 

The  Telegraphic  current  meter  was  the  first  instrument  to  actually 
record  these  pulsations,  for  by  putting  a  Morse  register  into  the  cir- 
cuit, every  revolution  of  the  wheel  in  the  water  made  a  dot  on  the 
moving  paper.  They  seemed  to  follow  no  regular  law,  or  rather  their 
law  could  not  be  ascertained,  but  every  10  or  15  minutes  these  waves 
seemed  to  increase  and  then  diminish.  Near  the  bottom  they  were 
much  larger  than  at  the  surface,  the  maximum  velocity  measured 
being  often  double  the  minimum.  These  pulsations  are  found  wherever 
water  is  in  motion,  from  the  toy  fountain  to  the  Gulf  Stream.  They 
are,  apparently,  as  little  subject  to  known  law  as  the  very  similar  pul- 
sations of  air  in  motion.  Some  years  subsequently,  when  Chief 
Engineer  of  the  Detroit  Water-Works,  the  writer  arranged  a  glass 
mercury  gauge  at  such  height  that  the  maximum  pressure  would  be 
within  the  compass  of  the  tube.  There  being  then  a  reservoir  con- 
nected with  the  mains,  it  was  the  custom  of  the  engineer  to  stop  the 

*"Recherches  Hydrauliques,"  p.  50. 
t  Annates  des  Fonts  et  Chaussees,  1847. 
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Mr.  Henry,  pumps  for  an  hour  or  two  each  night.  At  siich  times  he  would  watch 
the  gauge,  and  the  mercury  would  be  continually  rising  and  falling, 
sweeping  through  6  to  8  ins. ,  ordinarily,  but  every  few  minutes  making 
an  excursion  of  12  ins.  or  more,  a  change  of  pressure  of  5  or  6  lbs. 
The  authors  state  that  these  fluctuations  often  amounted  to  several 
inches,  and  attribute  them  to  the  action  of  the  i^umps.  Doubtless, 
though  pulsations  common  to  all  flowing  water  will  be  influenced  by 
other  water  waves,  whether  due  to  the  pumps  or  other  causes,  and 
may  be  either  increased  or  diminished. 

For  some  unexplained  reason,  instead  of  taking  the  readings 
directly  from  the  Bazin  tube,  the  authors  used  a  separate  gauge,  con- 
nected to  it  by  rubber  pipes.  Had  the  pressure  been  constant,  possi- 
bly the  rubber  would  have  merely  been  distended  and  the  observations 
but  little  different  from  those  taken  on  the  tubes  directly,  as  they 
should  have  been,  but  the  ever-varying  pressures  must  have  had  an 
effect  on  the  elastic  connecting  pipes,  how  much  can  only  be  conjec- 
tured, but  it  seems  probable  that  the  erratic  velocities  recorded  are 
largely  due  to  these  elastic  pij^es,  and  that  this  is  the  reason  why  the 
instrument,  which  in  the  hands  of  MM.  Darcy  and  Bazin  did  such 
good  work,  with  the  aixthors,  proved  so  utterly  unreliable.  Another 
cause  of  error  may  be  the  alignment  of  the  tube.  If  the  orifice  of  the 
first  tube  does  not  exactly  face  the  current,  the  readings  may  not  give 
the  true  velocity  of  flow.  MM.  Darcy  and  Bazin  rejected  the  coeflS- 
cient  obtained  by  drawing  the  tube  through  still  water,  1.034  m.,  or 
1^  ins.  in  excess  of  unity,  because  they  considered  that  the  bow  of  the 
boat  might  have  been  raised  by  its  swift  passage  through  the  water. 
The  tube  was  placed  4  ft.  in  advance  of  the  boat;  the  length  over  all 
was  probably  20  ft.  The  rise  in  the  prow  was  possibly  3  ins.  more 
than  would  have  been  noticed,  or  one-eightieth  of  the  length.  The 
length  of  the  horizontal  portion  of  the  tube  was  about  1  in.,  so  that 
an  inclination  of  only  g-o  in.  was  sufficient  to  make  the  coefficient  1^ 
ins.  above  unity.  The  turning  of  the  orifice  of  the  first  tube  only 
-i\  in.  to  either  side  might  make  an  error  ten  times  as  great. 

Then  there  may  have  been  small  cross-ciirrents  in  the  tube,  which 
would  have  had  the  same  effect. 

In  the  rivers  and  in  a  700-ft.  base,  the  double  floats  often  ran  100 
ft.  or  more,  to  one  side  of  the  axis  of  the  current,  or  the  path  the 
majority  of  the  floats  were  following. 

It  seems  a  pity  that  this  careful,  patient  and  honest  work  was  not 
devoted  to  the  observations  of  some  such  instrument  as  the  Tele- 
graphic meter,  which  would  never  have  been  affected  by  differences  of 
pi-essure,  would  accommodate  itself  to  cross-currents,  and  the  observ- 
ers would  not  have  been  obliged  to  stand  out  in  the  cold  and  wet,  as 
the  wires  could  have  been  carried  to  any  sheltered  place ;  rather  than 
wasted  on  this  ancient  tube,  which  is  very  well  in  its  place,  but 
xincertain  when  tried  in  closed  pipes,  under  pressure. 
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For  the  past  150  years,  tube,  mill  and  every  other  instrument  except  Mr.  Henry, 
the  double  floats  have  recorded  the  maximiim  velocity  in  the  line  of 
least  resistance,  the  latter  placing  it  anywhere  from  the  surface  to  the 
bottom  of  a  river;  and  it  is  scarcely  probable  that  these  observations 
will  be  accepted  and  all  previous  work  discarded,  any  more  than  the 
Humphreys  and  Abbott  formula,  founded  on  the  doiible  float  observa- 
tions, placing  the  maximum  velocity  at  three-tenths  of  the  depth, 
disjjlaced  other  formulas  based  on  mox'e  acciirate  work. 

When  engineer  of  Palmer  Park,  near  Detroit,  where  water-works 
and  other  improvements  were  being  made,  the  writer  had  an  example 
of  the  retention  of  gas  by  water,  with  which  it  is  commingled, 
which  may  be  of  interest  in  this  connection.  There  being  a  vein 
of  water  in  the  gravel  just  above  the  rock,  half  a  dozen  wells  were 
bored  through  the  clay  to  a  depth  of  about  120  ft.  and  cased  with  6-in. 
iron  pipe.  Considerable  natural  gas  escaped  from  the  wells,  and  as 
the  water  stood  at  26  ft.  below  the  surface,  a  central  pumping  well 
was  constructed  and  connections  made  with  the  cased  wells  by  a  tube 
at  the  same  depth,  the  pipe  in  each  case  rising  to  the  surface  to 
allow  the  gas  a  free  escape.  As  long  as  everything  was  still  there  was 
no  perceptible  escape  of  gas,  but,  as  soon  as  the  pump  was  started, 
gas  would  bubble  up  the  escape  pipes,  and  water  drawn  in  a  glass 
would  look  like  milk  for  some  time,  or  until  the  entrained  gas  escaped. 
This  continued  for  several  months,  the  gas  commingled  with  the 
water  not  escaping  until  it  was  pumped  out  with  the  water,  though 
there  was  a  jierfectly  free  vent.  This  makes  one  rather  skeptical  as 
to  entirely  expelling  the  air  from  a  Avater  pipe,  especially  in  Detroit, 
where  one  often  sees  a  glass  of  water  look  turbid  for  several  seconds 
until  the  air  bubbles  rise  through  it,  leaving  it  clear  and  bright. 

The  long  piezometric  pijies  of  rubber — instead  of  lead  as  used  by 
most  observers — are,  therefore,  not  only  subject  to  the  constantly 
varying  pressures,  tending  to  deform  them,  but  also  to  the  action  of 
the  entrained  air  from  which  the  water  in  those  pipes  can  never  be 
entirely  free.  The  varying  pressure  would  also  have  much  more 
efifect  on  these  long  pipes  than  ujion  the  connections  of  the  Bazin 
tube,  because  the  area  of  the  piezometer  openings  is  far  greater  than 
that  of  the  orifices  of  the  tube. 

These  observations,  therefore,  will  hardly  tempt  us  to  cast  aside  all 
established  theories,  or  stultify  our  common  sense. 

If  they  are  correct,  how  foolish  the  estimate  of  engineers  of  the 
extra  power  required  to  force  air  around  corners. 

George  Y.    Wisneb,    M.  Am.  Soc.   C    E.    (by   letter).— Hydraulic  Mr.  Wisner. 
engineers  should  appreciate  the  radical  advance  made  by  the  authors 
of  this  i)ai3er  in  their  investigations,   in  basing  their  arguments  and 
conclusions    upon    careful   and    extensive  experiments    made    under 
conditions  existing  in  large  distributing  systems  for  water  supply. 
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Mr.  Wisner.  The  writer  is  familiar  with  the  nature  of  the  experiments  made  by 
the  authors,  the  difficulties  encountered,  the  immense  amount  of 
gratuitous  work  involved,  and  the  intricate  analytical  investigation 
necessary  to  harmonize  results,  where  possible  to  do  so',  and  to  show 
why  diiferences  from  heretofore  accepted  conclusions  ought  to  exist; 
and  he  thoroughly  realizes  that  few  have  had  the  jjersonal  experience 
which  will  Avarrant  questioning  the  results  of  these  experiments,, 
if  disposed  to  do  so,  which,  fortunately,  is  not  likely  to  be  the  case. 

It  should  be  remembered  that  at  the  time  the  experiments  were 
first  undertaken,'  suitable  instruments  for  obtaining  satisfactory 
results  as  to  the  law  governing  the  flow  of  water  in  pipes  did  not 
exist,  and  that  the  formula  for  such  flow  was  based  largely  on  obser- 
vations made  under  conditions  widely  different  from  those  found  in 
actual  practice. 

The  difficulty  in  correctly  rating  meters  and  other  devices  for 
measuring  the  velocity  of  flowing  water  is  the  principal  source  of 
error  in  determining  the  volume  of  flow  in  pipes  and  open  chan- 
nels, and  although  great  improvements  in  methods  and  instruments 
have  been  made  there  is  still  room  for  further  refinement. 

The  recent  remeasurement,  by  the  Government,  of  the  discharge 
of  three  large  rivers,  which  were  carefiilly  measured  about  thirty 
years  ago,  shows  a  decrease  of  about  20%  in  the  computed  discharge 
for  similar  stages,  which,  so  far  as  can  now  be  determined,  is  largely 
due  to  erroneous  rating  of  the  meters  in  the  earlier  work. 

If  errors  of  20%'  can  exist  in  what  was  believed  to  be  good  wor  k 
where  the  observations  were  made  in  open  channels  in  full  view  of  the 
observers,  it  is  evident  that  the  difficulties  encountered  by  the  authors 
in  projierly  interpreting  the  conditions  and  results  of  observations  in 
closed  pipes  were  such  as  to  call  for  the  highest  type  of  analytical 
ability  and  good  judgment. 

The  determination  of  coefficients  for  meteis  and  Pitot  tubes  is 
unsatisfactory,  for  the  reason  that  the  conditions  under  which  ratings 
can  be  made  are  generally  entirely  different  from  those  in  the  pij^e  or 
channel  where  the  velocity  of  flow  is  to  be  determined.  For  instance, 
if  a  meter  or  Pitot  tube  be  moved  at  different  velocities  through  still 
water  the  coefficients  obtained  would  be  practically  correct  for  flowing 
water  where  all  the  threads  of  the  current  are  parallel,  but  as  such  a 
condition  never  exists  in  either  open  channels  or  closed  pipes,  there 
are  grave  doubts  Avhether  coefficients  obtained  by  moving  the  gauging 
instruments  through  still  water  are  correct  when  the  instrument  is 
used  in  a  fixed  position  in  flowing  water. 

In  the  ratings  of  meters  for  some  recent  government  work,  an 
attempt  was  made  to  check  the  accuracy  of  the  coefficients  of  the 
instruments  by  rating  each  meter  by  movement  through  still  water 
and  afterward  placing  them  side  by  side  in  the  stream  being  gauged,. 
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and  from  the  respective  readings  obtaining  a  relative  rating  between  Mr.  Wisner. 

the  meters  under  actual  conditions  in  the  current  to  be  measured. 

This  proceeding  is  all  very  good  to  detect  any  change  of  coefficient 

which  may  occur  in  either  meter  during  work,  but  so  far  as  detecting 

any  error  in  the  absolute  ratings  of  the  meters  due  to  errors  in  methods, 

it  is  of  no  use  as  long  as  each  meter  is  rated  in  a  like  manner  imder 

similar  conditions. 

For  instance,  if  the  meters  be  both  rated  in  a  canal  so  small  that 
the  movement  of  the  instruments  through  the  water  should  cause  a 
current  such  that  the  actual  movement  was  10%"  greater  than  that 
through  the  water,  the  coefficients  obtained  would  be  in  error  10%", 
yet  if  these  instruments  be  compared  with  each  other  by  simultaneous 
readings  in  the  main  current  of  the  stream  being  gauged,  the  results 
obtained  would  agree  with  each  other. 

The  failure  of  the  authors  to  obtain  ratings  of  Pitot  tubes  in  still  water 
which  would  agree  with  those  obtained  in  flowing  water  indicates  clearly 
that  relative  ratings  may  agree  closely  and  yet  be  largely  in  error. 

It  is  the  writer's  opinion  that  absolute  ratings,  to  be  reliable,  must 
be  made  under  conditions  nearly  similar  to  those  of  the  stream  or  jjipe 
to  be  gauged.  That  is,  for  open-stream  work  the  coefficient  of  the 
meter  to  be  used  should  be  determined  by  float  observations  in  close  i^rox- 
imity  to  the  meter  in  different  locations  in  the  stream,  and  for  Pitot 
tubes  in  closed  pipes  the  coefficient  should  be  determined  by  an  actual 
measurement  of  the  volume  of  flow  at  the  time  the  tubes  are  being  read. 

The  distribution  of  velocities  of  flow  in  pipes  and  channels  has  an 
important  bearing  on  the  loss  of  head  which  will  occur.  If  the  maxi- 
mum velocity  be  at  the  center,  the  distribution  will  be  that  which  will 
produce  the  greatest  volume  of  flow  for  any  given  head,  and  the  more 
the  velocity  curve  be  distorted  by  curves  and  deflections  in  the  pipe 
line,  the  less  will  be  the  discharge  for  any  fixed  head. 

This  being  the  case,  the  loss  of  head  due  to  curves  in  a  pipe  line 
will  be  a  function  of  the  amount  of  distortion  in  the  resulting  velocity 
curve  and  of  the  length  of  pipe  through  which  the  disturbance  tends 
to  diminish  the  mean  velocity  of  flow.  With  curves  of  long  radii  it  is 
l^robable  that  the  position  of  the  maximum  velocity  is  not  shifted  as 
far  from  the  center  as  with  curves  of  short  radii,  yet  in  the  latter  case 
the  length  of  pipe  through  which  the  disturbance  takes  place  is 
shorter,  and  therefore  with  pipes  of  different  diameters,  there  should 
always  be  some  certain  curve  which  will  j^roduce  less  total  resistance 
to  flow  in  each  case  than  any  other  curve  of  greater  or  less  radius. 

The  authors'  result,  K,  is  apparently  in  harmony  with  theory,  and 
their  determination  of  the  ratio  between  the  diameter  of  pipe  and  the 
radius  of  curve  which  will  produce  the  minimum  resistance  to  flow  is 
a  long  step  in  advance,  in  the  matter  of  obtaining  the  best  practical 
results  in  the  design  of  distribution  systems  for  water  supply. 
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Mr.  Wisner.  The  failure  of  pipes  and  conduits  to  pass  the  volume  of  water 
often  expected  may  in  part  be  traced  to  the  causes  enunciated  by  the 
authors  in  their  final  results,  /,  J  and  K. 

The  volume  of  water  which  can  be  passed  through  a  pipe  line  with 
a  given  head  is  controlled  largely  by  the  conditions  in  the  sections  of 
greatest  resistance,  and  where  imperfect  alignment  and  frequent  curves 
and  deflections  exist  the  mean  flow  will  be  greatly  decreased. 

The  coefficient  of  roughness,  n,  is  often  made  to  vary  to  cover  vari- 
ations in  flow  arising  from  distortion  of  the  velocity  curve,  when,  in 
fact,  it  should  remain  practically  constant. 

From  Figs.  1  and  2  it  will  be  seen  that  the  glass  tubes  of  the  dif- 
ferential gauges  had  internal  diameters  of  ^  and  -f^g  in.  It  is  a  well- 
known  princii)le  that  capillarity  will  cause  water  in  small  tubes  to 
stand  higher  than  in  the  reservoir  with  which  connected.  This  being 
the  case,  at  what  diameter  of  tube  does  this  effect  become  sufficient  to 
affect  materially  the  results  of  the  observations? 

In  such  tubes,  when  of  dimensions  to  be  so  affected,  does  the  effect 
vary  with  the  head — that  is,  does  a  difference  of  head  of  1  ft.  indicated 
by  a  tube  \  in.  in  internal  diameter  indicate  an  actual  difference  of  1  ft. 
of  head  in  the  reservoir? 

Slow  movement  of  water  in  small  tubes  is  likely  to  produce  a  con- 
cave surface  in  the  tube  when  moving  downward,  and  a  convex  surf  ace 
when  rising  in  the  tube.  Are  the  errors  from  capillarity  and  direction 
of  movement  appreciable  for  the  size  of  tubes  used,  and  if  so,  are 
the  errors  so  arising  taken  care  of  in  the  coefficients  of  the  Pitot  tubes, 
as  determined  in  connection  with  such  gauges? 
Mr.  Thrupp.  Edgak  C.  Thrupp,  A.  M.  Inst.  C.  E.  (by  letter). — The  authors 
deserve  the  cordial  thanks  of  their  professional  brethren  all  over  the 
world  for  the  scrupulous  care  with  which  they  have  carried  out,  and 
recorded  the  results  of,  their  experiments. 

They  have  demonstrated  very  clearly  how  useless  it  is  to  attempt 
the  solution  of  difficult  problems  in  hydraiilics  by  purely  mathemat- 
ical reasoning,  without  freqiiently  resorting  to  exijerimental  proof  of 
the  assumptions  involved.  Methods  of  treating  these  jsroblems  after 
the  manner  of  Weisbach  will  in  future  be  less  and  less  trusted  by  engi- 
neers, and  a  wider  distinction  will  be  drawn  between  "  pure 
mechanics"  and  "hydromechanics." 

The  subject  is  one  of  peculiar  interest  to  the  writer,  because  he  has 
been  experimenting,  at  intervals,  for  many  years  past,  to  ascertain  the 
laws  of  movement  of  water  under  conditions  which  have  not  hitherto 
been  satisfactorily  studied,  and  he  has  been  rewarded  by  the  discovery 
of  a  remarkable  phenomenon  with  regard  to  the  "  critical  "  velocities 
at  which  the  movement  of  water  changes  from  stream-like  to  sinu- 
ous or  turbulent  motion,  and  a  change  in  the  law  of  resistance  also 
occurs. 
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Au  outline  of  the  writer's  work  was  indicated  in  a  paper  presented  at  Mr.  Thmpp. 
the  International  Engineering  Congress  at  Glasgow  on  September  4th, 
1901,   and  the  full  details   will  be  set   out  in  the  writer's   book    on 
"  Hydraulic  Experiments  and  Engineering  Problems  "  now  preparing 
for  publication. 

The  writer  has  found  that  when  the  hydraulic  radii  of  pipes  or 
open  channels  exceed  2  ins.,  the  critical  velocities  increase  with  the 
hydraulic  radius;  whereas,  from  experiments  on  pipes  less  than  1  in. 
in  diameter,  it  is  well  known  that  the  critical  velocity  bears  an  inverse 
relation  to  the  hydraulic  radius.  He  has  also  found  that  the  velocity 
required  to  disturb  fine  silt  in  channels  of  various  dej^ths  is  apparently 
identical  with  the  "critical  "  velocity,  and  the  whole  qiiestion  of  the 
scouring  power  and  silt-carrying  capacity  of  rivers  is  intimately  bound 
up  with  the  critical  velocity  laws,  which  are  the  main  factors  deter- 
mining the  "  degree  of  turbulence  "  of  the  motion  and  the  consequent 
jiower  of  the  water  to  disturb  and  transport  solid  matter. 

The  "degree  of  turbulence"  and  the  nature  of  the  turbulence 
clei^end  first,  upon  the  proximity  or  remoteness  of  the  hydraulic  condi- 
tions to  those  of  the  critical  velocity,  and  are  undoubtedly  much  influ- 
enced by  the  curvature  of  the  channel.  On  the  effect  of  curvature  on 
the  "  degree  of  turbulence  "  the  authors'  experiments  throw  consider- 
able light.  One  point,  to  which  attention  may  be  drawn,  is  that  the 
traverses  obtained  with  Pitot  tubes  show  very  irregular  curves  at 
low  velocities  and  more  regular  curves  at  higher  velocities,  when  the 
motion  may  be  expected  to  be  more  of  a  quivering,  rushing  nature. 
The  authors  have  very  properly  explained  how  the  diagonal  currents 
could  give  a  zero  or  negative  reading  on  the  Pitot  tube,  but,  although 
these  readings  are  of  no  value  as  gaugings,  they  show  how  a  diagonal 
eddy  can  remain  long  enough  in  one  spot  to  enable  several  readings  to 
be  taken.  The  same  thing  occurs  in  swirling  eddies  in  open  channels, 
when  the  velocities  are  not  much  above  the  critical  point,  but  cannot 
occur  at  very  high  velocities.  It  would  be  interesting  if  the  authors 
would  add  a  few  traverse  diagrams  based  on  a  single  reading  at  each 
point,  to  bring  out  the  irregularities  more  clearly. 

The  potency  of  slight  curvature  to  produce  eddying  disturbances 
and  consequent  scour  in  rivers  has  long  been  known,  and  its  import- 
ance recognized  in  selecting  sites  for  landing  stages,  and  for  ports  in 
tidal  estuaries,  but  the  efforts  hitherto  made  to  bring  the  data  on  the 
subject  usefully  into  line  with  scientific  hydromechanics  have  not  been 
very  successful.  The  subject  is  a  difficult  one,  and  has  been  rendered 
more  difficult  by  the  absence  of  any  established  theory  of  scour  in  rela- 
tion to  the  three  main  hydraulic  factors;  Hydraulic  radius,  surface 
slope,  and  mean  velocity. 

The  writer  hopes  to  remove  much  of  the  difficulty  by  establishing, 
with  a  fair  degree  of  accuracy,  the  correct  locality  of    the  critical 
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Mr.  Thrupp.  region  and  by  tracing  lines  representing  equal  degrees  of  turbulence 
in  relation  to  depths  and  velocities. 

Tlie  modification  of  those  lines  bv  curvature  of  channels  will  follow 
in  course  of  time  as  data  are  obtained  on  the  new  basis,  and  the  work 
of  the  authors  in  developing  the  differential  gauge,  with  oil  in  place  of 
air,  is  welcomed  as  a  valuable  contribution  to  scientific  methods  of 
studying  small  losses  of  head.  The  writer  has  used  hook-gauges,  and 
long  connections  of  |-in.  rubber  hose,  immersed  in  rivers,  for  leveling 
from  station  to  station,  in  preference  to  relying  on  spirit  leveling,  to 
observe  very  small  surface  falls,  and  he  is  satisfied  that  valuable 
information  may  be  derived  in  that  way,  and  laerhaj^s  the  oil  differen- 
tial gauge  may  give  better  results  in  some  cases. 

The  great  advantage  of  such  appliances  is  that  they  enable  results 
to  be  obtained  in  short  distances,  and  therefore  suitable  exiierimental 
sites  can  be  more  easily  found. 

The  Pitot  tube,  with  the  oil  gauge,  should  also  lead  to  further  data, 
being  collected,  at  a  comjiaratively  small  cost,  from  very  large  pipes 
at  very  low  velocities. 

The  authors'  main  conclusion,  as  to  pipe  curves  of  2|  diameters  rad- 
ius giving  the  least  resistance,  shows  how  great  a  disturbance  can  be 
caused  by  a  slight  curve,  but  it  is  evident  that  the  sharper  bends  give 
a  higher  resistance,  for  each  foot  of  their  length,  than  the  easy  bends; 
and  the  fact  of  their  total  resistance  being  less  is  only  due  to  their  ratio 
of  lengths  being  greater  than  their  ratio  of  resistance  per  foot  run. 

It  is  pleasing  to  find  among  the  authors'  results  some  clear  indica- 
tions of  the  critical  velocity  phenomena  closely  agreeing  with  the 
writer's  data. 

The  12-in.  jsipe  experiments  show  the  critical  velocity  at  about 
0.14  ft.  per  second,  the  16-in.  at  about  0.30  and  the  30-in.  at  about 
0.70  ft   per  second. 

The  12-in.  and  16-in.  indications  are  visible  in  the  results  of  the 
measured  loss  of  head  at  low  velocities,  and  the  30-in.  by  the  rapid 
falling  ofl"  of  the  ratio  of  mean  velocity  to  the  center  velocity  with  low 
discharge.      (See  Table  No.  8.) 

American  engineers  should  be  particularly  interested  in  this  critical 
velocity  question  when  it  is  pointed  out  to  them  that  the  phenomenon 
is  indicated  clearly  in  the  experiments  of  the  Mississippi  Kiver  Com- 
mission at  Carrollton  in  1882.  The  writer  hoped  to  have  met  Mr. 
Ockerson  at  Glasgow,  and  to  have  raised  a  discussion  about  it  there,  in 
connection  with  his  paper  on  the  Lower  Mississippi,  but,  as  he  was 
absent,  the  subject  was  not  opened.  The  present  communication  is 
an  appropriate  opportunity  for  announcing  the  fact. 

Hitherto,  engineers  have  been  in  the  habit  of  assuming  that  the  re- 
sistance in  large  rivers  is  proportional  to  V'  or  some  higher  exponent 
of  V,  occasionally  up  to  V". 
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Humphreys  and  Abbott,  Hagen,  Gauekler  and  Kutter  took  this  Mr.  Thmpp. 
view.  The  latter's  complicated  foimiTla  is  framed  so  as  to  represent  a 
higher  power  of  Fas  the  slopes  become  flatter.  The  writer  now  claims 
to  have  discovered  fjae  limit  to  which  this  may  be  considered  as 
<;orrect,and  to  be  the  flrst  to  realize  that  the  true  interpretation  of  the 
■Carrollton  experiments  is  that  the  conditions  existing  there  closely 
approximate  to  the  critical  velocity  conditions,  and  show  the  resistance 
varying  much  more  nearly  in  simple  proportion  to  Fthan  to  V^  or 
«ven  V'-. 

It  wouJd  prolong  this  communication  unduly  to  go  fully  into  the 
■details,  and,  moreover,  they  will  be  published  in  due  course  in  the 
writer's  book,  but  this  brief  indication  of  the  main  issue  will  suffice  to 
explain  the  following  critical  remarks  on  the  authors'  methods  of 
treating  their  data. 

First,  let  us  try  to  learn  more  about  the  deviations  from  the  formula 
Hf  =  m  F"  and  not  obliterate  them  by  "straight  line"  analysis,  after 
fixing  the  position  of  the  line  by  "centers  of  gravity  of  groups,"  or 
by  the  "method  of  least  squares,"  or  otherwise. 

Secondly,  let  us  abandon  the  theory  that  the  discharge  of  pipes  is 
ever  proportional  to  V d^  (''•  e.,  d'-''  or  r'-^),  for  all  the  best  experimental 
data  show  that  it  is  rarely  less  than  dr*^'\ 

It  would  also  facilitate  the  study  of  the  results  if  they  were  finally 
reduced  to  terms  of  the  observed  velocities,  slopes  and  diameters. 

Finally,  it  is  suggested  to  engineers  entrusted  with  the  treatment 
•of  large  rivers,  that  the  most  promising  field  for  experimental  research 
is  to  be  found  in  observations  of  surface  slopes  by  hydrostatic  tube 
leveling  in  conjunction  with  velocities,  cross-sections,  scour  or  silting, 
and  notes  on  the  "  degree  of  turbulence  "  as  made  evident  by  visible 
eddies  or  by  fluctuations  of  velocity  at  given  stations  and  by  irregu- 
larities in  the  shapes  of  vertical  velocity  curves. 

Rudolph  Heking,  M.  Am.  Soc.  C.  E.^The  speaker  thinks  that  this  Mr.  Hering. 
paper  is  destined  to  mark  an  importsint  jjoint  in  the  study  of  the  flow 
of  water  through  pipes.  It  describes  a  very  carefully  conducted  series 
of  experiments,  and  draws  conclusions,  some  of  which  vary  substanti- 
ally from  commonly  accepted  beliefs  held  for  years  by  eminent 
hydraulicians. 

A  number  of  years  ago,  in  Philadelphia,  when  the  street  railways 
were  fii'st  introduced,  the  curves,  or  rather  comjiouud  curves,  from 
one  street  to  another,  were  made  v/ith  as  long  a  radiiis  as  possible. 
A  few  years'  experience  seemed  to  point  to  the  conclusion  that  a  single 
curve  uniting  the  two  tangents  would  answer  all  purposes  and  cause 
much  less  work  for  the  horses.  The  speaker  remembers  the  chief 
engineer's  remark:  "Make  the  shortest  curve  and  be  done  with  it." 
It  would  seem,  from  some  of  the  authors'  statements,  that  herein 
may  partly  lie  an  explanation  of  their  results. 
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Mr.  Hering.  At  the  same  time  it  must  not  be  forgotten  that  friction  of  solids 
against  solids  is  a  totally  different  thing  from  friction  of  fluids  against 
solids.  In  the  former  case,  the  friction,  as  is  known,  increases  with 
the  pressure,  due  to  the  fact  that  the  little  protuberances  or  slight 
elevations  on  the  surfaces  must  get  over  or  pass  each  other  by  a 
compression  of  the  material  composing  them.  With  a  flowing  liquid 
the  case  is  entirely  different,  because  the  liquid  particles  roll  over  the 
protuberances;  friction,  therefore,  has  nothing  at  all  to  do  with  the 
jaressure  of  the  liquid,  but  only  with  the  resistances  met  in  its  flow. 
Herein  may  lie  the  explanation  of  the  authors'  results.  With  flowing 
water  it  is  more  a  question  of  the  extent  of  surface  against  which  the 
liquid  flows  and  by  which  it  is  worried  into  contortions  by  the  little 
irregularities  on  the  surface,  and  also  by  the  longer  continuous  change 
of  direction  of  flow,  than  it  is  a  question  of  the  length  of  the  radius  of 
curvature. 

Mr.  Seddon.  James  A.  Seddon,  M.  Am.  Soc.  C.  E.  (by  letter).  — This  very  inter- 
esting series  of  observations  was  so  fully  discussed  by  the  authors 
that  the  writer  did  not  see  at  the  time  anything  that  he  was  called  on 
to  add  to  it.  But  Mr.  Tutton  has  taken  the  matter  beyond  the  question 
of  facts  and  into  the  forces  that  made  them,  and  in  this  has  given  an 
illustration  of  what  the  writer  thinks  is  a  misunderstanding  of  these 
forces,  and  not  an  iincommon  one. 

All  that  is  known,  directly,  of  the  energy  consumed  in  a  flow  is 
observed  in  the  difference  of  head  or  level  between  two  points  in  it. 
The  discharge,  by  the  head,  is  just  so  many  foot-pounds  a  second, 
whether  it  goes  over  the  dam,  goes  through  the  wheels,  or  goes  down 
the  river.  Calling  this  the  gravity  potential,  the  problem  in  resist- 
ance to  flow  is :  How  does  its  gravity  potential  reach  its  limit  of  accel- 
eration ? 

In  the  drop  over  a  dam  it  is  simple  enough.  We  need  not  go  into 
the  forces  to  see  that  the  flow  is  accelerated  all  through  the  fall,  and 
beaten  into  foam  and  eddies  at  the  foot  of  it.  In  the  case  considered 
by  Mr.  Tutton  it  is  necessary  flrst  to  analyze  the  forces.  Taking  his 
concentric  cylinder  of  water  in  the  pipe  (Fig.  93),  the  forces  in  the 
direction  of  flow,  as  a  whole,  are  equal  to  (jo^  — p)  X  Tt  r^,  or,  the  differ- 
ence in  the  pressures  at  the  two  ends  of  the  cylinder,  of  radiiis  r, 
multiplied  by  its  end  area.  This  is  just  as  Mr.  Tutton  gives  it,  and  is 
the  total  of  what  may  be  called  the  gravity  forces. 

But  while  this  is  a  true  summation  of  the  gravity  forces,  in  the  case 
considered,  the  question  of  where  these  forces  are  located  is  quite 
another  matter;  it  is  plain  that  they  are  in  some  way  distributed 
through  the  cylinder,  and  that  this  is  merely  an  exj^ression  for  a 
volume  integral  of  them.  Certainly,  also,  in  balanced  flow,  counter- 
forces  will  be  found  equal  to  them;  but  that  counterforces  equal  to 
their  sum  should  lie  on  the  circumferential  boundary  of  this  cylinder 
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does  not  follow.     If  this  boundary  was  an  imaginary  plane  witliotit  Mr.  Seddon. 
thickness  the  writer  Avonld  say  that  the  connterforce  on  it  was  an 
absolute  zero. 

Navier's  expression  for  internal  resistance,  //  -r— ,  or  this  connter- 

d  r 

force,  the  writer  takes  to  be  the  coefficient  of  a  volume  integral,  just 
as  an  expression  for  a  pressure  is  the  coefficient  of  a  surface  integral. 
To  take  it  as  a  force  on  an  imaginary  plane  in  the  flow  is  then  the 
equivalent  of  starting  out  to  calculate  the  strains  in  a  dam  with  the 
assumption  that  the  water  pressure  is  62.4  lbs.  on  a  line  1  ft.  long  and 
1  ft.  below  the  surface.  The  counterforce  in  the  bounding  film,  d  r  in 
thickness,  of  Mr.  Tutton's  cylinder  the  writer  would  put  as 


Ttrld  r 


("U)^ 


where  I  is  the  length  of  the  cylinder  and  /i  the  coefficient  of  viscosity. 
This  has  no  relation  to  the  total  of  the  gravity  forces  (j?^  — ■  p)  X  tt  -r- 
distributed  through  the  cylinder;  at  most,  it  could  only  balance  that 
element  of  them  which  lies  in  this  film. 

It  should  be  said,  however,  that  the  writer  has  not  foiind  in  general 
that  others  think  as  he  does  on  this  matter.  He  was  surprised  a  few 
years  ago  to  find  that  the  whole  faculty  of  a  leading  university  in  the 
West  took  essentially  Mr.  Tutton's  view  of  it  ;  and,  so  far  as  he  commits 
himself  in  his  article  in  the  Britannica,  Unwin  seems  to  take  the 
same  position.  Those  great  mathematicians,  from  Navier  to  Stokes, 
the  writer  would  credit  with  having  fully  develoj)ed  the  character  of 
fluid  friction;  but  he  does  not  claim  to  have  studied  their  works;  he 
has  simply  looked  into  them  enough  to  get  for  himself  a  definite  idea 
of  the  process  through  which  the  energy  of  motion  in  water  passes 
into  heat. 

But  the  counterforces  in  this  process  are  wholly  insufficient  to 
balance  the  gravity  forces.  Calling  the  sum  of  these  counterforces  F^ 
and  assuming  a  form  for  the  system  of  velocities  in  the  pipe,  the 
expression 

dF^-^nrldr{n^^ 

is  easily  integrated. 

With  the  velocity  forms 

(I.)  A  cone  jP  =  n  it  I  R  V)      Where  R  is  the  radius  of  the  inpe, 

■Tr  \    A       IT        ■  1  7-T  ''^'  1  T>  -i^f  im*!  Fthe  maximiim  velocitvat  the 

(II.     An  ellipsoid  F  =  n  ~l  R\   \ 

"■      '  '-  2  )  center. 

Taking  Helmholz's  value  of  //,  in  foot-pound  units,  and  the  length, 

L,  in  thousands  of  feet,  in  the  place  of  I  in  feet,  these  values  are 

(I.)  7?^=  0.0060  Li?  V 
(II.)  i?^=  0.0094  Zi2  V 


240  DISCUSSION    ON   FLOW   OF   WATER   IN    PIPES. 

Mr.  Seddon.        Probably  every  actual  case  of  flow  in  a  pipe  would  lie  between  these 
values;  but,  at  the  most,  witli  i  =  1,  i?  ;=  1,  and  F=  8, 

F=  0.075  lbs., 
while  1  000  ft.  of  pipe,  2  ft.  in  diameter,  with  a  maximum  velocity  of 
8  ft.  a  second  in  it,  could  hardly  have  less  than  1  ft.  of  head  on  it,  and 
{Po  —  P)  *  -^^  =  196  lbs.  =  Gr,  the  gravity  forces. 

Some  years  ago  the  writer  had  occasion  to  calculate  this  relation  of 
FtoG  for  rivers,  and  he  stated  at  the  time  that  the  resistance  of  the 
counterforces  found  in  their  flow  velocities  was  but  little  over  0.01  of 
1%  of  the  gravity  potential  consumed  in  their  flow.  Here,  in  pipes,  it 
is  found  to  be  more  than  twice  as  large  as  it  should  be  from  the  greater 
curvature  of  the  velocity  forms  in  them.  But  it  may  be  said,  for  flow 
in  general,  that  F'is  from  0.01  to  0.04  of  1^^  of  G;  or  that  the  counter- 
forces  in  the  velocities  of  flow  are  an  utterly  insignificant  fraction  of 
the  gravity  forces  in  it. 

Of  course,  it  is  understood  that  there  are  also  forces  of  fluid  friction 
in  the  circulation,  but  if  the  velocities  of  flow  are  taken  out  of  the  case 
the  remaining  motions  have  no  resultant;  altogether,  the  forces  in 
them  are  equal  in  all  directions,  and  can  in  no  part  be  counterforces  to 
the  gravity  jjotential.  It  may  be  stated,  then,  from  the  work  of  these 
mathematicians,  that  fluid  friction  and  resistance  to  flow  have  practi- 
cally nothing  to  do  with  each  other;  understanding  "  fluid  friction  " 
to  be  that  process  through  which  the  energy  in  the  motion  of  the 
water  passes  into  heat,  and  "  resistance  to  flow  "  that  process  through 
which  the  energy  in  the  gravity  potential  reaches  its  limit  of  accel- 
eration. 

But  fluid  friction  is  not  at  all  mysterious.  It  must  be  understood 
that  on  one  side  of  it  there  is  mechanical  motion  and  on  the  other 
molecular  motion;  and  we  may  go  at  once  into  the  mechanical  particle, 
d  X  dy  d  z,  to  look  for  it.  In  this,  taking  the  axis  of  x  in  the  dii'ection 
of  the  velocity,  the  friction  force  is 

Thus,  in  a  river,  ^—  mav  be  taken  for  the  slant  of  its  flow  velocities  from 
d  II 

top  to  bottom,  and  ^—  from  side  to  center,  while  ii  (  — V-  -;—  J  is  the 

^  d  2  \d  y   '   d  z/ 

coefficient  of  a  volume  integral  for  the  total  of  the  friction  forces  in 

these  motions.     In  water,  this  is  the  most  general  expression  for  this 

friction  force  in  the  particle,  d  x  d  y  d  z;  two  motions  of  shifting  on 

planes  at  right  angles  is  all  that  it  can  have  in  it;  gases  may  have  in 

addition  a  motion  of  dilation.     That  the  sum  of  the  first  differentials 

of  these  motions  expresses  the  force  is  an  assumption,  but  the  viscosity 

of  water  is  determined  on  this  assumjjtion,  and  its  coelficient  applies 

to  the  form  given. 
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Thougli  /u  is  a,  very  small  qnautity  -with   the   water    beaten  into  Mr.  Seddon. 

foam  at  the  foot  of  Niagara,  and  the  values  of  — —  and  — —  running   up 

d  y  (I  z 

into  infinities  on  the  boundary  of  every  internal  whirl  and  eddy,  this 
friction  will  account  for  the  conversion  of  a  great  amount  of  energy 
into  heat  very  rapidly.  Again,  following  the  remnant  of  a  circulation 
in  a  reservoir,  days  after  it  has  been  filled,  the  loss  of  motion  in  this 
form  is  almost  imperceptible,  as  the  writer  has  had  occasion  to  note  in 
tracing  its  effect  on  sedimentation. 

All  the  energy  was,  at  one  time,  a  gravity  potential,  and  it  passed 
through  a  condition  of  flow  into  a  system  of  internal  circulation;  and 
again  99.96°o  of  it  passed  through  the  circulation  into  heat.  Energy 
is  not  destroyed,  it  is  only  transformed;  from  a  linear  acceleration  to 
an  internal  eddy,  it  is  still  motion;  but  one  has  direction  and  the 
other  has  not.  This  transformation  can  limit  the  acceleration  of  a 
gravity  potential;  after  it  is  in  the  eddy,  fluid  friction  will  change  it 
into  heat,  though  it  may  be  days  before  it  is  altogether  through  with 
it;  but  whether  it  is  days  or  seconds  makes  no  difference  in  the  rela- 
tions of  the  two  processes;  the  transformation  into  heat  is  not  a  part 
of  the  resistance  to  flow,  but  a  i^roduct  of  it. 

With  the  eddy  practically  in  all  cases  the  end  of  the  acceleration — 
and  the  eddy  a  very  effective  end  to  it,  even  if  it  is  a  drop  over 
Niagara — we  may  now  go  back  to  the  gravity  forces,  which  we  left  at 
the  beginning  with  the  simple  statement  that  they  were  in  some  way 
distributed  through  the  cylinder. 

It  now  seems  plain  that  this  distribution  can  have  no  fixed  charac- 
ter, either  in  time  or  space;  where  a  gravity  force  lies  on  a  line,  that  is 
practically  a  line  of  uniform  acceleration,  and  it  runs  itself  into  an 
eddy,  and  that  is  the  end  of  it;  the  action  is  essentially  shifting  and 
intermittent  in  its  nature.  The  writer  does  not  see  how  this  can  be 
the  case  in  a  pii^e  unless  /^  h  itself  is  intermittent,  or  there  is  a  pulse 
in  the  hydraulic  grade  line.  He  spoke  of  this  to  one  of  the  authors, 
while  their  observations  were  in  progress,  but  concluded,  with  him,  that 
a  service-pipe  line  with  the  beat  of  a  jjump  through  it  was  not  a  place 
where  the  question  could  be  tested. 

However,  in  cases  where  the  flow  has  a  free  surface,  the  matter  is 
not  so  intricate.  Probably  everyone  has  noted  the  standing  waves  on 
the  face  of  the  rapids,  where  the  acceleration  reaches  its  limits  and 
throws  up  a  ridge  of  water  in  its  course  against  which  it  checks 
itself.  Where  the  channel  is  symmetrical  this  may  be  taken  as  a 
resistance  furnished  by  the  flow  itself,  in  contrast  with  the  energy 
that  is  thrown  into  eddies  by  the  rough  or  irregular  form  of  the 
boundary ;  there  is  a  pulse,  also,  in  the  flow  of  rivers,  which  seems  to 
mark  a  resistance  of  the  same  character. 

The  case  of  flow  with  a  free  surface  is  not  under  discussion  here, 
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Mr.  Seddon.  but  it  may  be  stated,  generally,  that  if  anyone  will  undertake  to  esti- 
mate the  energy  expressed  in  these  surface  forms  he  will  be  struck  at 
once  with  the  fact  that  a  large  part  of  the  gravity  potential  may  be 
taken  up  in  them.  Mr.  Tutton's  division  of  the  resistance,  into  an 
element  that  belongs  to  the  boundary,  and  an  element  that  lies  in  the 
body  of  the  flow  itself,  is  a  conclusion  that  the  writer  regards  very 
highly,  as,  indeed,  he  does  the  whole  spirit  of  this  paper,  with  its 
effort  to  get  at  the  inside  facts  in  the  matter,  and,  from  them,  to 
deduce  the  forces. 
Mr.  Frizell.  J.  P.  FKizEiiL,  M.  Am.  Soc.  C.  E.  (by  letter). — The  writer  has  read 
this  paper  with  great  interest,  and  though  he  has  not  familiarized  him- 
self with  all  the  details  of  the  work,  he  will  venture  to  offer  a  few  com- 
ments on  certain  specific  points. 

In  considering  the  relation  between  the 
height  of  water  in  a  Pitot  tube  and  the 
relative  velocity  of  the  water  at  the  point 
thereof,  the  authors  cite  the  well-known 
principle  that  the  pressure  of  a  jet  of  water 
against  a  plane  surface,  normal  to  its  direc-         \  !  / 

tion,  is  double  that  of  the  head  due  the  ^n  ; 

velocity  of  the  jet;  but  they  appear  to  be  ^s^      \ 

in  some  doubt  as  to   how  this  principle  ^^  I  ,-' 

applies  to  the  case  in  question.    It  appears  ^'^ 

to  the  writer  that  it  has  really  no  applica-  ^'^-  ^'*- 

tion.     The  best  way  to  realize  this  is  to  call  to  mind  the  reasoning  on 
which  this  statement  is  founded,  viz. : 

A  jet  of  water  is  moving  in  the  direction  a  d  (see  Fig.  94)  with  a 
velocity  of  v  feet  per  second,  making  a  d  =  v.  A  particle  of  water, 
having  reached  the  point  a,  would  be  at  the  point  b  at  the  end  of  one 
second,  if  its  motion  were  not  controlled.  By  the  interposition  of  the 
plane  surface  a,  it  finds  itself,  at  the  end  of  one  second,  at  a  point  b 
or  c,  at  a  distance  v  from  its  line  of  motion.  The  result  is  the  same  as 
if  its  motion  of  v  feet  per  second  were  combined  witb  a  second  motion 
ot  d  b  or  d  c  feet  per  second.  The  pressure  of 
the  plane  on  the  jet,  which  is  the  same  as  the 
pressure  of  the  jet  on  the  plane,  is  such  as  to 
communicate  a  velocity  of  d  b  feet  in  one  second, 
and  is  equivalent  to  a  head  of 

Now,  when  we  come  to  consider  the  case  of  a 
plane  immersed  in  an  indefinite  current,  we  find 
a  phenomenon  akin  to  what  is  represented  in 
Fig.  95.  The  water  does  not  change  direction 
at  right  angles  and  glance  off  to  right  and  left;  as 
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such  action  would  be  incompatible  with  the  general  movement  of  the  Mr.  Frizell. 
mass  of  water.  It  is  probable  that  a  mass  of  "dead  water"  accumu- 
lates on  the  vane,  both  above  and  below,  and  the  moving  fillets  are  not 
deflected  uniformly  at  a  right  angle,  but  in  a  variable  manner,  some 
more,  some  less,  constituting  a  movement  on  which  no  such  reason- 
ing as  the  above  can  be  predicted.  In  the  experiments  of  Darcv,  the 
rise  of  water  in  the  tube  api:)roximated  closely  to  the  head  due  the 
relative  velocity  of  the  water  at  the  point  of  the  same.  In  these 
experiments  it  varies  widely;  the  ratio  of  the  computed  to  the  true 
velocity  ranging  from  0.63  to  1.24,  or,  nearly,  as  1  to  2.  The  authors 
apparently  met  with  difficulty  in  reconciling  these  discrepancies, 
which  led  them  to  conclude  that  the  "  method  of  tank  rating  is  not 
the  proper  one  to  apply. " 

This  method  has  been  used  by  the  writer,  in  rating  current  meters, 
with  very  satisfactory  results.  In  that  case  the  rotation  was  accomp- 
lished by  a  weight  attached  to  a  string,  which  ijassed  over  a  fixed 
jDulley  and  was  led  to  a  pulley  on  the  central  shaft  above  the  head  of 
the  observer,  Avho  sat  at  the  center  of  rotation,  as  in  the  present 
case.  Each  turn  of  the  meter,  in  that  case,  was  marked  by  a  slight 
click,  which  was  transmitted  to  the  observer  through  a  tense  wire 
passing  near  his  ear.  In  that  case  the  meter  traveled  exactly  100  ft.  at 
each  revohition,  and  it  was  found  advisable  to  use  only  one  revolution 
at  a  time,  on  account  of  the  movement  communicated  to  the  water  by 
the  passage  of  the  meter. 

The  present  case  appears  to  involve  a  source  of  error  from  which 
the  case  referred  to  was  free.  It  is  entirely  presumable  that  the  error 
was  i^erceived  and  allowed  for,  but  as  no  mention  of  it  is  to  be  found 
in  the  pajier,  the  writer  ventures  to  refer  to  it.  The  Pitot  tube  appears 
to  be  connected  with  a  glass  tube  at  the  center  of  rotation  by  means 
of  a  flexible  pipe,  the  glass  tube  resting  against  a  gauge  and  a  partial 
vacuum  formed  over  the  water  to  raise  it  to  the  range  of  observation. 
The  rotation  of  such  a  system  would  develop  centrifugal  force  in  the 
connecting  pipe  which  would  entirely  mask  the  indication  of  the  Pitot. 
A  pipe  filled  with  water  and  rotating  around  a  vertical  intersecting 
axis  will  develoj)  a  centrifugal  force  at  any  point  exactly  equal  to 
the  head  due  the  velocity.  If  this  source  of  error  was  considered  and 
allowed  for,  we  would  naturally  expect  to  find  some  reference  to  it  in 
the  i^aper. 

There  is  strong  reason  to  think  that  the  maximum  velocity  in  a 
pipe  could  never  be  measured  by  a  Pitot  tube,  /.  e.,  by  a  single  point 
fixed  in  position. 

In  an  open  channel,  the  thread  of  maximum  velocity  is  not  station- 
ary, but  oscillates  through  a  wide  range  of  movement  about  its  normal 
position.  This  fact  is  very  distinctly  discernible  by  means  of  the 
form  of  meter  just  referred  to,  viz.,  a  meter  which  makes  a  slight 
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Frizell.  click  at  each  turn,  said  click  being  transmitted  to  tlie  observer's  ear 
through  the  metallic  rod  on  which  the  instrument  is  mounted.  The 
first  peculiarity  to  strike  the  observer,  on  ajiplying  his  ear  to  such  a 
rod,  is  the  varying  rate  of  revolution  of  the  current  wheel.  There  is 
no  reason  to  doubt  a  similar  oscillation  of  the  thread  of  maximum 
velocity  in  the  closed  pipe.  This  feature  of  the  movement  cannot  be 
detected  by  the  Pitot  tube  as  ordinarily  constructed.  The  point  is 
necessarily  small,  compared  with  the  caliber  of  the  tube,  and  the 
maximum  velocity  does  not  act  long  enough  to  disclose  itself  through 
the  elevation  of  water  in  the  latter.  The  apparent  maximum,  as 
determined  by  the  tube,  is  an  average  of  the  true  maximum  combined 
with  slower  velocities. 

Bazin.  M.  Henky  Bazin*  (by  letter). — The  writer  has  read  this  memoir 
with  much  interest,  especially  as  he  has  made,  quite  recently,  some 
experiments  to  determine  the  distribution  of  velocities  in  pipes,  the 
results  of  which  are  discussed  in  a  memoir  to  the  Academy  of  Sciences 
of  Paris,  presented  herewith,  and  from  which  it  will  appear  that  his 
determinations  correspond  very  well  with  those  obtained  by  the 
authors  under  normal  conditions  of  flow. 

Concerning  the  principal  object  of  the  investigations,  the  Resistance 
of  Curves,  the  results  of  the  authors'  work  will  sui-prise  many  persons, 
but  though  they  are  contradicted  apparently  by  admitted  ideas,  is  it 
not  possible  to  explain  away  the  contradiction  in  the  following 
manner? 

The  experiments  upon  the  resistance  introduced  by  curves  that 
have  been  heretofore  presented  are  few,  and  are  confined  to  pipes  of 
small  diameter  and  mainly  abrupt  turns,  in  which  the  phenomena  ac- 
companying the  sudden  change  of  direction,  are  supposed  to  be  anal- 
ogous to  the  effects  of  a  contraction,  and  the  resistances  are  assumed 
to  be  proportional  to  the  square  of  the  velocity  and  inversely  to  the 
radius  of  curvature.  In  reality,  very  little  has  been  known  of  what 
actually  takes  place,  and,  in  practice,  the  subject  is  dismissed  as  in- 
volving unnecessary  calculation.  The  conditions  obtaining  in  the 
experiments  of  the  authors  are  far  from  those  indicated  above,  their 
pipes  being  of  considerable  diameter,  and  the  curves  laid  out  upon  long 
radii.  When  the  water  enters  these  curves,  it  receives  no  sudden 
change  of  direction,  as  in  the  case  of  sharp  bends,  but  the  distribu- 
tion of  the  velocities  is  modified  as  the  stream  progresses,  and  ulti- 
mately becomes  quite  different  from  the  condition  of  straight  j^ipe.  On 
leaving  the  curve,  again,  the  fluid  requires  some  time  for  the  resistances 
to  re-establish  the  conditions  of  straight  pipe,  or  the  normal  distribu- 
tion of  velocities.  Hence,  the  work  of  the  internal  resistances  has  a 
greater  and  greater  effect  the  more  the  arc  increases,  as  is  shown  by 
these  experiments. 

*  Inspecteur-Gen^ral  des  Fonts  et  Chaussfies.  This  discussion  has  been  translated  by 
Gardner  S.  WilUams,  M.  Am.  Soc.  C.  E.,  and  has  been  revised  by  M.  Bazin. 
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Whatever  else  may  be  said,  these  investigations  are  of  great  im-  M.  Bazin. 
liortance,  and  it 'is  hoped  they  may  be  extended  further.  The  differ- 
ential gauge  of  two  liquids  permitting  a  more  accurate  study  of  the 
losses  of  head,  if  several  of  them  should  be  connected  to  a  series  of 
points  along  the  curve,  it  should  be  possible  to  get  a  fair  idea  of  what 
takes  place,  especially  if  the  work  could  be  doneiipon  an  experimental 
conduit  undistvirbed  by  the  exigencies  of  the  maintenance  of  a  muni- 
cipal supply. 

"Experiments  upon  the  Disteibution  of  Velocities  in  Pipes."* 
By  M.  Heney  Bazin. 

"When  water  flows  through  closed  circular  conduits  it  is  known 
that  the  velocities  are  not  the  same  throughout  the  whole  extent  of 
the  transverse  area,  but  that  they  decrease  regularly  from  the  center 
to  the  circumference.  The  first  experiments  undertaken  to  determine 
the  law  of  this  decrease  were  those  of  M.  Darcy,  made  in  1850.  They 
were  made  at  the  Chaillot  Water-Works  Station,  in  Paris,  and  are  22 
in  number,  giving  19  for  pipes  0.19,  0.24  and  0.30  m.  diameter  (old 
caliber  7,  9  and  11  pouces,  or,  in  English  measure,  7.48,  9.45  and  11.81 
ins.),  and  3  for  one  of  0.50  m.  diameter,  or  18.69  ins.f  The  velocity 
was  measured  at  five  points  on  the  vertical  diameter  of  the  pipe,  to 
wit:  At  the  center,  and  at  four  points  symmetrically  situated  above 
and  below  it  at  distances  of  one-third  and  two-thirds  of  the  radius. 
From  these  exiDeriments  M.  Darcy  deduced  the  relation: 

■i_ 

K 

Where  V  =  the  maximum  velocity,  at  the  center;  v  the  velocity  at  a 
distance  r  from  the  center;  R  the  radius  of  the  pipe;  and  /  the  loss  of 
head  per  meter.     If,  to  consider  ratios  onlv,  this  equation  be  divided 

by  U,  the  mean  velocity,  and  the  coefficient  -p^r  be  designated  by  h, 

then 


,=)  "l^^n.BV.C^)* 


"Some  years  later  M.  Darcy  began  an  extended  series  of  new 
experiments  upon  open  channels,  but  his  premature  death,  which 
snatched  him  away  from  science  at  the  beginning  of  1858,  prevented 
his  finishing  them.  It  was,  however,  the  rare  good  fortune  of  the 
writer  to  have  been  associated  with  M.  Darcy  almost  from  the  be- 
ginning, and  it  fell  to  him  to  pursue  and  fulfill  the  j^rogramme  as 
originally  planned.  That  programme  comprehended  the  study  of  the 
distribution  of  velocities  in  canals  of  various  sections  and  especially 
in  the  semi-circular  canal. 

"  By  regulating  the  discharge  of  the  latter  canal,  so  that  the  surface 
of  the  flowing  water  was  exactly  at  its  horizontal  diameter,  its  con- 
ditious  might  be  likened  to  those  of  a  closed  circular  pipe  of  the 
same  radius.  These  experiments  were  made  in  1857  and  1858,  when 
there  were  built  four  canals  ranging  in  diameter  from  1.20  to  1.40  m., 

*  Memoires  de  V AcaMmie  des  Sciences  de  Paris,  Recueil  des  Savants  Etrangers, 
Tome  xxxii. 

t  M.  Darcy  considered  that,  on  account  of  the  disposition  of  the  apparatus,  the  last 
three  are  not  strictly  comparable  with  the  others,  and  do  not  meet  the  conditions  of  a 
normal  regimen. 
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M.  Bazin.  with  a  uniform  sloj^e  of  0.0015  m.  per  meter,  and  having  various  sur- 
faces (boards,  smooth  cement,  cement  and  fine  sand,  and  cement 
mixed  with  fine  gravel).  The  velocities  were  measured,  not  alone  at 
five  points  on  the  central  vertical,  but  at  a  great  number  of  points 
distributed  upon  concentric  circles  and  approaching  the  walls  as 
closely  as  possible.*  The  variation  of  the  velocities  was  thus  deter- 
mined throughout  the  entire  extent  of  the  cross-section,  and  showed 
immediately  that,  beyond  two-thirds  of  the  radius,  /.  e.,  in  the  region 
not  investigated  in  1850,  the  velocities  diminished  more  rapidly  than 
was  indicated  by  the  formula.  The  discussion  of  those  experiments 
led  the  writer  to  the  substitution  of  a  new  expression : 

..,2,  --=-'.^nV^(^y. 

' '  The  curves,  0  A  and  0  B,  Fig.  103,  rej^resented  by  Equations  (1)  and 

T  V V 

(2),  using  for  ordinates  the  ratio  -jj,  and  for  abscissas  -= — — =,  intersect 

K  iJ  y  b 

at  a  point  the  abscissa  of  which  is  ^5-  ^0.662,  or  a  little  less  than  two- 

thirds  of  the  radius.  Between  that  point  and  the  origin  their  greatest 
divergence  is  at  an  abscissa  of  0.417,  and  has  a  value  of  1.52.  Beyond 
their  pomt  of  intersection  the  curves  diverge  rapidly.  The  new  results 
appeared  contradictory  to  those  of  M.  Darcy,  obtained  in  1850.  He 
had  then,  indeed,  only  experimented  upon  pipes  of  small  diameter,  for, 
excluding  the  three"  observations  on  the  largest  pipe,  considered  as 
hardly  comparable  with  the  others,  the  largest  diameter  he  used  was 
0.30  m.  (less  than  1  ft.),  wherein  the  measurement  of  velocities  near 
the  walls  would  have  been  exceedingly  difficult.  On  the  other  hand, 
the  question  may  be  raised  whether  there  is  a  complete  analogy 
between  a  semi-circular  open  canal  and  a  circular  closed  pipe. 

"Some  further  exijeriments  seemed  necessary,  which  should  be 
made  upon  a  closed  conduit  of  such  increased  diameter  as  to  permit 
the  multiplication  of  the  points  of  observation,  esjjecially  throughout 
the  region  beyond  two-thirds  of  the  radius.  Such  experiments  require 
a  considerable  time,  and,  consequently,  a  large  quantity  of  water,  and, 
therefore,  it  was  not  possible  to  attempt  them,  under  the  same  condi- 
tions as  those  of  1850,  since  the  dejiendence  for  water  upon  one  of  the 
laterals  of  the  Paris  distribution  system  rendered  their  execution  in- 
compatible with  the  demands  of  the  supply  to  the  city.  It  has, 
however,  at  last  been  j)ossible  for  the  wi'iter  to  carry  out  such  experi- 
ments by  utilizing  the  canal  at  Dijon  where  the  investigations  of  the 
flow  of  water  over  weirs  were  made,  f 

"A  cement  pipe,  0.80  m.  in  diameter  and  80  m.  long,  was  con- 
structed upon  the  bed  of  the  canal.  This  pipe  was  straight,  perfect  in 
V3ore,  and  opened  at  its  extremities  into  two  basins,  2  m.  wide  and  15 
m.  long,  having  vertical  walls  (Figs.  96,  98  and  99).  The  upper 
basin  was  supplied  with  water  from  the  Canal  de  Bourgogne;  the 
lower  basin  received  the  discharge  of  the  pipe,  and  delivered  it 
through  a  sluiceway  0.80  m.  wide,  which  was  furnished  with  stop 
planks,  thus  enabling  the  surface  of  the  water  in  the  basin  to  be  kejjt 
at  any  desired  height.  After  passing  the  sluiceway  the  water  was 
measured  over  a  weir  50  m.  below.  The  elevation  of  the  water  surface 
in  each  basin,  which  was  kept  uniform  during  an  experiment,  was  in- 

*  The  number  of  points  amounted  to  80  for  the  canal  in  smooth  cement,  63  for  that 
in  cement  and  sand,  83  for  that  in  planks,  and  93  for  the  canal  in  gravel. 
t  Annalea  des  Fonts  et  Chaiissees,  October,  1888. 
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dicated  by  the  apparatus  used  for  a  similar  purpose  in  the  weir  inves-  M.  Ba/in. 
tigation.* 

"In  order  to  measure  the  velocities  throughout  the  cross-section 
of  the  pipe,  it  was  necessary  to  introduce  a  rigid  instrument  of  as 
little  volume  as  possible;  for  the  jnirpose  of  admitting  the  instrument, 
there  were  constructed  three  shafts  opening  the  full  width  of  the 
pipe,  0.80  m.,  and  0.08  m.  in  length,  along  the  axis  of  the  pipe  (Figs. 
96,  98  and  99).  These  divided  the  length  of  the  pipe  into  four  equal 
parts,  the  one  at  the  middle  being  40  m.  from  the  extremities  of  the 
pijse  and  the  others  each  20  m.  On  the  right  of  each  shaft  was  installed 
a  manometer,  consisting  of  a  glass  tube  with  a  scale,  the  former  being 
connected  to  the  interior  of  the  pipe  by  an  orifice  0.002  m.  in  diameter, 
pierced  in  the  wall,  without  any  protuberance. 

"  The  apparatus  iised  to  measure  the  velocities  was  a  modification 
of  the  gauging  tube  of  M.  Darcy ;  but  this  tube,  constriicted  at  the 
time  of  the  experiments  of  1857  to  operate  in  a  shallow  current,  was 
not  immediately  applicable  to  a  jDipe  0.80  m.  in  diameter,  on  account 
of  the  gi'eat  distances  to  be  passed  through  between  the  ajutages  and 
the  end  of  the  stem,  because,  the  supj^ort  of  the  latter  being  1.60  m. 
above  the  ajutages,  the  instrument  would  not  present  sufficient  rigid- 
ity. It  became  necessary,  therefoi-e,  to  support  the  instrument  at 
both  its  extremities,  just  as  M.  Darcy  had  done  with  the  one  in  the 
iron  pii^es  in  1850;  but  as  he  was  operating  only  within  the  central 
vertical,  it  was  unnecessary  to  displace  the  stem  horizontally  in  his 
case,  while  in  the  0.80  m.  diameter  conduit  it  was  desired  to  explore  the 
whole  section.  The  difficulty  was  very  satisfactorily  overcome  by  M. 
Hegly;t  the  apparatiis  which  he  devised,  and  which  will  be  next 
described,  permitting  the  ajutages  to  be  placed  at  any  point  whatever 
in  the  cross-section  of  the  pipe. 


LONGITUDINAL  SECTION  OF  EXPERIMENTAL  CONDUIT 


"The  ajutages  of  the  old  Darcy  tube  were  soldered  to  the  end  of  a 
stem  sliding  by  a  collar  along  a  blade  of  brass  0.004  m.  thick,  beveled 
on  its  front  edge  (Fig.  100).  The  blade  formed  the  lower  part  of  a 
vertical  bar  carried  by  a  collar,  through  which  it  could  slide,  and 
which  could  itself  be  moved  along  a  horizontal  bar  placed  across  the 
pipe,  and  bearing  a  scale.  By  sliding  the  collar  along  the  horizontal 
bar,  and  at  the  same  time  moving  the  vertical  bar  in  its  collar,  the 
latter  was  brought  to  the  desired  vertical,  when,  the  bars  being  fixed, 
the  ajutages  were  made  to  run  over  this  vertical  by  sliding  the  stem  on 
the  blade.  In  order  to  secure  the  foot  of  the  brass  blade  serving  as  a 
guide  to  the  ajutages,  it  extended  to  the  bottom  of  the  pipe,  where  it 
was  connected  by  a  knuckle  joint  comprising  two  cuijs  terminating  the 
blade  which  imprisoned  a  ball  that  was  fastened  to  a  steel  tape  run- 

*  For  description  and  use  of  this  apparatus,  dial  floats  and  movable  point  gauge,  see 
the  memoir  already  cited,  Annales  des  Pouts  et  Chaussies,  October,  18S8. 
t  Conducteur  des  Fonts  et  Chauss6es. 
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M.  Bazin.  ning  in  an  annular  groove  (Fig.  99) ;  this  groove,  cut  in  the  wall  of  the 
pijje,  was  closed  by  two  cojiper  bands,  leaving  a  very  small  space 
between  them;  the  steel  tape  at  its  exit  from  the  groove  arose  verti- 
cally to  the  top  of  the  shaft  where  it  passed  over  a  dial  pulley  and  fell 
finally  outside,  being  held  in  place  by  a  counterweight. 

"Four  scales,  conveniently  placed,  measured  the  displacements  of 
the  bar,  the  ajutages  and  the  tape.  To  explain  the  use  of  this  appar- 
atus, suppose  the  bar  placed  so  that  the  extreme  or  point  orifice  is  at 
the  center  of  the  pipe;  the  exploration  of  that  vertical  requires  simply 
the  maneuvering  of  the  stem  carrying  the  ajutages.  To  pass  to 
another  vertical,  the  collar  on  the  horizontal  bar  is  moved  horizon- 
tally, and,  at  the  same  time,  the  pulleys  are  turned  so  that  the  tape 
describes  the  necessary  arc  to  keep  the  blade  plumb,  the  vertical  bar 
sliding  in  the  collar  on  the  horizontal  bar  and  carrying  the  ajutages 
up  to  an  amount  equal  to  the  versed  sine  of  the  arc,  which  must  be 
compensated  for  by  sliding  them  on  the  blade  an  equal  distance  down- 
ward by  means  of  the  stem,  which  places  them  always,  when  in  the 
horizontal  diameter,  at  a  constant  distance  below  the  cross-bar,  meas- 
ured on  the  stem.  The  location  being  thus  checked,  the  measuring  of 
velocities  follow^s  as  in  the  center  vertical. 

"In  order  to  lighten  the  instrument  it  was  sei^arated  from  the 
glass  gauge,  which  latter  w^as  mounted  upon  a  jjost  at  the  side  of  the 
.  pipe  (Fig.  98),  and  was  connected  to  the  ajutages  by  rubber  hose  of 
0.002  m.  interior  diameter  and  0.0025  m.  in  thickness,  sufficient  to 
prevent  them  from  being  kinked  over  the  top  of  the  shaft.  The 
gauge  board  carried,  in  addition  to  the  two  glass  tubes  connected  to 
the  adjutages,  a  U-tube  gauge,  designed  to  measure  the  partial  vacuum 
determined  by  the  suction  on  the  apparatus.  When  the  partial  vacuum 
had  been  made,  with  the  apparatus  for  that  jjurpose,  a  valve  com- 
municating with  the  manometer  was  opened  and  communication 
established  between  the  two  j^arts  of  the  apparatus.  The  inequality 
of  level  between  the  two  columns  of  the  Cj-fube  gauge  showed  the 
height  by  which  the  water  columns  had  been  raised  by  the  suction, 
above  the  level  they  would  have  reached  in  free  communication  with 
the  atmosphere.* 

"  Determhiation  of  the  Coefficient  b. — A  series  of  preliminary  experi- 
ments was  made  to  determine  the  eoefiicient  b.  Discharges  varying 
from  400  liters  to  1  cu.  m..  per  second  were  caused  to  flow  through  the 
pipe,  the  volume  delivered  being  measured  over  a  weir  2.01  m.  wide, 
having  a  sharp  edge,  withotit  end.  contractions,  located  50  m.  beyond 
the  lower  basin,  of  w^hich,  the  coefficient  of  discharge  m,  had  been 
perfectly  established  in  the  previoiis  experiments  upon  weirs. f  The 
data  from  which  b  has  been  deduced  is  presented  in  Table  No.  57. 
The  water  levels  of  the  piezometric  cohimns  in  the  three  manometers 
and  that  of  the  lower  basin  are  referred  to  the  surface  of  the  upper 
basin  as  a  datum.  The  slope  I,  per  running  meter,  has  been  obtained 
by  dividing  the  diffei-ence  between  the  heights  of  the  piezometric 
columns,  A  and  C,  by  their  distance  apart,  40  m. 

"  The  coefficient  b  is  practically  constant,  and  the  mean  value  for 
the  ten  experiments  is  0.000332. 

"  The  total  loss  of  head  H  through  the  upper  and  lower  basin  is 
not  the  result  of  the  resistances  through  the  jsipe  alone,  but  also  those 
due  to  the  sudden  changes  of  section  at  entry  and  exit.     An  approxi- 

*The  inequality  of  the  two  columns  of  the  Utube  ^auge  enabled  the  obtaining  of 
the  absolute  pressures  existing  at  each  point  in  the  section  of  the  pipe,  and  it  was 
found  that  these  pressures  varied  hydrostatically. 

tFor  a  table  of  these  coefflcients,  see  Annales  des  Fonts  et  Chaussees,  October,  1888. 
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mate  computation  of  the  relative  importance  of  these  elements  maybe 
made,  upon  the  assumption  that  the  loss  of  head  per  meter  for  the 
whole  conduit  coincides  with  that  for  the  section  of  40  m.  between  A 
and  G.  For  example:  In  Experiment  No.  1,  the  slope  from  A  io  0 
was  0.131  m.,  and  on  this  basis,  from  the  entrance  to  A,  and  from  C  to 
the  outlet,  a  distance  of  20  m.  each,  it  would  be  0.0655  m.  each.  The 
fall  from  the  upper  basin  to  Manometer  A  was  0.342  m.,  and  the  por- 
tion chargeable  to  resistances  at  entrance  is  therefore  0.342  m.  — 
0.0655  m.  =  0.2765  m.  Similarly  at  the  outlet,  the  loss  from  C  to  the 
outlet  being  0.0655  m.,  added  to  the  loss  to  C  gives  0.0655  m.  +  0.473  m. 
=  0.5385  m.  The  total  fall,  H,  is  only  0.469  m.,  and  therefore  there 
has  resulted  a  recovery  of  head,  between  C  and  the  lower  basin,  of 
0.5385  m.  —  0.469  m.  =  0.0095  m.  Similar  computations  for  all  the 
experiments  are  presented  in  Table  No.  58. 

"TABLE  No.  58. 


Loss  OP  Head: 

1 

Ratios: 

Ratios: 

0  E 

as 
Ik 

8 

a 

P 

.1^ 

K 
s. 

o  *' 

m 

^105 

-Tfe 

^"l&5 

bl^ 

b    ^ 

s 

<»1 

K 

^ 

Meters 

per 

Meters. 

Meters. 

Meters. 

Meters. 

second. 

1 

2.008 

B.3055:  0.2765 

0.363 

0.0695 

0  469 

0  .590 

0.559 

0.148 

1.345 

0.338 

0.662 

?, 

1.773 

0.1602;  0.2105 

0.206 

0.0,515 

0.365 

0  577 

0..564 

0.141 

1  314 

0,321 

0.663 

3 

1.501 

0.1148!  0.1480 

0.14S 

0.0360 

0.360 

0  569 

0.569 

0.138 

1.289 

0.313 

0.665 

4 

1.460 

0.1087'  0.1430 

0.140 

0.0370 

0.246 

0.581 

0.569;  0.150 

1.316    0.341 

0.665 

5 

1.4.39 

0.10561  0.1375 

0.138 

0.0315 

0.344 

0  564 

0.566    0.139 

1..303i  0.298 

0.658 

6 

1.279 

0.0834    0.1075 

0.110 

0.0245 

0.193 

0  557 

0.570    0.127 

1.289 

0.294 

0.657 

1.114 

0.0633    0.11820 

0.084 

0.0180 

0.148 

0.554 

0.568|  0.123 

1.296 

0.285 

0.654 

8 

1.053 

0.05651  0.0715 

0.074 

0.0165 

0.129 

0.554 

0.574    0.128 

1.265 

0.293 

0.662 

0.916 

0.0428 

0.0575 

0.054 

0.0115 

0.100 

0  .575 

0.540    0.115 

1.344 

0.269 

0.6.54 

10. 

0.848 

0.0367 

0.0445 

0.050 

0.0105 

0.084 

0.530 

0.595    0.125 

1.314 

0.386 

0.661 

Means. 

0.565 

0.567    0.132 

1.298 

0.304 

0.660 

"  The  proportion  of  the  head,  H,  in  h^,  h.,,  h-^,  is  practically  the  same 
in  all  the  experiments,  and  it  may  therefore  be  considered  that  the 
three  heads  vary  but  .little  from  proportionality  to  U"^.     The  loss  at 

entry  is  equal  to  1.30  ^r—  (neglecting  the  effect  of  velocity  in  the  chan- 

2  f/ 
nel  of  approach).*     The  discharge  through  the  pipe,  which  is  only 


*The  velocity  through  the  channel  of  approach,  in  which  the  water  flowed  regularly 
and  without  disturbance,  did  not  exceed  0.33  m.;  this  was  not  the  case,  however,  in  the 
lower  basin,  where  the  water  was  considerably  agitated  and  flowed  out  of  the  pipe  and 
through  the  sluiceway  at  the  lower  end  of  the  basin  with  quite  a  high  velocity;  therefore, 
the  coefficient  0.30,  of  recovery  obtained  in  the  table  is  not  capable  of  a  theoretically 
precise  interpretation. 

The  coefficient  1.30  applied  at  entry  would  certainly  be  a  little  higher  if  the  contrac- 
tion were  complete,  which  was  not  the  case  at  the  bottom  where  the  pipe  was  only  0.13  m. 
above  the  bed  of  the  channel,  Fig.  99.  The  side  services,  \\'hich  were  distant  only  0.40  m. 
from  the  edge  of  the  pipe,  could  have  exerted  a  similar  influence,  though  in  a  propor- 
tion much  less  important. 
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dependent  upon  the  difference  of  head,  H,  between  the  two  basins,  may  M.  Bazin. 

be  rejn-esented  by  U  —  m^  y^^gH,  and  from  Table  No.  5H  the  coef- 
ficient, 7??',  is  practically  constant,  with  a  mean  valne  of  0.660.  This 
has,  therefore,  been  used  as  a  means  of  determining  the  discharge 
through  the  pipe  during  the  experiments  upon  the  distribution  of 
velocities.  The  area  of  a  normal  section,  0.80  m.  in  diameter,  is 
0.5027  sq.  m.,  whence  the  discharge,  for  a  difference  of  surface  height, 
H,  is  Q  =  0.660  X  0.5027  V^H=  0.3317  V^lJ. 

^^Experiments  upon  the  Distribution  of  Velocities.  —  Passing  now  to 
the  experiments  upon  the  distribution  of  velocities  throughout  the 
interior  of  the  same  section  of  pipe,  observations  were  made  at  three 
sections  preceding  the  manometers,  A,  B  and  C,  and  at  each  of  these 
with  two  different  discharges.  The  velocities  were  measured  upon 
two  diameters  at  right  angles  to  each  other,  one  vertical  and  the  other 
horizontal,  and  for  each  the  velocitv  was  measured  at  points  0.025, 
0.05,  0.10,  0.15,  0.20,  0.25,  0.30,  0.35  and  0.375  m.  from  the  center,  and 
at  the  center,  making  37  points  of  observation.  That  number  was 
augmented  at  B,  for  the  higher  discharge,  to  113,  the  points  being  dis- 
tributed along  concentric  circles.  *  In  order  to  determine  as  nearly  as 
possible  the  areas  of  the  three  sections  of  the  pipe,  they  were  meas- 
ured at  each  location  on  a  number  of  diameters;  from  these  measure- 
ments mean  diameters  were  obtained:  of  0.798  m.  at  ^,  0.802  m.  at  B, 
and  0.800  m.  at  C.  The  discharges  deduced  from  the  difference  of 
level  in  the  two  basins  i7for  the  six  experiments  are  shown  in  Table 
No.  59. 

"TABLE  No.  59. — Mean  Velocities. 


Q  -  0.3317  v/sTh:    Section  of  pipe, 


Mean  velocity 

thtough  the 

section, 


Section  A | 

Section  B j 

Section  C ] 


Meters. 

Cubic  meters. 

0.148 

0.56.52 

0.7491 

0.136 

0.5418 

0.258 

0.7463 

0.143 

0.5556 

0.259 

0.7477 

Square  meters. 
0.5001 
0.5001 
0.5052 
0.5052 
0.5027 
■     0.5027 


Meters. 

1.130 

1.498 
1.072 
1.477 
1.105 
1.487 


"Table  No.  68  shows,  for  each  point  in  the  horizontal  and  vertical 
diameters,  the  velocities  deduced  from  the  difference  of  level.  8,  of  the 
two  columns  of  the  tube  gauge,  by  assuming  that  the  coefficient  of  .the 
instrument  is  unitv,  when  there  results: 


r='/2r/5t 


*  A  similar  experiment  was  made  at  Station  B  with  the  smaller  discharge,  and,  simi- 
larly, 113  points  were  observed.  It  will  be  seen  further  on  why  they  liave  been  rejected: 
the  loss  of  head  between  the  two  basins  was  H  =  0.148  m.,  the  discharge  Q  —  0.3317  X 
\/2  g  H  =  0.5652,  and,  consequently  the  mean  velocity  through  the  section  was  U  = 

0.5052  -  ^•"^• 

t  Fig.  97  shows  the  observations  on  the  horizontal  and  vertical  diameters  plotted  in 
a  manner  similar  to  that  adopted  by  the  authors  of  the  paper.— G.  S.  W . 
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M.  Bazin.         "Fig.  101  shows  the  velocities  for  the  exi^eriment  at  B  with  the 
higher  discharge,  when  113  points  were  observed. 

"  Calculating,  by  means  of  these  data,  the  mean  velocity  for  each 
of  the  concentric  circles,  Table  No.  60,  is  obtained. 


SECTION  B,  2d  DISCHARGE 
MEAN  VELOCITY  =1.469  M. 


NUMBERS  GIVE  OBSERVED  VELOCITY  IN  METERS  PER  SECOND. 
MEAN  DIAMETER  OF  SECTION  OF  PIPE  AT  £  =0.802  M.  =  2.631    FT. 


"  Before  proceeding  further,  it  is  necessary,  by  way  of  verification, 
to  determine,  by  the  aid  of  the  local  velocities,  the  value  of  the  mean 
velocity  of  the  whole  section,  and  compare  it  with  that  which  has 
been  determined  directly  from  H.  This  determination  is  made  by 
multiplying  the  area  n  [1-2  —  r-^^)  of  the  ring  between  two  successive 

circles,  r,  and  r.^,  by  the  mean,  — ^-^ — '-,  of  the  velocities  for  each  of  the 

two  circles  and  dividing  by  the  area,  it  B/,  of  the  whole  section,  the 
sum  of  the  partial  discharges. 
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TABLE  No.  60. — Mean  Velocities  Observed  fok  each  Concentric  m.  Bazin. 

ClRCIiE  . 


Radius 

Section  A. 

Section  B. 

Section  C. 

Circle. 

1st 
discharge. 

2d 
discharge. 

1st 
discharge. 

2d 
discharge. 

1st 
discharge. 

3d 
discharge. 

Center* 

Meters. 
1.249 
1.246 
1.227 
1.218 
1.199 
1.173 
1.117 
1.039 
0.945 
0.820 

Meters. 
1.665 
1.665 
1.644 
1.626 
1.609 
1.568 
1.510 

lilSO 

Meters. 
1.346 
.      1.239 
1.219 
1.208 
1.153 
1.113 
1.060 
0.966 
0.896 
0.805 

Meters. 
1.706 
1.702 
1.683 
1.652 
1.611 
1.531 
1.468 
1.3.58 
1.255 
1.080 

Meters. 
1.271 
1.261 
1.247 
1.219 
1.185 
1.140 
1.092 
1.007 
0.912 
0.795 

Meters. 
1.721 

0  05        

1.708 

0.10 

1.696 

0.15 

1.652 

0  20          

1.616 

0.25 

1.548 

0.30 

1.477 

0.35                

0.375 

1.254 

0.40 

1.095 

Perimeter. 

*  The  velocity  adopted  for  the  center  is  the  mean  of  five  points  observed,  one  at  the 
center  and  four  at  a  distance  of  0.025  m.  from  it.  The  velocity  at  the  perimeter  is  deter- 
mined approximately  by  the  graphical  process  of  drawing  upon  a  sufficient  scale  the 
curve  with  radii  as  abscissas  and  velocities  as  ordinates  and  prolonging  it  by  judgment 
to  an  abscissa  of  /■  —  0.40  m. 


TABLE  No.  61. — Comparison  of  Total  Mean  Velocities. 


Mean  Velocities. 

t>  ^-     u 

Designation. 

By  local  velocities, 

By  total  slope,  H, 

A    1st  discharge            

1.108 
1.486 
1.060 
1.469 
1.087 
1.478 

1.130 
1.498 
1.072 
1.477 
1.105 
1.487 

0.981 

S    1st          "               .......... 

0.992 
0.989 

2d           '•        

0.995 

0.984 

2d           "        .                   

0.984 

' '  These  new  velocities  are  all  a  little  less  than  the  former  ones,  the 
mean  ratio  being,  for  the  lower  discharge  0.985,  and  for  the  higher 
0.994.* 


*  The  same  calculation  applied  to  the  experiment  at  B,  which  it  has  been  thought 
should  be  rejected,  gave  U-  1.065  m.  and  —  =  ^^^  =  0.952.  This  ratio  seemed  to  indi- 
cate that,  from  some  accidental  cause,  the  observed  velocities  must  have  been  about  4% 
below  the  recognized  values.  Concerning  this,  it  must  be  acknowledged  that  this 
experiment  was  made  at  the  beginning  of  the  work  and,  the  rubber  tubes  being  very 
flexible,  their  section  was  contracted  in  passing  out  of  the  shaft,  so  that  they  trans- 
mitted imperfectly  the  pressures  from  the  ajutages;  these  were  replacBd  by  thicker 
tubes  for  the  execution  of  the  remaining  experiments,  thus  avoiding  the  difficulty.  It  is 
to  be  remarked,  in  passing,  that  the  values  obtained  from  this  first  experiment  were 
very  little  different  from  the  rest,  as  if  the  true  velocities  had  been  altered  in  a  nearly 
constant  ratio.    The  values  are  as  follows: 


0.10 
1.225 


0.15 
1.196 


0.30 
1.166 


0.35 
0.973 


0.375      0.40 
0.901      0.805 


1.095      1.054      0.998      0.914      0.8^6      0.756 
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"  The  method  of  calculation  used  tends,  it  is  true,  to  reduce 
the  velocities  a  very  little,  but  this  cause  of  error  is  quite  insignifi- 
cant, and  it  seemed  wise  to  search  for  the  explanations  of  the  differ- 
ence which  is  established,  either  in  the  iudetermiuateness  of  the 
coefficient  0.660,  or  rather  through  the  indeterminateness  of  the  coef- 
ficient used  for  the  gauging  tube.  It  has  been  supposed,  in  effect, 
that  the  coefficient  by  which  to  multiply  V  2  g  S  to  obtain  the  velocity 
is  unity;  but  it  is  possible,  by  reason  of  the  oblique  direction  in 
which  the  fluid  fillet  may  have  encountered  the  lateral  orifice  jjlaced 
in  the  surface  parallel  to  the  current,  that  the  value  of  this  coefficient 
may  exceed  unity  by  a  few  thousandths. 

"Whatever  may  be  the  cause,  as  the  difference  is  fortimately  of 
little  imjjortance,  a  comparison  of  the  velocities  may  more  safely  be 
made  among  themselves,  for  which  they  are  divided  by  the  mean 
velocity  deduced  from  the  observation  of  the  same  velocities,  and  not 
from  those  results  established  by  formulas  for  application  to  other 
conditions.     Dividing  through  all  the  values  of  Table  No.  60  by    U 


there  are  obtained  the  values  of  the  ratio 


v 


shown  in  Table  No.  62. 


TABLE  No.  62.— Values  of  the  eatios. 


Ratio, 

i 

Section  A. 

Section  B. 

Section  C. 

Mean  for  each  section. 

Radius 

of 
Circle, 

1 
1 

1 

1 

1 

.a 

1 

1 

5 

2 

P 

s 

Q 

5 

^ 

^ 

1^ 

m 

m 

CO 

Meters. 

Center 

0 

1.127 

1.124 

1.175 

1.161 

1.169 

1.165 

1.1205 

1.1680 

1.1670 

0.0.5 

0.125 

1.124 

1.114 

1.169 

1.158 

1.160 

1.155 

1.1190 

1.1635 

1.1575 

0.10 

0.250 

1.107 

1.106 

1.150 

1.146 

1.147 

1.147 

1.1065 

1.1480 

1.1470 

0.15 

0.375 

1.100 

1.094 

1.140 

1.124 

1.121 

1.118 

1.0970 

1.1320 

1.1195 

0.20 

0.500 

1.082 

1.083 

1.088 

1.097 

1.090 

1.094 

1.0825 

1.0935 

1.0920 

0.25 

0.625 

1.059 

1.0.55 

1.050 

1.042 

1.049 

1.048 

1.0570 

1.0460 

1.0485 

0.30 

0.750 

1.008 

1.016 

1.000 

0.999 

1.005 

0.999 

1.0120 

0.9995 

1.0020 

0.35 

0.875 

0.938 

0.921 

0.911 

0.925 

0.926 

0.926 

0.9295 

0.9180 

0.9260 

0.375 

0  937 

0.853 

0.867 

0.845 

0.854 

0  839 

0.848 

0.8600 

0.8495 

0.8435 

Perimeter 

1.000 

0.740 

0.760 

0.759 

0.735 

0.731 

0.741 

0.7500 

0.7470 

0.7360 

"  On  inspection  of  Table  No.  62  it  is  seen  that  the  values  of  the 
ratio  jj  are  quite  concordant  for  the  four  exi^eriments  made  at  Sec- 
tions B  and  C,  but,  for  Section  A,  they  are  appreciably  different;  being 
less,  to  the  extent  of  0.05,  for  the  central  region,  and  more,  by  about 
0.01,  for  the  region  of  the  perimeter.  The  reason  of  this  difference  is 
apjjarent  at  once,  for,  because  of  the  contraction  which  takes  place  at 
the  entry  of  the  pipe,  the  ratios  of  the  velocities  do  not  have  the  same 
values  that  exist  fui-ther  on  when  a  uniform  regimen  i,5  established; 
this  readjustment  is  progressive,  and  is  but  imperfectly  realized  when 
the  fillets  reach  Section  A,  only  a  distance  of  20  m.  from  the  entrance; 
the  equality  of  the  ratios  for  Sections  B  and  C  shows  that  the  velocities 
are  readjusted  ujjon  reaching  Section  B.     It  is  therefore  Sections  B 


DISCUSSION    ON    FLOW    OF    WATER   IN    PIPES. 


257 


and  C  that  furnish  data  of  the  true  distribution  of  velocities  for  the  M. 

conditions  of  regular  flow.     Taking  the  means  of  the  ratio  j,   of  the 

four  exTjeriments  at  these  two  sections,  there  results,  in  the  first  place, 
V       ,.       ,,      ..^  V~v 


for  the  central  velocity. 


1. 1675;  dividing  the  differences, 


by 


^  ^ „,„..™„, ,     ^ 

y'  6  =  0.0182  and  comparing  the  values  thus  obtained  with  those  of 
Formulas  (1)  and  (2)  there  results  Table  No.  63. 

V —  V 
"  TABLE  No.  68. — Compakison  of  Expekimental  Values  of    „     /-t 

W^TH   EOKMULAS  (1)  AND  (2). 


Experi- 
mental 

V-v 

V—v 
UV  b 

Differences. 

R 

V 

U 

If- 

by 
Experi- 
ment. 

by 
Formula 

(1) 

Formula 

(2) 

Formula 

(1) 

Formula 

(2) 

0 

1.1675 

0 

0 

0 

0 

0 

0 

0.125 

1.1605 

0.0070 

0.38 

0.50 

0.04 

+  0.12 

-0.34 

0.250 

1.1475 

0.0200 

1.10 

1.41 

0.33 

+  0.31 

—0.77 

0.3T5 

1.1358 

0.0417 

2.29 

2.59 

1.11 

+  0.30 

-1.18 

0.500 

1 .0923 

0.0752 

4.13 

4.00 

2.63 

-0.13 

-1.50 

0.625 

1.0473 

0.1202 

6.60 

5.58 

5.13 

—  1.02 

—1.47 

0.750 

1.0008 

0.1667 

9.16 

7.34 

8.86 

-  1.82 

-0.30 

0.875 

0.9220 

0.2455 

13.49 

9.25 

14.07- 

-  4.24 

+0.58 

0.9.37 

0.8465 

0.3210 

17.64 

10.26 

17.30 

-  7.38 

-0.34 

1.000 

0.7415 

0.4260 

23.41 

11.30 

21.00 

-12.11 

-3.41 

"  Table  No.  63  shows  that  neither  formula  represents,  through  the 
entire  series,  the  results  of  experiment.  That  of  M.  Darcy  applies 
well  to  the  central  portion,  but  diverges  rapidly  when  r  exceeds  §  R; 
Formula  (2),  on  the  other  hand,  fits  well  the  outer  region  and  gives 
too  low  values  for  the  center.  To  render  the  results  easy  of  compre- 
hension, the  experimental  values  are  represented  graphically,  with 

r  V- 

^-  as  abscissas  and  those  of  ^-    ._ 

It  u  y  b 

103,  with  the  two  curves  0  A  and  0  B,  representing  Formulas  (1) 
and  (2).  The  figure  shows  well  that,  for  values  of  -^  below  0.6,  For- 
mula (1)  is  apijlicable,  while  above  that  limit  the  divergence  is  rapid, 
and  then  Formula  (2)  may  be  better  substituted;  the  latter  shows 
better  the  character  of  the  general  phenomena,  except  for  the  central 

V" —  V 
region,  where  it  furnishes  values  of  -^7 — r=  a  little  too  small.    It  is  now 

proposed  to  see  if  a  corrective  term  can  be  found  to  apply  to  the 
second  member  to  bring  the  results  more  closely  in  harmony  with 
experiment.     To  obtain  a  first  api^roximation,  a  term 


"^HiYi^ 


'^e) 
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Mr.  Bazin.  is  introduced,  and  there  results: 

"  The  values  of  a  and  /^,  by  reason  of  the  smallness  of  A,  can  vary 

quite  appreciably  without  notably  affecting  that  of  -=.      Those   which 

appear  the  most  accordant  are  a  —  27,  and  ^  =  1.1;  but  results  are 
obtained  but  little  different  with  a  =  21  and  /i  =  1.  The  formula, 
being  thus  considerably  simplified,  becomes,  on  reduction: 

"Whatever  values  are  adopted  for  a  and  /i.  Formula  (3)  does  not 
well  fit  the  i^oints  near  the  perimeter,  where  it  furnishes  always  for 
V —  V 
^jTT/'r  a  value  a  little  above  21,  while  that  from  experiment  is  23.41; 

this  last  quantity,  it  is  true,  does  not  result  directly  from  experiment, 
but  simjjly  from  prolonging  the  curve  by  judgment;  nevertheless,  it 
is  clear  from  inspection  of  the  figure  that  the  true  value  is  above  23. 
Useful  results  may  now  be  obtained  either  by  adopting  a  value  of  y  very 

complex  in  form,  or  abandoning  the  expression  21  (^j    as  the  first 

approximation,  and  looking  for  another  totally  different  empiric 
formula.     The  expression 

which  corresponds  grajjhically  to  the  arc  of  an  ellipse,  applies  better 

V  —  V 

near  the  perimeter,  and  making  a  =  29.5  and  /J  —  0.9.5,  gives 7^ 

UVh 
=  22.90  at  the  wall.  On  the  outside  of  this  special  region,  these  dif- 
ferent formulas  follow  very  closely,  as  far  as  can  be  judged  from  the 
graphical  representation  adopted  with  Formulas  (1)  and  (2) ;  dividing 
by  y  i  and  rei^lacing  a  and  f3  by  their  numerical  values,  the  formulas 
can  be  written : 

"  The  two  curves,  0  Cand  0  D,  corresponding  to  these  equations, 
are  shown  in  Fig.  103,  in  which  each  may  be  merged   with  that  of 

Formula  (2)  between  abscissas  of  ^-  —0.75  and  ^  ~  0.95.      From 

there.  Formula  (6)  separates  from  the  two  others. 

"Continuing  to  examine  the  preceding  exjiressions  regarding  the 

V 

mean  velocity,  li,  and  the  ratio,  -^,  and  considering  at  first  Formula 

(3),  in  which  we  note  that  U  y'  b  =  -y/  R  I : 
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M.  Bazin.  1         z*^  1       /"^  (  /  i-  \  ^  /  r  \  - 

o  o 

2./i(^)'  +  „/i=(^)*]2,-rf--, 
and  integrating, 

U=  V ~  V^l(^9,AQ  +  ~  ex-  -^  a  a  +  -^  afi") 

which,  when  divided  by  U,  and  ^^-j^ —  ^^  replaced  by  V  h,  becomes  : 

"(7) -^- =  1+8.40  VT+ ^^1^  (15-24 /i  +  10/i^)  =  1+9.03  a/ "^'^ 

and,  making-/ ft  =  0.0182,  there  results  -^  =  1.1643,  and  experiment 

F 
shows    1.1675.       There    follows,    in    applying     Fornnxla    (2),  — ^  = 

1+  8.40  -/T=  1.1529.       With   Formnla  (1)    there   results   a  value 
decidedly  too  small,  viz. : 

-^=1+  -^  X  11.3  -/T=  1  +  6.46  a/T=  1.1175. 

"  Effecting  the  same  integration  with  Formula  (4) : 

f/=  ^-rj  [v -a  -^^1  J^  a  V~^l  A^  -  a  -^]2rrfr; 
there  is  deduced 

"  (8,  i: = 1 + „  ^y )  1  _  1^+  ^Ji^  u  1 + 9.03  V-,, 

a  value  identical  with  that  of  the  last  formula. 

"The  position  of  the  mean  velocitv  is  easily  determined  from  For- 

Y 
mulas  (5)  and  (6)  by  making  v  =  U  and  replacing  -^  by  its  value  from 

(7)  or  (8).    From  these,  to  determine  the  distance,  r,  of  the  fillet  of  mean 
velocity,  we  have. 


and  29.5  h  _    .      1  -  0.95  ^\=  908, 

r 
from  which  -^  =  0.74,  approximately,  for  both  cases.     Formula  (2) 

r        '^  IT 
gives  a  value  but  little  diflferent:  -7^  =^  \-zr  =  0.737,  but  the  formula 
K       \  o 

of  M.  Darcy  gives  the  much  lower  value  of  -p-  =  0.689. 
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"Making    comparisons    of    the    two  empiric  formulas    presented,  M.  Bazin, 

Y V 

the  values  of  =. —  which  they  furnish  are  calculated.     Table  No.  64 

gives  these  different  values  compared  with  the  experimental  results, 
by  which  one  may  judge  of  the  degree  of  approximation. 


TABLE  No.   64. — Compabison  of  Experimental  VAiiUES  of 
WITH  Formulas  (5)  and  (6). 


V—v 


Values  op  — 

—  V 

IT- 

DiPFSRENCES. 

Remarks. 

-R 

1 

"3 

^ 

_^ 

M  g 

So 

fe.n- 

So 

e-^ 

g 

fe^ 

fe^ 

fe^ 

o~ 

^ 

>» 

>» 

fa 

fa 

ffl 

CQ 

0 

0 

0 

0 

0 

0 

Mean  Errors. 

0.125 

0.0070 

0.0064 

0.0040 

-0.0006 

-0.0003 

Taking 

Not  taking 

0.350 

0.0200 

0.0231 

0.0162 

+0.0021 
+0.0023 

-0.0038 

account 

account 

0.375 

0.0417 

0.0440 

0.0371 

—0.0046 

of  sign. 

of  sign 

0.500 

0.0752 

0.0737 

0.0681 

-0.0025 

-0.0071 

Formula  (5) . .    -0.0037 

0.0074 

0.1302 

0.1122 

0.1111 

— O.OOSO 

-0.0091 

(6)..     -0.0024 

0.0054 

0.750 

0.1667 

0.1697 

0.1705 

+0.0030 
-i-0.0110 

+0.0038 

0.875 

0.3455 

0.2.566 

0.2565 

+0.0110 

0.937 

0.3310 

0.3153 

0.3188 

—0.0057 

-0.0022 

1.000 

0.4360 

0.3871 

0.4169 

-0.0389 

-0.0091 

"  One  sees  that  the  differences  between  the  observed  and  calculated 
values  are  of  small  importance.  For  a  similar  comparison  with  the 
experiments  of  M.  Darcy,  it  must  be  i-emarked,  at  the  beginning,  that 
the  distances  7\  and  r.,,  at  which  the  velocities  v^  and  v.,  are  measured, 
are  not  exactly  at  one-third  and  two-thirds  of  the  radius.  The  true 
values  r,  :  R  and  r.,  :  R  are  as  shown  in  Table  No.  65. 


TABLE  No.  65. — Constants  of  M.  Darcy's  Experiments. 


Designation  of  Series. 

R 

r. 

'r' 

R- 

1.  Pipe  of  0.19  m.  diam 

Meters. 
0.0940 
0.1216 
0.1333 
0.1485 

Meters. 
0.0335 
0.0440 
0.0440 
0.0520 

Meters. 
0.0637 
0.0880 
0.0880 
0.1020. 

0.346 

olseo 

0.350 

0  678 

3.  Pipe  of  0.24  m.  diam.,  with  deposits.. . 

0.724 
0  730 

4.  Pipe  of  0.30  m.  diam 

0.687 

"In  the  discussion  of  these  results,  M.  Darcy,  to  correct  the  velo- 
cities V,  Vi  and  v.^,  multiplied  them  by  a  coeflQcient  which  varied  some- 
what from  one  experiment  to  another ;  in  order  not  to  complicate  the 
subject  by  the  introduction  of  foreign  elements,  this  coefficient  has 
not  been  taken  into  account  in  the  formation  of  Table  No.  66;  but  its 
value  is  given,  for  reference,  in  Column  6. 
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MBazin.  "TABLE  No.  66.  — Expebiments  of  M.  Dauct. 


Mean 
Velocity, 

Meters. 


(1) 


Ratio  of  Velocities  by 
Experiment. 

y  b 

V 

u' 

u' 

^'2 

u' 

(») 

(3) 

(4) 

(5) 

Series  1.    Pipe  0.19  m.  Diameter. 


0.758 

0.0245 

1.245 

1.189 

1.069 

1.128 

0.0244 

1.249 

1.192 

1.084 

1.488 

0.0239 

1.216 

1.164 

1.039 

1.9.33 

0.0238 

1.223 

1.167 

1.041 

2.506 

0.0239 

1.203 

1.152 

1.036 

4.323 

0.0235 

1.206 

1.157 

1.030 

Means. 

0.0240 

1.221 

1.170 

1.050 

Calculated    Values 

by  Forr 

nula  (6).. 

1.217 

1.1T5 

1.040 

0.452 
0.707 
1.54 
1.83 
3.83 


Series  2.     Pipe  0.24  m.  Diameter;  with  deposits. 


0.0347 
0.0339 
0.0341 
0.0840 
0.0340 


0.0341 
Calculated    Values 
by  Formula  (6)..        l.i 


0.956  1.027 

0.929  1.057 

0.999  0.983 

0.990  0.993 

1.019  0.965 


.142  0.979 

1.243  1.015 


.005 


0.537 
0.949 
1.904 
4.497 


Series  3.    Pipe  0.24  m.  Diameter;  cleaned. 


0.0265  1.277 

0.0360  I       1.123 

0.0262  1.156 

0.0262  1.144 


Means.       0.0262    I      1.175 
Calculated    Values' 
by  Formula  (6).. I      1.237 


1.220 
1.064 
1.085 


1.076 
0.950 
0.973 
0.973 


1.112 
1.187 


0.' 


0.918 
1.035 
1.013 
1.013 


0.355 
1.236 
1.665 
2.365 


Means. 


Series  4. 
0.0287 
0.0245 
0.0345 
0.0244 


Pipe  0.30  m.  Diameter. 


0.0355 


Calculated     Values 
by  Formula  (6).. 


183 
.226 
.234 


1.210 
1.330 


1.115 
1.175 
1.175 
1.147 


1.153 
1.185 


1.036 
1.037 


(7) 


The  velocities  i\  and  v„  are 
generally  equal  above"  and 
below  the  center.  When 
they  are  not,  the  mean  of 
the  values  of  each  has  been 
taken. 


The  value  of  \/  b  is  notably 
higher  for  this  second 
series  than  f(>r  the  other 
three;  this  series  was 
made  upon  a  pipe,  the  sur- 
face of  which  was  covered 
with  deposits;  it  was  the 
same  pipe  cleaned  which 
served  for  Series  3. 


"The  ratios  of  velocities  as  thev  are  given  in  Table  No.  66  are 
calculated  by  the  aid  of  the  experimental  results,  without  correction. 

"The  mean  velocity,  U,  was  the  result  of  a  direct  measurement, 
the  velocities  V,  v■^  and  V2,  are  deduced  from  the  formula  v  ^  '\/  2  g  8, 
where  d  is  the  difference  of  elevation  between  the  fluid  surfaces 
in  the  two  columns  of  the  instrument.  At  the  end  of  each 
series  have  been  introduced,   for  purposes  of  comparison,  the  mean 

values  of  y^,  yi  and  y|,  from  experiment,  with  their  values  computed 
from  Equation  (6)  by  introducing  the  mean  value  of  the  coefficient,. 
V  b,  applicable  to  the  series  considered. 
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' '  There  are  similarly  i^resented  in  Fig.  103,   the  eight  points,  of  M.  Bazii 

which  the  co-ordinates  are  the  mean  values  of  -=  and  ^t^ — ii_  for   each 

R  U^  I) 

series,  which  values  were  calculated  from  the  foregoing  experimental 
data,  without  making  use  of  the  coefficient  of  correction. 

"The  results  obtained  for  the  pipes  of  0.19  and  0.30  m.  diameter 
concord  well  with  those  of  Formula  (6).  The  mean  ratio  of  experi- 
mental to  calculated  values  being,  for  the  means  of  the  former,  1.004, 
and  of  the  latter,  0.985  ;  this  last  mean  is  raised  to  unity  if  the  first 
experiment  in  the  series,  which  seems  anomalous,  is  rejected.  It  is 
not  thus  with  the  series  on  the  pipe  of  0.24  m.  diameter,  where,  for  the 
first  series  (pipe  covered  with  deposits),  the  mean  value  for  the  ratio 
is  0.941,  and  for  the  second  (pipe  cleaned)  is  0.955.  It  ajjpears  that 
the  values  of  the  velocities  have  decreased  about  5",,  in  these  cases, 
from  some  unexplained  cause;  the  inti'oduction  of  foreign  bodies  to 
the  orifices  of  the  instrument  may  have  perhaps  catised  the  varia- 
tion; such  accidents  occurred  quite  frequently,  as  M.  Darcy  himself 
has  stated;  and  he  has  had  to  reject  a  series  of  experiments,  made 
upon  an  iron  pipe  lined  with  bitumen,  which  was  affected  in  this 
manner.  It  has  been  seen  that  a  somewhat  similar  accident  has  pre- 
vented the  use  of  one  of  the  experiments  at  Section  B  on  the  writer's 
pipe  of  0.80  m.  diameter. 

'^  Experiments  of  John  R.  Freeman,  31.  Am.  Soc.  C.  E.,  with  a  Pipe 
of  Small  Diameter.* — These  experiments  were  made  iipon  the  jet  dis- 
charging from  a  straight  piece  of  brazed  brass  tubing,  1|  ins.  in  di- 
ameter and  5  ft.  long,  which  was  screwed  to  the  l|-in.  diameter  tip  of 
a  fire-nozzle  fed  by  2^ -in.  hose,  under  fire  pressure.  The  point  of  the 
instrument  used  for  measuring  the  velocity  was  made  from  that  of  a 
fine  stylographic  pen  mounted  upon  a  knife-edge,  and  connecting  to  a 
Bourdon  gauge,  from  which  the  pressure  was  read.  The  observations 
were  made  by  sliding  this  point  across  the  jet  at  about  |  in.  from  the 
end  of  the  pipe. 

"  Table  No.  67  shows  the  results  obtained  by  Mr.  Freeman,  and  ar- 
ranged by  him  graphically  on  a  large  scale.  The  velocities  are  not 
exactly  alike  above  and  below  the  axis,  and  that  engineer  attributes 
this  to  the  method  of  manufacture  of  the  pipe.  However,  the  diflfer- 
ence  is  of  small  consequence,  and  the  mean  of  the  two  values  for 
symmetrical  points  has  been  used. 

"Columns?  and  8  of  Table  No.  67  are  calculated  from  Formula 
(6);  as  the  value  of  b  is  not  determined  in  the  experiment,  it  has  been 
necessary  for  applying  that  formula,  to  adopt  one  which  is  best 
adapted  to  the  experimental  results.  By  making  29.5  -y/ 6  =  0.625, 
the  agreement  between  the  expei-imental  and  computed  values  of 
V—v 

jf—  is  quite  satisfactory.     This  accordance  appears  on  inspection 

of  Fig.  103,  where  the  experiments  of  Mr.  Freeman  are  represented 
graphically  in  the  same  manner  as  those  previously  described.  If 
one  adopts,  for  the  very  special  case  which  we  are  considering,  the 
coefficient  2 J.  5,  there  results  for  -^/b  a,  value,  0.0212,  somewhat  less 
than  the  coefficients  obtained  by  M.  Darcy  for  the  pipes  of  0.027  and 

*  As  Mr.  Freeman's  own  description  of  the  apparatus  used  in  these  experiments  is 
to  be  found  in  the  Transactions  of  this  Society,  Vol.  xxi,  p.  411,  et  seq.,  the  translator 
has  at  this  point  taken  the  liberty  of  abridging  M.  Bazin's  memoir,  so  far  as  the  descrip- 
tion extend?.— G.  S.  W. 
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0.40  m.  diameter,  whicli  coefficients  were  all  comprised  between  0.025 
and  0.029.  Nevertheless,  it  is  considered  that  the  observations  repre- 
sented exceptional  conditions,  the  velocities  exceeding  20  m.  per 
second;  it  seems  that  on  arriving  at  the  terminal  orifice,  after  a  flow  of 
1.50  m.,  only  (about  50  diameters),  the  velocities  of  the  fillets  have  not 
yet  again  assumed  the  normal  distribution  of  velocities  conforming  to 
Formula  (6);  but  the  position  of  the  mean  velocity  notable,  which  is  at 
the  distance  r  =  0.74  i?,  agrees  very  well  with  the  case  of  the  writer's 
pipe  of  0.80  m.  diameter. 

"TABLE  No.  67. — Expebiments  op  Mk.  Fbeeman. 


s 

Values  of^'. 

O  j; 

1 

'^ 

u 

Differences: 

^k 

i 

»|b 

V-v 

il 

i 

i 

By 

By 

Formula 
minus 

Us/b 

Remarks. 

i§ 

I 

o 

^ 

Experi- 
ment. 

Formula 

(6) 

Experiment. 

(1) 

(3) 

(3) 

(4) 

(5) 

(6) 

C) 

(8) 

(9) 

Inches. 

iFeet. 

0 

0        i  74.8 

1.197 

0 

0 

0 

0 

0.10 

0.174    73.3 

1.173 

0.024 

0.009 

—0.015 

1.13 

The  mean  velocity 

0.20 

0.848    71.6 

1.146 

0.051 

0.087 

—0.014 

2.41 

U  is  obtained  by 

0.30 

0.522,  68.0 

1.088 

0.109 

0.087 

— 0  023 

5.14 

dividing  the  total 

0.35 

0.609!  66.1 

1.058 

0.139 

0.122 

-o;oi7 

6.56 

section  into  con- 

0.37 

0.643i  65.4 

1.046 

0.151 

0.138 

—0.018 

7.12 

centric  rings,and 

0.39 

0.6781  64.5 

0.165 

0.156 

-0.009 

7.78 

multiplying    the 

0.41 

0.713    63.3 

l!013 

0.184 

0.176 

-0.008 

area  of  each  ring 

0.43 

0.748    62.0 

0.993 

0.205 

0.197 

-0.008 

9:67 

by  the     velocity 

0.45 

0.783    61.0 

0.976 

0.221 

0.221 

0 

10.43 

corresponding  to 
it,  and  summing 

0.47 

0.817    59.7 

0.955 

0.242 

0.247 

■■1-0.005 

11. 42 

0.49 

0.852    58.2 

0.931 

0.3C6 

0.277 

--0.011 

12.55 

these     products. 

0.50 

0.870    57.3 

0.917 

0.280 

0.294 

-■■0.014 

13.31 

This  gives  for  U 

0.51 

0.887.  56.2 

0.899 

0.298 

0.311 

4-0.013 

14.06 

the  value  62.5  ft.. 

0.52 

0.904    .55.6 

0.890 

0.307 

0.329 

- -0.022 

14.48 

or     19     m.      per 

0-53 

0.922    54.2 

0.867 

0.830 

0..351 

-1-0.021 

15.57 

second. 

0.54 

0.939    52.8 

0.845 

0.352 

0.373 

-f  0.021 

16.60 

J,       1.15     .  .„ 

0.55 

0.957    50.4 

0.806 

0.891 

0.400 

-HO. 009 

18.44 

R  —  —    -0.575  m. 

0.56 

0.974    48.0 

0.768 

0.429 

0.429 

0 

30.24 

—  0.01461  in. 

0.57 

0.991 

45.0 

0.720 

0.477 

0.463 

—0.014 

23.50 

"  Remme. — The  preceding  discussion  may  be  condensed  into  a  few 
words.  The  first  experiments  of  M.  Darcy  led  him  to  consider  as  the 
definite  law  of  decrease  of  velocity  away  from  the  center,  Formula  (1); 
but  he  did  not  work  at  all  with  a  pipe  of  large  diameter,  and  he  did 
not  measure  the  velocities  beyond  a  point  at  two-thirds  of  the  radius. 
The  new  experiments,  made  a  few  years  later  under  his  direction,  were 
extended  to  semi-circular  canals  of  much  larger  dimensions,  which 
permitted  the  multiplication  of  the  i^oints  of  observation  in  the  divis- 
ions of  concentric  circles;  these  experiments  produced  Formula  (2). 
According  to  the  new  expression,  the  decrease  was  less  rapid  in  the 
central  region  than  was  supposed  from  Formula  (1),  but  it  was  more 
pronounced  beyond  two-thirds  of  the  radius.  A  question  was  then 
raised  as  to  whether  it  were  possible  always  to  comjiare  a  full,  closed 
pipe,  in  which  the  flow  took  place  under  pressure,  with  an  open,  semi- 
circular canal  where  the  absence  of  pressure  along  the  free  surface 
favored  the  production  of  irregular  motions.  If  such  a  comparison 
were  legitimate  for  the  outer  region  not  explored  in  1850,  it  was  not  as 
much  so  for  the  central  region.     It  was  necessary,  to  solve  the  ques- 
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M.  Bazin.  tion,  to  work  with  a  pipe  of  large  diameter  for  conditions  more  favor- 
able than  those  which  M.  Darcy  had,  and  to  multiply  the  jioints  of 
observation,  as  in  the  open  canal.  For  this  pnriDose  has  been  utilized 
the  canal  in  which  were  carried  on,  with  the  support  of  the  Minister  of 
Public  Works,  the  study  of  flow  over  weirs.  This  canal,  built  at  Dijon, 
and  furnished  with  an  intake  from  the  Canal  de  Bourgogne,  afforded 
an  excellent  opportunity  for  these  experiments,  and  their  execution 
has  been  entrusted  to  M.  Hegly,  who  has  been  at  the  writer's  command 
for  several  years  in  the  study  of  weirs.  The  assistance  of  that  saga- 
cious and  experienced  co-laborer  is  considered  very  valuable,  and  has 
enabled  the  determination  with  precision  of  the  distribution  of  veloci- 
ties in  a  pipe  of  0.80  m.  diameter. 

"  This  distribution  is  more  complicated  than  indicated  by  either 
Formulas  (1)  or  (2),  each  of  which  is  only  applicable  to  one  part  of  the 
section,  Formula  (1)  to  the  central  and  Formula  (2)  to  the  outer 
region.  The  latter,  however,  is  that  which  conforms  most  closely  to 
the  facts  as  a  whole;  it  requires  a  corrective  term  to  adapt  it  to  the 
central  region,  when  the  divergence  of  the  two  formulas  beyond  this  is 
not  very  great.  This  correction  is  not  necessary  in  an  open  canal 
where  the  motions  which  occur  near  the  free  surface  check  the  regular 
decrease  of  velocities;  under  such  circumstances  Formula  (2)  gives  a 
more  accurate  representation  of  the  phenomena  than  Formula  (1) 
which  was  derived  from  the  case  of  a  pipe.  The  difference  of  the  two 
modes  of  motion  appears  thus  in  the  central  region,  but  in  that  region 
only;  for  the  distribution  of  velocities  becomes  the  same  for  the  two 
cases  when  they  depart  from  the  center  of  the  section." 

Mr.  Kuichling.  E.  Ktjichling,  M.  Am.  Soc.  C.  E. — This  paper  is  a  most  valuable 
addition  to  the  literature  of  hydraulics,  as  it  brings  to  the  notice  of 
engineers  and  experimenters  an  extremely  ingenious  and  useful  instru- 
ment for  the  accurate  measurement  of  small  differences  of  hydraulic 
head  or  pressure,  as  well  as  a  new  application  of  the  Pitot  tube.  A 
vast  amount  of  careful  thought,  patience  and  labor  on  the  part  of  the 
authors  is  also  plainly  evident  in  the  various  experiments  described 
and  the  interesting  results  reached,  and  it  therefore  becomes  very  diffi- 
cult to  prepare  an  adequate  discussion  of  the  latter,  csjjecially  as  the 
investigations  on  curved  pipes  are  limited  to  deflections  of  90^  only. 
There  are,  however,  a  few  points  which  seem  to  the  speaker  capable  of 
being  made  somewhat  clearer  by  the  authors,  and  it  is  hoped  that  the 
same  will  receive  consideration  in  their  closure  of  the  discussion. 

The  first  is  with  reference  to  the  means  by  which  the  pressure  open- 
ing of  the  Pitot  tube  is  always  kept  truly  normal  to  the  direction  of  the 
axis  of  the  pipe,  and  the  effect  of  slight  divergences  from  the  proper 
position  at  different  points  in  the  "traverse."  It  is  inferred  from  the 
description  that  a  cross-arm  on  the  upper  part  of  the  instrument  indi- 
cated approximately  whether  the  pressure  opening  was  normal  to  the 
pipe's  axis,  also  that  a  slight  divergence  did  not  produce  an  apprecia- 
bly different  result.  If  this  be  true,  the  usefulness  of  the  instrument 
is  materially  increased  by  avoiding  loss  of  time  in  delicate  adjustment 
at  each  point  of  observation.     In  using  such  tubes  in  open  streams  or 
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jets,  varies  may  serve  to  keep  the  opening  noi'mal  to  the  current;  but  Mr.  Kuichling. 
as  they  cannot  be  apjjlied  in  the  case  of  a  pipe  under  pressure,  it  is 
important  to  know  what  effect  a  little  obliquity  produces. 

The  next  point  relates  to  the  marked  irregularity  of  many  of  the 
velocity  curves  for  currents  of  less  than  2  ft.  per  second  in  the  several 
pipes.  It  is  very  probable  that  these  irregularities  are  not  due  to 
lack  of  sensitiveness  or  accuracy  of  the  instruments,  but  to  a  constant 
shifting  of  the  position  of  the  water  filament  having  the  greatest 
velocity,  or  to  a  sjjiral  motion  of  the  same;  and  the  question  arises 
whether  simultaneous  observations  at  a  number  of  consecutive  cross- 
sections,  1  or  2  ft.  apart,  would  not  demonstrate  such  a  spiral  motion. 
In  this  event  it  would  follow  that  for  each  instant  of  time  the  true 
velocity  diagram  would  be  represented  by  a  regular  curve  having  its 
vertex  at  some  distance  to  one  side  of  the  axis  of  the  pipe,  instead  of 
by  the  irregular  figures  shown  in  the  drawings,  which  indicate  that 
the  successive  thin  cylindrical  shells  of  water  from  the  axis  outward 
have  alternately  greater  and  smaller  velocities. 

The  consideration  of  this  question  naturally  involves  the  accuracy 
of  all  gaugings  made  by  isolated  observations  of  the  velocity  at  differ- 
ent points  in  the  cross-section  of  a  body  of  moving  water,  and  the 
method  that  should  be  pursued  in  making  such  observations  in  order 
to  obtain  the  most  correct  value  of  the  computed  discharge.  In  a 
pipe  of  limited  diameter,  it  is  reasonable  to  presume  that  only  a  single 
filament  of  water  acquires  the  maximum  velocity,  and  that  all  contig- 
uous or  surrounding  filaments  or  cylindrical  shells  have  a  smaller 
velocity  which  gradually  decreases  the  nearer  they  approach  to  the 
sides  of  the  pipe.  Furthermore,  observation  of  small  immersed  and 
floating  objects  in  open  channels  of  uniform  section  and  moderate 
size  shows  that  when  the  current  is  not  raj)id  their  motion  is  usually 
curvilinear  or  spiral;  hence,  analogously,  a  similar  motion  may  be 
presumed  to  exist  in  water  flowing  under  pressure  through  a  pipe. 

On  this  basis,  it  is  obvioixs  that  a  true  velocity  diagram  can  be  ob- 
tained only  by  making  a  relatively  large  number  of  observations 
simultaneously  in  the  same  cross- section;  but  as  such  a  j^rocedure  is 
impracticable,  it  follows  that  a  "  traverse  "  with  the  Pitot  tube  should 
be  made  as  quickly  as  possible.  It  is  of  interest,  therefore,  to  know 
the  best  attainable  speed  with  this  instrument,  the  least  number  of 
observations  consistent  with  accuracy,  and  the  probable  error  in  the 
discharge.  To  determine  these  matters,  other  experiments  will  doubt- 
less be  necessary,  and  reference  thereto  has  been  made  in  the  hope  of 
eliciting  from  the  authors  further  jjarticulars  concerning  the  manipu- 
lation of  an  instrument  which  has  heretofore  found  only  a  limited 
application  in  hydraulic  operations. 

It  also  follows,  from  the  foregoing,  that  if  the  low  mean  velocities, 
V,  deduced  from  the  observations  with  the  Pitot  tube  in  straight  lines 
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Hr.  Kuichling.  of  pipe  do  not  possess  a  high  degree  of  accuracy,  the  corresponding 
values  of  the  coefficient,  c,  in  the  Chezy  formula,  v  ^  c  y  R  S,  are 
equally  of  doubtful  vahie;  and  hence  the  law  of  variation  in  the  value 
of  c  for  different  values  of  v,  exhibited  in  Table  No.  38  for  straight 
cast-iron  pipe,  is  not  firmly  established.  For  the  higher  velocities, 
on  the  other  hand,  the  data  are  much  more  satisfactory. 

With  resjiect  to  the  resistance  or  loss  of  head  in  curved  lines  of  pipe, 
the  experiments  indicate  either  that  the  teachings  of  our  standard  books 
on  hydraulics  are  erroneous,  or  else  that  the  results  of  former  observa- 
tions in  this  dii'ection  have  not  been  rightly  interpreted,  as  the  conclu- 
sion reached  by  the  authors  is  directly  opposed  to  what  is  set  forth  in 
the  most  recent  treatises.  It  must  be  remembered,  however,  that  the 
authors'  experiments  are  limited  to  curves  of  90*^  deflection,  and  that 
similar  observations  on  other  degrees  of  curvature  are  necessary  before 
a  new  theory  of  curve  resistance  can  be  established.  The  problem  is 
complicated,  furthermore,  by  the  use  of  compound  curves  of  varying 
radii  to  make  the  given  deflection,  with  the  direction  of  flow  always 
from  the  flatter  to  the  sharper  curvature.  This  leads  at  once  to  the 
question  whether  the  resistance  would  be  the  same  if  the  direction  of 
the  current  were  reversed.  The  influence  of  the  joints  in  the  com- 
pound curves  also  requires  careful  study,  before  the  whole  of  the  ob- 
served loss  of  head  can  be  charged  to  curvature,  as  it  is  possible  that  a 
break  in  the  continiiity  of  the  interior  surface  may  induce  a  consider- 
able resistance. 

The  foregoing  remarks  are  submitted  without  the  intention  of  de- 
tracting in  the  slightest  degree  from  the  great  value  of  the  authors' 
work,  but  rather  in  the  hope  of  stimulating  their  interest  in  the  investi- 
gations which  they  have  undertaken,  and  evoking  further  contribu- 
tions from  them.  With  their  skill,  experience  and  ingeniously  devised 
appliances,  they  are  particularly  well  fitted  for  prosecuting  practical 
research  in  this  branch  of  hydraulics,  wherein  there  is  evidently  room 
for  much  advancement;  and,  hence,  the  speaker  earnestly  looks  for- 
ward to  the  presentation  of  future  papers  in  which  their  interesting 
work  will  be  continued. 
Mr.  Ferris.  WALTER  Feekis,  Esq.  (by  letter). — Aside  from  the  remarkable  con- 
clusions reached  by  the  authors,  one  of  the  most  striking  things  about 
this  paper  is  the  immense  amount  of  painstaking  labor  expended  in 
making,  verifying,  and  reducing  the  experiments.  In  this  case,  the 
expenditure  was  justified  by  the  importance  of  the  investigation  and 
the  results  obtained.  There  are,  however,  many  jaroblems  in  measure- 
ment of  water  occurring  continually  in  the  practice  of  engineering, 
which  might  be  solved  by  the  methods  so  fully  illustrated  in  this 
paper,  but  that  the  labor  and  expense  involved  are  too  great  to  be 
incurred. 

A  glance  over  the  pages  of  the  j^aper  shows  that  a  large  part  of  the 
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work  consisted  in  calibrating  the  instraments  used,  especially  tlie  Pitot  Mr 
tubes.  It  is  the  writer's  object,  in  a  brief  discussion,  to  call  attention 
to  some  facts  relative  to  Pitot  tubes,  which  seem  to  indicate  that  the 
instrument  may  be  made  in  such  a  manner  as  to  require  no  calibration 
for  all  ordinary  work — that  is,  for  work  where  the  difference  between 
a  3%  error  and  a  2^'(i'  error  is  not  worth  a  great  deal  of  labor  and 
money. 

A  paper  on  the  Pitot  tube,*  by  Mr.  William  Monroe  White,  of  New 
Orleans,  should  be  read  by  all  who  are  interested  in  this  subject. 
From  his  experiments,  Mr.  White  draws  two  very  important  conclu- 
sions: (1)  The  head  shown  by  the  impact  opening  of  a  pair  of  Pitot 
tubes  is  not  affected  by  the  size  or  shape  of  the  impact  nozzle,  pro- 
vided that  it  be  a  shape  of  revolution,  such  as  a  cylindrical  tube  or  a 
converging  or  diverging  cone.     (2)  The  head  due  to  the  impact  tube  is. 

alwavs  exactlv  en  ual  to  the  velocity  head, -jr—.     If  the  instrument  as  a 

^  2rj 

■whole  shows  a  different  result,  it  is  due  to  suction  or  impact  at  the  static 

opening. 

These  results  are  qualified  by  the  fact  that  they  were  not  obtained 
under  pressure  in  a  closed  pipe,  and  may  possibly  not  exactly  ajjply 
under  those  conditions.  In  the  discussion  of  Mr.  White's  paper,  the 
writer  cited  a  series  of  experiments  made  by  himself  which  seemed  to 
show  results  at  variance  with  these  conclusions;  Mr.  White,  however, 
has  pointed  out  a  possible  source  of  error;  and,  including  data  in  the 
pajjer  now  under  discussion,  the  weight  of  evidence  seems  to  be  that 
Mr.  White's  conclusions  do  apply  to  closed  pipes  under  pressure. 

If  the  impact  oijening  of  a  pair  of  Pitot  tubes  shows  the  exact 
velocity  head  plus  the  static  head,  it  is  only  necessary  to  construct  the 
static  opening  in  such  a  manner  that  it  will  show  the  exact  static 
head.  The  reading  of  the  pair  of  tubes  connected  to  a  differential 
gauge  will  then  give  the  exact  velocity-  head.  It  is  a  well-known 
fact,  especially  through  experiments  with  the  Venturi  meter,  that  a 
simple  drilled  hole  in  the  side  of  a  pipe,  normal  to  the  axis,  does 
show  the  static  head  correctly  within  4  or  5  per  cent.  That  is,  the 
head  shown  by  such  a  tube  is  equal  to  the  total  head  at  that  cross- 
section,  less  the  head  due  to  the  average  velocity  of  flow  through  the 
section.  As  this  static  opening  does  not  come  in  contact  with  the 
average  velocity,  but  with  a  much  smaller  velocity,  while  a  velocity 
higher  than  the  average  exists  at  the  center  of  the  pipe,  it  is  esijeci- 
ally  noteworthy  that  it  indicates  the  average,  and  not  the  velocity  adja- 
cent to  itself. 

It  has  usually  been  thought  by  experimenters  that  a  vital  point  in 
making  an  accurate  Pitot  instrument  is  to  have  the  two  openings 
exposed  to  the  same  velocity.  Hence  the  oi)enings  were  both  included 
*  Journal  of  the  Association  of  Engineering  Societies,  for  Aug^ust,  1901. 
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Mr.  Ferris,  in  the  instrument  inserted  into  tlie  Hqw.  The  result  has  Leen  that 
almost  every  joair  of  tubes  has  a  coefficient  different  from  every  other 
pair,  and  rarely,  if  ever,  equal  to  unity.  The  variation  has  been  suj)- 
posed  to  be  mainly  due  to  variations  in  the  impact  opening. 

Turning  now  to  the  paper  under  discussion,  there  are  given,  in  Table 
No.  10,  the  mean  results  of  five  sets  of  experiments  with  five  different 
Pitot  tubes,  inserted  in  a  2- in.  pijje  under  a  head  of  about  65  ft.  In  all 
these  cases,  the  static  pressure  was  taken  from  a  chamber  surrounding 
the  pipe,  and  communicating  with  the  interior  by  four  holes,  -ra  in.  in 
diameter.  The  impact  nozzles  of  four  of  the  tubes  tested  were  shapes 
of  revolution,  and  all  these  tubes  have  coefficients  within  39^  of  unity. 
The  fifth  tube  had  an  impact  opening  of  peculiar  shape — a  round 
hole  in  a  knife-edge,  giving  a  notched  side  view — and  hence  the  head 
shown  by  this  tube  for  a  given  velocity  is  much  lower;  that  is,  its  coef- 
ficient is  higher. 

Assuming  that  the  velocity  figure  is  an  ellipsoid  of  revolution,  as 
believed  by  the  authors,  the  locus  of  mean  velocity  is  at  0.745  r,  or 
about  three-fourths  of  the  distance  from  the  center  to  the  circumfer- 
ence of  a  circular  pipe.  If  inserted  in  a  long  stretch  of  straight  pipe, 
a  Pitot  tube  constructed  as  indicated  (the  nozzle  a  shape  of  revolution 
and  the  static  oisening  in  the  side  of  the  pipe)  may  be  expected  to  give 
results  in  accordance  with  the  formula  i^  =  y'  ^  qh  "when  the  impact 
nozzle  is  on  this  mean-velocity  circle.  Or,  if  the  nozzle  is  on  the 
center,  the  true  mean  velocity  will  be  0.84  of  the  velocity  by  the 
formula,  or  the  true  velocity  head  will  be  0.707  of  the  observed  head. 
The  safest  way  is  to  put  the  nozzle  on  center  if  no  traverse  is  to  be 
made,  as  a  slight  shifting  of  the  velocity  curve  will  cause  less  error. 

The  writer  does  not  think  it  essential  to  have  the  circumferential 
chamber  shown  in  Fig.  4.  A  single  tube,  |  to  J  in.  in  diameter,  screwed 
into  the  side  of  the  pipe  and  filed  off  flush  inside,  is  probably  nearly  as 
accurate. 

From  the  foregoing  facts,  taken  in  connection  with  his  own  experi- 
ence in  making  such  observations,  the  writer  thinks  that  good  results 
may  be  obtained  with  a  simple  piece  of  \  or  ^-in.  brass  tube,  bent  to 
face  the  flow  at  the  center  of  the  pipe,  and  a  simple  piezometer  open- 
ing in  the  side  of  the  same  cross-section.  These  should  be  connected 
to  an  air-gai;ge  (/.  e. ,  an  inverted  (J-tube  with  compressed  air  in  the  top) 
as  described  in  the  paper,  for  mean  velocities  between  1  and  9  ft.  j^er 
second,  if  the  gaiige  is  made  of  tubes  30  ins.  long.  For  mean  veloci- 
ties from  4  to  36  ft.  per  second,  the  same  gauge  may  be  turned  upside 
down  and  filled  with  mercury.  In  this  case  the  connection  between 
the  tubes,  if  not  a  continuous  bend  in  the  glass,  should  be  of  steel, 
cast  iron,  or  copper,  to  resist  the  action  of  the  mercury.  If  a  long 
stretch  of  straight  pipe  is  not  obtainable,  the  impact  nozzle  should  be 
made  so  as  to  permit  traversing. 
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In  working  up  all  observations  for  measurement  of  flow,  it  is  well  Mr.  Ferris, 
to  remember  that  a  slide  rule  is  more  accurate  than  the  data  them- 
selves, and  saves  a  great  deal  of  labor  with  little  or  no  loss  of  accuracy. 
For  checking  results,  it  is  well  to  emphasize  still  further  the  benefit 
and  easy  apphcation  of  the  straight-line  diagram  so  extensively  used 
by  the  authors. 

E.  Sherman  Gould,  M.  Am.  Soc.  C.  E.  (by  letter).  — This  paper  and  Mr.  Gould, 
the  siibseqiient  discussions  thereon  are  so  voluminovis  and  elaborate 
that  the  writer  is  frank  to  admit  that  he  has  failed  to  give  to  them 
that  critical  study  which  theLr  imjiortance  merits.  He  was  certainly 
startled  at  learning  that  actual  experiments  have  shown  resistance  to 
diminish  in  proportion  to  the  diminution  of  the  radius  of  curvature, 
but,  if  his  somewhat  superficial  examination  has  not  deceived  him  as 
to  the  conditions  of  the  experiments,  he  thinks  that  the  foregoing  is 
hardly  a  fair  way  of  putting  it.  His  understanding  of  the  case, 
which,  perhaps,  is  an  erroneous  one,  is  this:  It  was  found  that  if  a 
certain  length  of  pipe,  say,  for  instance,  2  000  ft.  (although  the  experi- 
ments were  made  on  much  shorter  lengths),  was  made  to  change  its 
direction  through  90°,  its  resistance  to  flow  is  less  if  the  pipe  be 
divided  into  two  straight  lengths  of,  say,  990  ft.  each,  connected  by  20 
ft.  of  pipe  curved  to  a  radius  of  10  ft.,  than  if  the  whole  2  000  ft. 
were  thrown  into  a  single  curve,  of  which  the  radius  would  be  1  274  ft. 

Now,  it  must  be  borne  in  mind  that  these  two  different  dispositions 
of  pipe  could  not  be  used  to  join  the  same  two  points,  although  the 
length  of  pipe  would  be  the  same  in  both  cases.  In  the  case  of  the 
abrupt  bend,  the  distance  between  the  two  ends  of  the  pipe  in  a 
straight  line  would  be  about  1  400  ft. ;  and  in  the  case  of  the  easy 
curve,  it  would  be  about  1  800  ft. 

It  seems  to  the  writer  that  the  practical  presentation  of  the  problem 
would  be  this :  Given,  two  points,  distant  from  each  other  on  a  straight 
line  1  400  ft.,  would  a  greater  delivery  be  secured  by  joining  them  with 
2  000  ft.  of  pipe  turned  in  the  middle  abruptly  through  90°,  or  by 
1  571  ft.  of  pipe  of  the  same  diameter,  laid  on  a  uniform  ciirve  of  1  000 
ft.  radius,  it  being  understood  that  the  two  tangents  in  both  cases 
should  be  at  right  angles  to  each  other?  The  water-supply  engineer 
would  not  be  long  in  making  his  decision.  But,  again:  should  he, 
preferably,  if  at  liberty  to  follow  any  line  he  pleased,  lay  his  pipe 
along  the  straight  line  1  400  ft.  long,  joining  his  two  fixed  points,  by 
using  a  sharp  bend  through  45°  at  each  end?  Probably  he  would 
consider  this  the  best  arrangement  of  all. 

The  writer  must  apologize  for  contributing  only  these  hastily 
written  lines  to  a  discussion  that  has  called  forth  so  much  mature 
thought,  his  object  being  to  suggest  that,  from  a  practical  point  of 
view,  the  question  is  not  so  much  how  best  to  bend  a  given  length  of 
pipe,  regardless  of  what  becomes  of  the  two  ends,  as  to  determine  the 
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Mr.  Gould,  best  way  to  join  two  given  points  from  which  are  laid  two  pipe  lines 
having  different  directions.    He  thinks  that,  other  things  being  equal, 
the  jjractical  decision  will  always  be  in  favor  of  the  shortest  line. 
Mr.  Brincker-        H.  W.  Brinckekhoff,  M.  Am.  Soc.  C.   E.   (by  letter). — The  point 
°  ■  of  greatest  interest,  to  most  persons  at  least,  is  to  be  found  in  Con- 

clusion K,  where  it  is  stated  that  "curves  of  short  radius,  down  to 
a  limit  of  about  2 J  diameters,  offer  less  resistance  to  the  flow  of  water 
than  do  those  of  longer  radius."  This,  as  stated  by  the  authors,  is 
directly  opposed  to  all  received  theory  and  practice,  and  naturally 
demands  an  explanation,  which  the  authors  do  not  pretend  to  give. 

Let  us,  therefore,  consider,  first,  why  a  curved  pipe  should  offer 
any  greater  resistance  to  the  flow  of  water  than  does  a  straight 
pipe.  The  answer  is  to  be  found  in  the  effect  of  the  centrifugal 
force  which  is  inseparable  from  the  passage  of  water  through  a  curved 
pipe.  By  this,  it  is  not  meant  that  the  pressure  due  to  the  centri- 
fugal force  increases  the  friction  on  the  side  of  the  pipe  furthest  from, 
the  center  of  curvature  (which,  for  convenience,  will  hereafter  be 
called  the  convex  side),  because,  as  is  well  known,  the  friction  of 
water  against  the  inside  of  a  pipe  is  entirely  independent  of  the 
pressure.  The  effect  of  the  centrifugal  force  is  to  divide  the  flowing- 
water  into  two  parts  having  opposite  spiral  motions.  This  absorbs 
energy  and  also  increases  the  velocity  of  the  water  in  contact  with 
the  pipe,  resulting  in  greater  friction  and  resistance.  To  understand 
how  this  effect  is  produced,  let  it  be  conceived  that  the  curve  is  in  a 
vertical  plane  with  the  convex  side  uj),  and  that  a  view  is  taken  at  a 
transverse  section  in  the  curve  a  short  distance  from  its  commence- 
ment. When  the  water  enters  the  curve  from  the  straight  pipe,  its 
greatest  velocity  is  at  the  center;  when  deflected  by  the  curvature,  a 
centrifugal  force  is  developed  in  all  parts  of  the  water  in  proportion 
to  the  square  of  the  velocity  of  each  part.  As  the  mean  velocity  is 
only  8i%  of  the  maximum,  it  follows  that  the  centrifugal  force  of  the 
water  at  the  center  will  exceed  that  of  the  remainder  by  about  4:2%, 
on  the  average,  and  it  will,  by  virtue  of  that  superior  force,  be  driven 
toward  the  convex  side  of  the  pipe,  displacing  the  water  already  there, 
until,  in  api^roaching  the  pipe  surface,  the  friction  there  existing  will 
diminish  its  velocity  and,  in  even  more  rapid  ratio,  its  centrifugal 
force,  and  it  will  in  turn  give  place  to  the  more  rapidly  moving  water 
from  the  center.  Looking  now  at  the  transverse  section  which  has 
been  conceived,  the  water  in  the  center  will  be  seen  moving  contin- 
uously upward,  until,  reaching  the  inner  surface  of  the  pipe,  it  sepa- 
rates right  and  left  into  two  portions  which  flow  out,  down,  and  in 
around  the  main  body  of  water  to  meet  at  the  bottom  and  flow  up 
again  in  continuous  circuits.  If  the  pipe  were  transparent  and  the 
course  of  the  water,  as  viewed  from  one  side,  could  be  traced  by  some 
floating  particles,  the  water  at  the  center  would  be  seen  to  be  rising, 
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and  proceeding  witli  ever  increasing  velocity  as  it  rose,  as  shown  in  Mr.  Brincker- 

Figs.  11  and  12,  until  it  neared  the  top  of  the  pipe;  M^hen  it  would 

Toe  gradually  retarded  by  the  friction,  and  would  flow  out  and  down,  in 

long   spirals   of   gradually    diminishing  jaitch,  to   again   rise   in  the 

center.     Now%  as  the  average  forward  velocity  of  the  water  must  in 

all  cases  be  the  same  (provided  the  area  of  the  pipe  is  unchanged),  it 

follows  that  this  spiral  motion  must  give  an  increased  actual  velocity 

to  the  water  proportional  to  the  secant  of  the  average  angle  which 

the  different  threads  of  the  stream  make  with  the  axis  of  the  pipe,  and, 

as  the  energy  of  a  moving  body  is  jaroportional  to  the  square  of  its 

velocity,    the    energy  absorbed   by  the  water  will  increase  in  even 

more  rapid  ratio. 

This  is  one  source  of  increased  resistance  on  curves.  Another  is  to 
be  found  in  the  increased  friction  due  to  the  greater  velocity  with 
which  the  external  water,  owing  to  its  sjairal  motion,  moves  over  the  sur- 
face of  the  pipe,  and  this  also  increases  as  the  square  of  the  velocity. 

Another  source  of  resistance  is  j^i'obably  to  be  found  in  the 
irregular  disturbance  of  the  water  at  the  ^joints  where  the  spiral 
currents  separate  and  where  they  come  together  again.  As  it  is 
not  conceivable  that  these  currents  will  turn  at  sharp  right  angles 
where  they  meet  and  leave  the  walls  of  the  pipe,  there  must  exist  at 
those  i^oints,  viewed  in  cross-section,  triangular  areas,  of  greater 
or  less  extent,  in  which  there  are  all  sorts  of  eddies  and  counter 
currents,  with  a  corresponding  absorption  of  energy  and  increase  of 
resistance. 

From  these  considerations,  it  would  seem  to  be  sufficiently  clear 
why  curvature  increases  the  resistance  to  the  flow  of  water  in  a  pipe. 
It  now  remains  to  see  what  relation  the  resistance  bears  to  the  radius 
of  curvature,  which  is  really  the  interesting  joart  of  the  whole  ques- 
tion. The  centrifiigal  force  in  a  unit  section  of  the  water  is  inversely 
as  the  radius,  but  the  length  of  time  that  the  centrifugal  force  acts 
upon  the  unit  of  section  is  directly  as  the  radius.  It  is  found  that 
the  energy  in  a  falling  body  is  proportional  to  the  square  of  the 
time  during  which  the  force  of  gravity  acts  upon  it,  and,  if  the 
same  reasoning  may  be  aiJi^lied  to  the  case  in  hand,  it  will  be  found 
that  the  energy  of  the  spiral  motion  developed  in  a  unit  section  will 
be  directly  proportioned  to  the  length  of  the  curve,  and  hence  to  the 
radius  of  curvature.  The  resistance,  of  course,  will  be  in  a  similar 
ratio.  But  this  does  not  mean  that  the  energy  in  the  water  when  it 
leaves  the  curve  has  been  increased  by  an  amount  exactly  propor- 
tional to  the  length  of  the  curve,  for  much  of  the  energy  will  be 
absorbed  as  fast  as  generated  by  the  increased  friction  on  the  internal 
surface  of  the  pipe  due  to  the  increase  of  the  superflcial  velocity  by 
the  spiral  motion.  In  fact,  as  there  is  no  way  to  determine  the  pro- 
portion which  these  three  factors  of  resistance  bear  to  each  other,  it 
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Mr.  Brincker-  is  impossible  to  say  more  than  that  the  total  resistance  will  increase 
in  some  proportion  to  the  length  of  the  curve,  that  is,  with  the 
radius  of  curvature.  The  diagram,  Fig.  90,  showing  the  relative 
excess  loss  of  head  in  curves  of  90°  in  80  diameters  length,  would 
seem  to  indicate  that  for  radii  above  10  or  15  diameters  the  resistance 
increases  almost  uniformly  with  the  length  of  the  radius,  and  very 
nearly  in  direct  proportion  thereto,  plus  a  constant  of  about  25  per 
cent.  Below  a  radius  of  about  2|  diameters,  the  resistance  begins  to 
greatly  increase  in  inverse  proportion  to  the  radius.  This  may,  per- 
haps, be  in  part  accounted  for  by  a  material  change  in  the  condition 
of  the  flow.  With  a  very  short  radius  and  a  high  velocity  the  water 
may  leave  the  concave  side  of  the  pipe  altogether.  This  will,  to  that 
extent,  reduce  the  effective  section  of  the  waterway  and,  by  adding  to 
the  velocity,  increase  the  resistance;  and  if  the  space  should  be 
filled  with  a  turmoil  of  little  eddies,  as  is  likely  to  be  the  case 
with  high  pressures,  the  resistance  will  be  still  further  increased. 

Having  now  shown  the  probable  cause,  not  only  for  the  resistance 
on  curves,  but  also  for  the  increase  of  that  resistance  with  the  radius 
of  curvature,  it  remains  to  be  seen  if  any  means  can  be  devised  by 
which  that  excess  of  resistance  may  be  reduced.  Two  expedients 
will  suggest  themselves.  First,  to  increase  the  area  of  the  pipe  on 
curves  in  such  a  ratio  that  the  excess  of  energy,  due  to  the  increased 
velocity  of  the  spiral  motion,  shall  be  balanced  by  the  reduction  of 
energy  due  to  the  slower  forward  motion  of  the  water  as  a  whole.  This 
would  mean,  practically,  that  the  average  velocity  of  the  water  was 
not  changed,  but  that  it  advanced  in  spiral  lines  instead  of  in  lines 
parallel  to  the  axis  of  the  curve.  As  the  spiral  motion  must  be  grad- 
ually produced,  and  probably  even  more  gradually  checked,  the 
enlargement  should  be  gradual  from  the  commencement  of  the  curve, 
and  the  reduction  should  also  be  gradual  from  the  termination  of  the 
curve.  This  would  avoid  most  of  the  resistance  due  to  the  production 
and  absorption  of  energy.  If  the  enlargement  were  such  that  the 
spiral  velocity  remained  the  same  at  the  surface  as  in  the  straight 
pipe,  then  the  friction  would  be  increased  only  in  proportion  to  the 
diameter  of  the  joipe,  obviously  less  than  if  the  bore  were  not 
enlarged  at  the  curve.  The  third  cause  of  resistance,  the  little  groups 
of  eddies  at  the  convex  and  concave  sides  of  the  pii^e,  could  be 
gotten  rid  of  by  simply  displacing  them  by  V-shaped  ribs  which 
would  gently  part  the  spiral  currents  and  as  gently  i^ermit  them  to 
flow  together.  That  the  enlargement  at  the  curves  and  the  introduc- 
tion of  the  ribs  will  cause  some  reduction  of  resistance,  seems  alto- 
gether probable.  That  they  can  entirely  remove  it  is  altogether  im- 
probable, but  the  experiment  is  worth  trying,  and  experiment  alone 
can  determine  the  exact  form  and  size  of  the  section  of  least  resistance 
for  curved  pipes. 
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Edward  S.  Cole,  Esq.  (by  letter). — This  valuable  paper  has  been  Mr.  Cole, 
studied  by  the  writer  with  intense  interest,  as  it  describes  a  course  of 
experimental  research  similar  to  one  carried  on  by  him  independently 
during  almost  the  identical  period  of  time,  viz. :  October,  1896,  to 
March,  1901,  with,  however,  two  years'  interruption  in  his  work,  dur- 
ing 1898  and  1899. 

In  1896  there  was  need  of  means  for  measuring  the  flow  of  water 
in  the  water-works  pipe  system  of  Terre  Haute,  Ind.,  for  which  John 
A.  Cole,  M.  Am.  Soc.  C.  E.,  was  consulting  engineer,  and  after  con- 
sidering the  use  of  the  Venturi,  the  Deacon,  and  the  ordinary  disc 
meters,  it  was  decided  that,  for  the  purposes  of  a  waste-water  survey,. 
it  would  be  advisable  to  find  some  more  economical  method  of  meas- 
uring the  flow  of  water  in  pipes. 


The  writer,  who  is  associated  with  Mr.  John  A.  Cole,  finally  acted 
on  a  suggestion  obtained  from  Professor  E.  C.  Carpenter's  work, 
"  Experimental  Engineering,"  regarding  the  Pitot  tube,  as  apjjlied  to 
water  mains. 

A  search  was  made  among  technical  papers,  etc.,  and  correspond- 
ence was  carried  on  with  hydraulic  engineers,  for  the  purpose  of 
ascertaining  what  had  been  done  by  others  in  this  field,  but  little  help 
could  be  found,  aside  from  descriptions  of  the  open-stream  form  of 
instrument,  by  Darcy,  in  the  Memoires  of  the  Societe  des  Ingenieurs 
Civils  de  France,  and  by  several  more  recent  investigators  in  open-- 
stream  work. 
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Mr.  Cole.  The  writer,  therefore,  had  no  choice  but 
to  work  out  alone  the  many  little  details, 
which  at  first  presented  exceedingly  great 
difficiilties,  esjjecially  when  the  object  sought 
was  accuracy  at  the  lowest  possible  veloci- 
ties. 

Two  orifice  tubes  were  finally  adopted 
which  could  be  introduced  through  a  1-in. 
corporation  cock  by  means  of  a  special  caj:), 
each  with  a  hook  bent  90°  and  provided  with 
a  "cut-water,"  as  shown  in  Fig.  104.  Many 
series  of  calibrations  were  made  with  orifices 
and  tubes  of  various  diameters,  but,  finally, 
a  choice  was  made  of  an  orifice  having  an 
internal  diameter  of  ^-in.,  made  of  common 
■jTB-in.  brass  tubing,  fitted  to  ^-in.  tubes,  as 
shown  in  Fig.  104. 

It  was  found  that  an  orifice  and  tube  of 
this  size  gave  more  reliable  indications  at 
low  velocities,  and  that  there  was  less  trouble 
with  negative  readings  or  failure  to  return  to 
equilibrium  at  no  flow. 

A  glass  U-tube,  22  ins.  long  and  having  an 
internal  diameter  of  -fi^  in.,  was  used  from  the 
first  with  excellent  results.  Connections  were 
made  with  |-in.  cloth-insertion  rubber  tubing, 
and  a  blow-ofi'  was  located  at  the  top  of  each 
connection  to  remove  air.  It  was  found  that 
small  brass  pinch-cocks  were  best  adapted  to 
shutting  ofi'the  water  at  these  blow-ofi's,  and, 
in  fact,  after  repeated  failures,  it  was  decided 
that  no  form  of  ordinary  valve  was  at  all 
suitable,  owing  to  the  likelihood  of  the 
occurrence  of  minute  seepage  or  leaks. 

The  lower  half  of  the  (J-tube  was  filled 
with  a  mixture  of  carbon  tetrachloride  and 
gasoline,  with  a  specific  gravity  of  1.25  at 
ordinary  temperatures.  Careful  notes  were 
made  of  the  temperature  at  which  observa- 
tions were  taken,  and  temperature  correc- 
tions were  applied  where  found  necessary, 
although  in  some  places  the  specific  gravity 
changed  to  suit  the  temperature  at  which  the 
tests  were  being  made,  so  that  no  substantial 
correction  was  required.     The  object  was  to 
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4  6  8  10  la         14  ItJ  18         20         32 

Inches  Deflection  in  U-Tube  (both  Trough  and  Pipe). 
Fig.  10(5. 
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Velocity  at  Orifices,  In  Feet  per  Second, 
[bj  floats  over  20-ft.  course,  in  open  trough.) 
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Mr.  Cole,  maintain  uniformly  a  diflferential  effect  within  tlie  U-tube,  equivalent 
to  four  times  the  simple  water  head.  This  ratio  of  4  to  1  in  the  man- 
ometer was  iised  in  all  the  calibrations,  and  was  found  most  convenient 
for  the  range  of  velocities  used. 

In  order  to  obtain  a  rating  of  the  Pitot  tube,  a  series  of  standard 
cast-iron  water  pipes  was  placed  in  line  and  provided  with  a  supply  of 
water  from  a  reservoir  giving  a  constant  pressiire  ot  approximately  10 
lbs.  The  discharge  was  measured  over  carefully  calibrated  rectangular 
weirs,  and  means  were  provided  for  regulating  the  flow  through  the 
line  of  pipes.  In  this  way  many  series  of  exj^eriments  were  made,, 
comparing  the  deflection  of  the  U-tube  at  the  center  of  the  pipe  with 
the  discharge,  as  shown  by  the  weir  for  each  of  the  various  sizes  of 
pipe  tested. 

The  general  plan  of  the  jaiping,  with  the  various  connections,  and 
the  location  of  the  several  Pitot  tubes,  is  shown  in  Fig.  105,  the 
tubes  being  inserted  at  the  mid-length  of  each  size  of  pipe,  a  blow-off 
cock  being  jslaced  at  A  to  insure  the  removal  of  all  air  from  the  top  of 
the  12-iu.  pipe,  which  was  the  highest  point  in  the  line. 

Fig.  106  shows  five  of  a  long  series  of  calibration  curves  which  were 
obtained  on  this  and  other  lines  of  pipe.  It  should  be  remarked  that 
the  deflections  in  the  JJ-tnbe  plotted  on  these  curves  are  averages  of 
the  vibrations  noted  in  the  tube  during  each  flow,  which  continued  for 
about  5  minutes,  the  weir  flow  being  observed  simultaneously. 

Fig.  107  shows  the  rating  of  the  standard  form  of  Pitot  tube  in  a 
long,  open  trough,  the  tube  being  inserted  upward  through  the  bot- 
tom of  the  trough,  with  orifices  located  about  i  in.  below  the  surface 
of  the  running  stream.  The  velocity  of  the  water  was  taken  carefully 
by  means  of  floats,  and  plotted  directly  with  the  observed  deflections 
of  the  U-tube. 

This  diagram  shows  the  calibration  curves  of  a  tube  with  |-in. 
orifices  and  also  with  re-in.  orifices.  They  have  been  plotted  side  by 
side  to  show  the  variation  in  the  coefiicient.  The  curve  of  the  l-iu. 
instrument  has  been  adopted  as  the  standard;  this  instrument  being- 
that  with  which  the  various  pipe  calibrations  were  made. 

The  open-stream  calibration  curve  determines  the  absolute  velocity 
at  the  oriflce,  wherever  it  may  be  located  within  a  pipe,  and  use  has 
been  made  of  this  curve  to  plot  a  series  of  ti'averse  surveys,  as 
exhibited  in  Figs.  108  and  109. 

Special  study  has  been  made  as  to  the  ratio  of  mean  to  center 
velocity  within  the  pipes  calibrated,  and  the  results  of  these  investi- 
gations are  somewhat  at  variance  with  the  authors'  Concltision  C.  In 
the  writer's  work  the  ratio  of  mean  to  center  velocity  is  not  constant 
,  for  pipes  of  all  sizes,  though  it  may  be  for  various  velocities  in  the  same 
pipe.  A  few  examples  have  been  taken  from  the  accompanying  cali- 
bration curves,  with  the  com^juted  ratios,  for  the  jDurpose  of  illustrat- 
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VARIATION  OF  VELOCITY 
ACROSS  12  AND  16 -IN.  PIPES  ON  HORIZONTAL  AND  VERTICAL  DIAMETERS, 
PITOT  TUBE. 
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Mr.  Cole,  ing  this  point  (see  Fig.  110).  The  ratios  of  tlie  mean  to  the  center 
velocities  are  shown  in  Table  No.  69. 

Attention  should  be  called  to  the  fact  that,  in  the  pipes  calibrated, 
the  4,  6  and  16-in.  pipes  were  new,  while  the  12-in.  had  been  in  use  for 
some  years,  and  was  slightly  tuberculated. 

The  diameters  of  these  pipes  were  taken  before  putting  them  in 
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place,  biit  no  correction  for  the  slight  deviation  from  the  standard 
diameter  was  made  in  this  work. 

It  may  be  of  interest  to  add  here,  that  considerable  time  was  spent 
in  perfecting  a  recording  device  for  this  instrument.  It  was  found  that 
photography  was  the  only  practicable  means  of  registering  continu- 
ously the  deflections  in  the  JJ-tube.     Plate  VIII  shows  the  recording 
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instrument,  which,  for  lack  of  a  better  name,  has  been  called  the  Mr.  Cole, 
photo-pitometer.  This  instrument  combines,  upon  one  photographic 
diagram,  a  record  of  the  static  variations  within  the  pipe,  with  a  record 
of  the  U-tube  deflections,  the  latter,  of  necessity,  being  half-defiections 
as  shown  on  the  U-tube.  The  instrument  has  shown  itself  capable  of 
producing  a  good  continuous  record  upon  ordinary  Velox  paj^er, which 
is  convenient  for  this  use. 


TABLE  No.  69.— Ratios  of  Mean  to  Center  Velocity. 


Gallons  per  24 
hours. 


Mean  velocity. 


Center  velocity. 


Approximate 
ratio  of  mean  to 
center  velocity. 


4  ins 

17  "    

100  000 
200  000 

21  '• 

320  000 

4  ins 

237  000 

12  " 

404  000 

23  " 

540  000 

2  ins 

655  000 

5  '■ 

90O  000 

8  '• 

1  215  000 

1  in 

740  000 

1  110  000 

4  "■.;■.•.■.■.■.;■.::::: 

1  375  000 

1.79 
3.57 
3.92 


1.87 
3.17 
4.26 


i;53 


1.85 
3.85 
4.30 


1.85 
3.20 
4.43 


1..33 

2.07 
2.60 


0.95 
1.46 
1.85 


0.965 
0.93 
0.91 


1.01 
0.99 
0.96 


0.97 
0.91 
0.91 


0.86 
0.84 
0.83 


Notches,  in  the  slit  through  which  the  light  passes  on  its  way  to 
the  paper,  are  so  located  that  they  produce  horizontal  rulings  upon 
the  record,  corresponding  to  the  calibrated  deflections  taken  from  the 
curves.  The  combination  of  static-pressure  variation  with  velocity  is  a 
useful  feature  of  this  instrument,  as  it  aids  in  interpreting  the  cause 
of  any  given  variation  in  the  flow. 

During  the  winter  of  1900-1901,  the  writer  was  ably  assisted  by 
Messrs.  C.  B.  Burdick  and  T.  C.  Phillips,  to  whom  acknowledgments  are 
due  for  their  assistance  in  the  experimental  work,  and  to  John  A.  Cole, 
M.  Am.  Soc.  C.  E.,  for  providing  the  opportunity  for  these  interesting 
but  exijensive  studies. 

E.  E.  Haskelxi,  M.  Am.  Soc,  C.  E.  (by  letter). — The  authors  are  Mr.  Haskell, 
certainly  deserving  of  great  credit  for  the  great  number  of  new  data 
contained  in  this  valuable  paper.  A  feature  of  it  which  has  particu- 
larly appealed  to  the  writer  is  the  rating  of  the  Pitot  tubes,  this  being 
akin  to  the  rating  of  current  meters.  E.  C.  Murphy,  Assoc.  M.  Am. 
Soc.  C.  E.,  in  his  discussion  has  pointed  out  the  wide  range  of  values 
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Mr.  Haskell,  of  the  coeflScient,  M,  of  any  tube  when  rated  in  the  tank.  The  criticisni 
the  writer  would  oflfer  on  this  method  of  rating  is,  that  the  tube  had 
to  travel  a  curved  path,  and  that  the  volume  of  water  used,  or  cross- 
section  of  the  tank,  was  too  small. 

Believing  that  this  still-water  method,  which  is  generally  that  used 
in  rating  current  meters,  was  worthy  of  further  consideration,  the 
writer  obtained  permission  from  Major  W.  L.  Fisk,  Corps  of  Engineers, 
U.  S  A.,  M.  Am.  Soc.  0.  E.,  in  charge  of  the  United  States  Lake  Sur- 
vey, to  experiment  with  a  tube  in  connection  with  the  rating  of  some 
the  Survey  current  meters.  C.  "W.  Hubbell,  Assoc.  M.  Am,  Soc.  C.  E., 
Engineer  to  the  Board  of  Water  Commissioners  of  Detroit,  kindly 
loaned  Tube  A,  with  Gauge  No.  4,  used  by  the  authors,  and  it  was 
rated,  with  the  results  given  in  Table  No.  70. 


TABLE   No.    70. — Reduction   of   Obsekvations   of   Pitot   Tube 
Made  at  Detkoit,  Mich.,  August  14th,  1901. 


No.  and 
direction 
of  runs. 


(1) 


IS 

151 

2N 

136 

3S 

112 

4N 

93 

5S 

72 

6N 

80 

7S 

84 

8  N 

74 

9S 

140 

ION 

112 

lis 

216 

12  N 

185 

13  S 

286 

14N 

313 

15  S 

148 

16  N 

137 

irs 

92 

18  N 

94 

19S 

152 

20  N 

133 

21  S 

66 

22N 

23S 

117 

a4N 

107 

25S 

36N 

74 

Duration 
of  run,  in 
seconds. 


Velocity 
head,  In 
inches. 


1.03 
1.51 
1.98 
2.85 
4.56 
4.03 
3.51 

l!l5 
2.24 
0.49 
0.71 
0.27 
0.26 
1.10 
1.34 
2.85 
2.87 
1.07 
1.48 
5.29 
6.10 
1.90 
2.24 
6.(10 


U 

True 

velocity. 

in  feet 

per 
second. 

(4) 


1.99 
2.21 
2.68 

4!l7 
3.75 
3.57 
4.05 
2.14 


1.62 
1.05 
0.96 
2.03 
2.19 
3.26 
3.19 
1.97 
2.26 
4.55 
4.76 
2.56 


V 
"Velocity 
by  Pitot 
tube,  in 
feet  per 
second. 

(5) 


2.35 

2.85 
3.26 
3.91 
4.95 
4.65 
4.34 
5.09 
2.48 
3.47 

l!95 
1.20 
1.18 
2.43 
2.68 
3.91 
3.92 
2.40 

5!33 

5.72 
3.19 
3.47 
5.67 
5.11 


Ratio 

Coeffl 
cient  of 
Pitot 
tube. 

(6) 


— 

V"  Ratio 


0.847  ( 
0.775  f 

Q.M'i  I 
0.806  t' 
0.823  I 
0.796  ( 
0.863  I 
0.772  i" 
0.858  I 
0.831  f 
0.875  ( 
0.905  (■ 
0.835  I 
0.817 f 
0.8.34  I 
0.814  (" 
0.821  ) 
0.801  f 
0.854  / 

01803  ( 
0.807  ( 
0.8511 
0.875  i" 


for  pairs 
of  runs. 


(7) 


(8) 


-0.020 
—0.007 
-0.007 
—0.011 
—0.013 
+0.013 
+0.059 
—0.005 
-0.007 
—0.020 
+0.012 
—0.026 
+0.033 


(9) 


0. 000400 
0.000049 
0.000049 
0.000121 
0.000169 
0.000169 
0.003481 
0.000025 
0.000049 
0.000400 
0.000144 
0.000676 
0.1 


Probable  error  ( pairs  1  =  0. 


745  V- 


v: 


±0.004. 
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The  observations  for  this  rating  were  made  iu  the  canal  at  the  Mr.  Haskell. 
Detroit  Water- Works  by  drawing  the  tube  attached  to  a  boom  in  front 
of  a  rowboat  over  a  300-ft.  course,  at  velocities  varying  from  0.96  to 
4.84  ft.  per  second,  as  indicated  in  Column  4. 

The  canal  is  an  arm  of  the  Detroit  River,  running  approximately  at 
right  angles  to  it,  several  hundred  feet  long,  about  45  ft.  wide  and  14  ft. 
deep,  and  has  vertical  sides.  The  canal  is  open  to  the  river,  and  had  no 
current  in  it  except  that  caused  by  a  change  of  stage  of  water  in  the 
river,  which  was  perceptible  at  times  in  the  course  of  the  observations. 
To  eliminate  the  effect  of  this  current,  the  runs  were  made  alternately 
forward  and  back,  as  shown  in  Column  1.  For  a  guide  for  directing 
the  boat,  a  No.  12  telegraph  wire,  about  600  ft.  long,  was  stretched 
taut,  with  block  and  tackle,  over  the  center  line  of  the  canal,  about  2| 
ft.  above  the  surface  of  the  water.  A  fair-sized  rowboat,  of  good  model, 
was  fitted  with  a  guide  at  both  bow  and  stern  for  sliding  along  this 
wire,  and  also  with  a  boom  projecting  far  enough  over  the  bow,  so  that 
the  tube,  with  its  point  abo^^t  3  ft.  below  the  siirface  of  the  water,  could 
be  carried  in  a  vertical  position  about  6  ft.  in  front  of  the  boat.  The 
gauge  was  placed  in  a  vertical  jiosition  near  the  center  of  the  boat,  and 
was  convenient  for  the  observer  to  read.  The  base  of  300  ft.  was  marked 
off  by  wires  stretched  across  the  canal,  leaving  approximately  150  ft. 
at  either  end  for  obtaining  the  proper  speed  for  an  observation  and 
for  stopping  the  boat  after  the  run  was  completed.  The  two  water 
columns  of  the  gauge  were  read  at  intervals  of  about  5  seconds,  the 
number  of  readings  varying  from  12  to  60,  depending  upon  the  dura- 
tion of  the  run.  In  reducing  the  observations,  the  mean  of  the  read- 
ings taken  on  auy  one  run  was  taken  as  the  mean  velocity  head  for 
that  obsei'vation. 

Table  No.  70  gives  a  tabulation  of  the  runs,  their  respective  true 
velocities  U,  Pitot  tube  velocities  V,  the  tube  coeflBcient,  and  the  prob- 
able error,  considering  the  observations  combined  in  pairs. 

This  rating  is  also  shown  graiahically  in  Fig.  Ill,  the  point  C  indi- 
cating the  center  of  gravity  of  all  the  observations,  the  point  A  the 
center  of  gravity  of  the  observations  above  C,  and  the  point  B,  the 
center  of  gravity  of  the  observations  below  C.  The  point  C  falls  on 
the  straight  line,  B  A,  the  equation  of  which  is,  U—  1.199  F-f  0.545. 

The  observations  for  this  rating  were  made  by  Mr.  W.  Edward 
Wilson,  Recorder,  United  States  Lake  Survey,  practically  on  a  first 
trial.  The  result  is  very  gratifying,  and,  to  the  writer,  it  seems  to  be 
strong  evidence  of  the  value  of  this  method  of  rating. 

George  Y.  Wisner,  M.  Am.  Soc.  C.  E.,  in  his  discussion  of  this  paper, 
makes  some  very  pertinent  remarks  upon  this  subject  of  rating  tubes 
and  current  meters,  for,  generally  speaking,  the  writer's  experience 
with  current  meters  has  been  that  engineers  are  not  careful  enough 
upon  this  point,  nor  do  they  take  as  good  care  of  their  instruments  as 
they  should.     The  writer  cannot  share  Mr.  Wisuer's  views  in  regard  to 
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Mr.  Haskell,  the  rating  of  current  meters  in  still  water,  however,  and  submits  the 
following  observations  for  consideration.  In  June,  1890,  Direction- 
Current  Meter  No.  3,  belonging  to  the  Coast  and  Geodetic  Survey,  was 
rated  by  the  writer,  and  the  observations  with  their  reduction  are 
given  in  Table  No.  71.  This  rating  is  also  shown  graphically  in  Fig.  111. 
Shortly  after  this  rating,  a  test  for  accuracy  of  velocities  measured 
with  this  meter  was  made,  under  the  direction  of  Dr.  T.  C.  Mendenhall, 
then  Superintendent  of  the  Survey,  by  measuring  the  same  current 
with  it  and  with  floats.  This  test  was  made  in  Vineyard  Sound  from 
the  Coast  Survey  Steamer  Blake.  For  an  observation,  the  meter  was 
run  ten  minutes,  and  the  resulting  mean  velocity  was  compared  with 
the  mean  velocity  given  from  the  number  of  floats  that  could  be  run 
in  this  interval  of  time. 

TABLE  No.  71 — Reduction  of  Observations  for  Eating  DnjECTioN 
CuKKENT  Meter  No.  3;  Made  at  New  York,  N.  Y.,  June  10th,  1890. 


i. 

a 

1 

«a3 

li 

xy 

a;' 

»! 
1 

V. 

V  V. 

Remarks. 

■°2 

>  P, 

£  (h 

ft 

a 

3 

H 

11 -.^ 

a 
6 

118 

396.35 

0.505 

0.298 

0.150 

0.088 

0.495 

-fO.OlO 

0.0001 

Length       of 

126 

340.50 

0.587 

0..370 

0.217 

0.137 

0.571 

+0.016 

0.0003 

base  =  200 

134 

293.25 

0.683 

0.457 

0.312 

0.209 

0.663 

+0.020 

0.0004 

ft. 

151 

222.00 

0.901 

0.680 

0.613 

0.462 

0.894 

+0.007 
+0.019 

0.0000 

149 

219.00 

0.913 

0.680 

0  462 

0.894 

0.0004 

158 

214.75 

0.931 

0.736 

0:685 

0:542 

0.953 

-0.022 

0.0005 

Meter   5   ft. 

153 

212.50 

0.941 

0.720 

0  678 

0.51H 

+0.005 
-1-0.003 

0.0000 

in  front  of 

155 

203.00 

0.985 

0.764 

0.752 

0.584 

0.'983 

0.0000 

bow         of 

159 

201.00 

0  995 

0.791 

0.787 

1.010 

-0.015 

0.0n02 

boat  and  2 

163 

165.00 

1.213 

0.988 

1.197 

o!976 

1.216 

—0.004 

0.0000 

ft.    under 

170 

143.75 

1.391 

1.183 

1.645 

1.399 

1.419 

—0.028 

0.0008 

surface  of 

175 

97.50 

3.051 

1.837 

3.76s 

8.375 

2.103 

-0.051 

0.0026 

water. 

174 

2.1.33 

1.856 

3.959 

3.445 

2.133 

+0.011 

0.0001 

178 

88!  00 

2.273 

2.033 

4.597 

4.093 

2.296 

—0.023 

0.0005 

177 

79.00 

2.533 

2.241 

5.673 

5.023 

2.524 

+0.008 

0.0001 

179 

66.25 

3.019 

3.703 

8.157 

7.301 

3.005 

- -0.014 

0.0002 

178 

65.50 

3.053 

3.718 

8.398 

7.388 

3.022 

+0.031 

0.0010 

180 

58.00 

3.448 

3.104 

10.703 

9.635 

3.425 

+0  023 

0.0006 

183 

42.50 

4.706 

4.282 

30.152 

18.336 

4.654 

+0:052 

0.0027 

183 

41.50 

4.819 

4.410 

21.252 

19.448 

4.788 

+0.031 

0.0010 

184 

41.50 

4.819 

4.434 

21 .367 

19.660 

4.813 

+0.006 

0.0000 

185 

39.00 

5.138 

4.744 

24.326 

22.506 

5.137 

-0.009 

0.0001 

186 

37.50 

5.333 

4.960 

26.453 

24.602 

5.362 

-0.029 

0.0008 

187 

33.00 

6.061 

5.667 

34.. 343 

.33.115 

6.100 

—0.039 

0.0015 

187 

32.50 

6.154 

5.754 

35.408 

33.109 

6.191 

-0.037 

0.0014 

186 

37.50 

7.273 

6.764 

49.190 

45.752 

7.246 

+0.027 

0.0007 

187 

27.50 

7.273 

6.800 

49.455 

46.240 

7.283 

—0.010 

0.0001 

80.118 

71.963 

334.756 

308.030 

0.0161 

n  =  number  of  observations  =  37. 
2  (x=)  a  +  2  (.r)  6  =  2  (a;  y) 
2  (.r)  o  +  n  6  =  2  (y). 
The  resulting  equations  for  determining  a  and  6  are: 
30.030  a  +  71.963  6  =  334.756 
71.963  a +  27  6       =    80.118 
and  the  values,  with  their  probable  errors,  are: 
a  =  1.044  +  0.0115 
6  =  0.184  ±  0.0053. 
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Mr.  Haskell.        The  results  of  the  test  were  as  follows,  the  velocities  being  expressed 
in  feet  per  second. 

Float.  Meter. 

1.04 1.05 

1.29 1.28 

1.55 1.55 

1.94 1.96 

2.56 2.59 

2.65 2.64 

2.76 2.74 

2.80 2.82 

3.08 3.11 

Other  tests  might  be  offered,  but  this  one  is  probably  sufficient  for 
the  present  discussion. 

The  writer's  exiaerience  with  meters  of  the  propeller-wheel  type  has 
been  such  as  to  give  him  perfect  confidence  in  the  results  obtained 
with  them,  if  the  meters  have  been  used  by  a  careful  observer,  have 
been  carefully  rated  in  still  water  of  considerable  area  and  good  depth, 
and  have  been  well  cared  for.  He  firmly  believes  that  the  method  of 
still- water  rating  on  a  long  straight-away  course  will  be  found  well 
suited  to  the  Pitot  tube. 
Mr.  Fisher.  Wagek  Fishee,  Jun.  Am.  Soc.  C.  E.  (by  letter). — Mr.  Wisner 
raises  a  question  as  to  the  effect  of  capillarity  on  the  accuracy  of  differ- 
ential gauge  readings.     He  says : 

"  It  is  a  well-known  i^rinciple  that  capillarity  will  cause  water  in 
small  tubes  to  stand  higher  than  in  the  reservoir  with  which  connected. 
This  being  the  case,  at  what  diameter  of  tube  does  this  effect  become 
sufficient  to  affect  materially  the  results  of  the  observations?  " 

The  writer,  in  the  sisring  of  1899,  at  Cornell  University,  with  spe- 
cially designed  apparatus,  and  under  the  direction  of  Gardner  S.  Will- 
iams, M.  Am.  Soc.  C.  E.,  made  a  series  of  observations  on  tubes 
ranging  in  diarfleter  from  0.07  to  0.84  in.,  over  differences  in  head  from 
zero  to  2J  ft.  The  complete  data  are  on  file  with  the  College  of  Civil 
Engineering,  at  Ithaca,  N.  Y. 

The  exiJeriments  showed  that  in  measuring  changes  of  level  in  and 
between  reservoirs  of  glass  7|  ins.  and  5  ins.  in  diameter,  respectively, 
to  which  gariges  of  large  and  small  bore  were  connected  for  the  purpose, 
the  results  were  always  identical;  notwithstanding  the  fact  that  in  the 
small  tubes  cai^illarity  made  the  water  column  stand  as  much  as  |  in. 
above  its  source,  yet  any  difference  of  level  between  reservoirs  was 
represented  by  precisely  the  same  difference  between  the  gauge  read- 
ings on  the  water  columns  in  the  glass  tubes.  In  fact,  it  was  shown 
that  dirt  and  individual  peculiarities  of  tubes  jjrodiice  far  greater 
errors  than  any  supposed  errors  dtie  to  capillarity,  should  they  be 
discoverable. 

The  same  line  of  exi^eriments  was  extended  to  differential  gauges  in 
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wliicli  oil  was  used  to  magnify  tlie  difference  of  head,  and  pi'ecisely  Mr.  Fisher, 
similar  results  were  secured. 

As  to  the  accuracy  of  the  observations  made,  it  is  projjer  to  state 
that  a  cathetometer,  with  teleseojje,  reading  to  riroir  cm.,  was  used  to 
measure  the  heights  in  the  reservoirs  and  tubes. 

It  may  be  said,  therefore,  that  a  difference  of  head  of  1  ft.  indicated 
by  a  tube  having  an  interior  diameter  of  iV  in.  indicates  an  actual  differ- 
ence of  1  ft.  of  head  in  the  reservoir. 

Egbert  E.  Hoeton,  Esq.  (by  letter). — This  paper  constitutes  an  Mr.  Horton. 
important  contribution  to  the  technique  of  hydraulic  measurement. 
A  small  class  of  New  England  engineers  was,  i^erhaps,  familiar  with 
the  uses  of  the  Pitot  txibe  as  an  instrument  of  precision.  Most  of  the 
profession,  it  is  believed,  were  hitherto  inclined  to  look  upon  it  as  a 
scientific  toy.  Those  who  have  read  this  paper  may  differ  in  opinion  as 
to  the  range  of  legitimate  application  of  the  Pitot  tube  in  practice.  To 
the  writer,  its  scope  of  usefulness  seems  to  be  a  narrow  one,  in  fact,  is 
almost  limited  to  the  purpose  for  which  the  authors  of  the  paper  have 
applied  it, viz.,  determining  the  flow  in  j^ipe  lines  and  small  closed  con- 
duits or  penstocks,  in  cases  where  an  open-channel  measurement,  at 
either  end  of  the  condu.it,  by  weir,  curx-ent  meter,  or  other  means  is 
impracticable.  In  this  way,  it  may  be  applied  to  determining  the  fric- 
tion head  in  pipes  and  iienstocks,  or  the  loss  of  head  due  to  bends, 
specials,  or  gate-valves.  These  are  all  jooints  on  which  a  great  deal  of 
additional  information  is  desired. 

The  difficulties  attendant  ui:)on  the  use  of  the  Pitot  tube  are  very 
great,  as  has  been  clearly  set  forth  by  the  authors,  and  so  many  opera- 
tions are  required,  in  reducing  the  data,  as  to  discourage  its  use  in  all 
cases  where  simpler,  if  less  scientific  or  precise,  means  can  be  resorted 
to.  The  tube  "point  "  must  be  of  standard  form,  otherwise,  known 
calibration  coefficients  will  not  apply.  The  pipe  or  conduit  should  be 
of  precisely  equal  diameters  at  both  points  of  measuring  the  head. 
If  oil  is  used,  the  coefficients  for  reducing  the  tube  readings  are  not 
directly  proportional  to  the  specific  gravity  of  the  two  fluids  used,  but 
must  be  separately  determined  by  elaborate  exjaeriments.  The  use  of 
long  hose  conYiections,  esioecially  those  of  small  diameter,  is  undesir- 
able on  account  of  the  great  difficulty  of  becoming  perfectly  sure  that 
the  hose  and  connections  are  entirely  free  from  entrained  air. 

The  authors  deserve  great  credit  for  their  endeavor  to  place  before 
engineers  the  necessary  data  for  reducing  Pitot  tube  measurements 
when  made  under  suitable  or  standard  conditions.  They  have  made 
the  Pitot  tube  available  for  use  in  the  class  of  cases  above  described 
where  all  other  methods  fail. 

It  is  interesting  to  compare  the  Pitot  tube  with  the  current  meter; 
the  former  instrument  being  applicable  to  closed  and  the  latter  to  open 
channels. 
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1.  Both  are  used  to  determine  the  velocity  of  flow  in  a  large 
number  of  small  elements  of  the  cross-section  to  be  measured;  the 
volume  of  flow  being  obtained  by  summation  of  the  elementary  dis- 
charges. 

2.  The  current  meter  determines  the  existing  velocity  directly. 
The  Pitot  tube  indicates  the  head  produced  by,  or  required  to  produce 
the  existing  velocity. 

3.  The  ctirrent  meter  (of  the  "  Price  "  variety)  indicates  the  velocity 
of  flow  correctly  only  when  its  axis  is  parallel  to  the  thread  of  the  cur- 
rent.* The  Pitot  tube  indicates  the  statical  head,  or  statical  and 
velocity  heads  combined,  according  as  the  axis  of  the  orifice  is  normal 
to  or  parallel  with  the  flow  of  the  current. 

4.  The  current  meter  has  been  shown  to  give  different  results  when 
held  rigidly  in  the  current  than  when  allowed  freedom  to  move  in  one 
or  more  directions.  It  is  believed  that  the  rigidity  wdth  which  the 
Pitot  is  held,  especially  in  flowing  water  containing  swirls  or  impulses, 
will  affect  the  result  in  some  degree. 

5.  The  current  meter  indicates  the  velocity  of  the  passing  water 
regardless  of  its  direction  of  flow.  In  deep  or  turbid  water,  where  the 
meter  is  invisible,  a  direction  indicator  may  be  applied. f  In  cross- 
currents or  eddies  the  Pitot  tube  fails  to  indicate  correctly,  either  the 
direction  or  velocity  of  the  water.  This  appears  to  the  writer  to  con- 
stitute one  of  the  chief  difficulties  in  its  use. 

6.  The  authors  have  shown  the  rating  coefficient  of  the  Pitot  tube 
to  have  different  values  when  drawn  through  Still  water  and  when  cali- 
brated in  flowing  water.  Recent  exjjeriments  indicate  that  the  same 
may  be  true  of  the  current  meter.  Practically  all  flowing  water,  espe- 
cially in  small  pipes  and  channels,  apj)ears  to  contain  a  certain  amount 
of  what  might  be  termed,  "internal  motion,"  consisting  of  small 
swirls,  eddies  or  vortices.  The  effect  upon  an  instrument  inserted  to 
determine  the  velocity  has  been  described  as  being  what  would  result' 
if  the  water  moved  in  independent  "chunks."  When  rated  in  still 
water,  the  current  meter,  or  Pitot  tube,  does  not  encounter  these  swirls 
or  eddies. 

The  authors  conclude  that  the  transverse  curve  of  velocity  in  the 
pipes  upon  which  they  experimented  has  the  form  of  an  ellipse.  In 
this  connection,  it  may  be  well  to  consider  further  the  nature  and  effect 
of  the  so-called  internal  motion  of  the  water.  In  a  closed  pijie  or  con- 
duit, the  velocity  of  the  particles  around  the  circumference  is  retarded 
by  friction.  These  in  turn  retard  their  neighbors  next  inside,  and  so 
on  to  the  center  of  the  pipe  or  channel.  This  is  not  the  whole  story, 
however,  in  the  case  of  fluids  as  limpid  as  water,  as  may  be  demon- 
strated ocularly  by  jjlacing  aniline  dye  near  the  margin  of  a  small  stream 

*  Nineteenth  Annual  Report,  U.  S.  Geol.  Survey,  Part  4,  Hj'drography,  pp.  27  to  30, 
inclusive. 

t  Report  of  Chief  of  Engrs.,  U.  S.  Army,  1900,  p.  5333. 
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of  flowing  water.*  Little  groups  of  particles  near  the  border  are  dif-  Mr. 
ferentiated  from  the  mass;  at  the  same  time  they  are  carried  on  with 
it.  Their  motion  holds  them  together  in  what  might  be  termed  a 
dynamical  system,  namely,  a  "  vortex."  The  laws  of  motion  of  vortices 
were  investigated  by  Helmholtz,  who  showed  that  each  bears  a  definite 
burden  of  kinetic  energy,  abstracted,  in  this  case,  from  the  energy  of 
the  mass,  constituting  a  definite  loss  of  head.  The  vortex  may  be  car- 
ried on  a  considerable  distance  before  it  is  broken  \\i>  by  the  friction 
of  the  tiuid  jiarticles  themselves  and  its  energy  imparted  to  the  indi- 
vidual particles  and  converted  into  heat. 

In  a  highly  viscous  fluid,  the  generation  of  these  vortices  is  pre- 
vented  and    the    surface   retardation  is  transmitted  from    lamina  to 
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lamina,  growing  less  and  less  as  distance  from  the  border  increases. 
In  such  cases  it  is  i^ossible  that  the  law  of  inward  retardation  may  be 
such  that  the  equation  of  the  transverse  velocity  curve  might  be  defi- 
nitely determined.  In  the  case  of  water,  a  large  number  of  vertical 
velocity  curves  in  oj^en  streams  of  varying  depth,  velocity  and  character 
of  perimeter,  obtained  by  the  writer  by  means  of  the  current  meter, 
indicates  that  the  velocity  curve  may  vary  from  a  fiat  arc  to  an  equi- 
lateral hyperbola  having  as  its  asymj^totes  a  diameter  and  an  element 
of  the  channel  perimeter.  For  certain  sets  of  conditions,  the  curve 
will  closely  approach  a  parabola  or  a  semi-ellipse,  as  stated  by  the 

*  "  The  Character  of  Fluid  Motion,"  by  Professor  Hele-Shaw,  Proceedings,  Inst.  Naval 
Architects,  1898. 
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Mr.  Horton.  authors.      Either   curve  may  be   useful  as  a  working  hypothesis  in 
particular  cases. 

The  curve  in  Fig.  90  does  not  appear  to  represent  the  data  fairly 
inasmuch  as  a  large  majority  of  the  plotted  points  lie  above  the  line 
as  drawn.  The  line  drawn  is  not  a  smooth  curve,  but  has  a  sudden 
change  of  curvature  near  the  point  60  and  2-3.  It  is  a  question  whether 
the  data  would  not  be  represented  better  by  a  line  passing  through 
the  origin.  Furthermore,  the  upward  curve  at  the  foot  does  not  seem 
to  be  justified  by  the  plotted  points,  unless  it  is  desired  to  give  some 
weight  to  the  form  of  curve  adopted  by  earlier  experimenters.  In 
order  to  get  at  more  nearly  the  true  significance  of  the  data  per  se, 
Fig.  112  has  been  prepared,  using,  for  the  sake  of  uniformity,  the  data 
for  30-in.  i^ipes  only.  A  mean  ciirve  has  been  drawn  through  tlie 
plotted  points  by  judgment,  without  any  attemjit  at  determining  its 
position  mathematically.  Table  No.  72  will  give  some  idea  of  the 
relative  weight  of  the  plotted  j^oints,  as  stated  by  the  authors. 

TABLE  No.  72.— Data  foe  Curve  Excess  in  200  Ft.  of  30-In.  Pipe. 


Number. 

Description. 

Percentage 
of  excess. 

Remarks. 

J 

90.2 

61.5 

71.8 

119.5 

52.7 
33.0 

fd 

0 

3 

Second  large  compound 

5 

25-ft.  radius 

60 

15-ft  radius 

Corrected  for  specials. 

8 

10ft.  radius 

14 

5-ft  radius                            

This  curve  is  not  offered  as  a  substitute  for  that  given  by  the  authors. 
It  is  merely  designed  to  bring  out  more  clearly  the  character  of  the 
data  for  the  30-in.  pipes.  The  practical  conclusion  is  that,  taking  into 
consideration  the  greatest  relative  length  of  quadrantal  bends  of  large 
radius,  and  the  difference  in  smoothness,  if  any,  of  the  interior  surface 
of  bends,  compounds,  and  special  castings  as  compared  with  straight 
lengths,  the  resultant  excess  of  friction  head  over  a  straight  pipe  of 
the  given  length  increases  as  the  radius  and  length  of  the  bend 
increases.  The  data  do  not  appear  to  be  sufficiently  numerous  or 
concordant  to  enable  working  coefficients  to  be  taken  out  with 
precision. 
Mr.  White.  W.  M.  White,  Esq.  (by  letter). — This  paper  is  of  such  wide  scope 
and  varied  treatment  that  one  can  hardly  be  expected  to  discuss  intelli- 
gently all  its  important  features. 

The  authors  express  a  doubt  as  to  the  correct  theoretical  formula 
for  use  in  the  reduction  of  the  Pitot  tube  readings.     There  seems  to  be 
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quite  a  diversity  of  opinion  as  to  whether  the  formula  is  ??  =  \/  2  r/  Ju  '^'-  ^^'*6- 
according  to  the  velocity-head  theory,  or   whether  \i  is  v  =  \/  gh, 
according  to  the  impact  theory. 

In  a  paper,*  by  the  writer,  a  series  of  experiments  is  given  which 
seems  to  prove  clearly  that  the  theoretical  and  j^ractical  formula  is 
f  =  v'  ^^r/i  for  Pitot  tube  points.  The  experiments  show  that  velocity 
head  is  converted  into  static  head  exactly  according  to  the  law 
v=  \flgli,  whether  the  effect  of  the  impinging  jet  be  considered 
according  to  the  impact  theory  or  according  to  the  velocity-head 
theory. 

The  introduction  of  a  constant,  as  ?'  =  $  \/  Igh,  is  nearly  always 
necessary  on  account  of  some  suction  action  at  the  pressure,  or  side, 
openings  of  the  tube. 

The  authors  give  ample  evidence  that  the  ratings  of  some  Pitot 
tubes,  obtained  in  open  canals,  do  not  apply  when  the  tubes  are  used 
in  closed  conduits  under  pressure. 

There  can  be  only  two  causes  affecting  this  result,  when  the  cross- 
section  of  the  conduit  is  not  materially  affected  by  the  introduction  of 
the  tube :  First,  some  changes  in  the  law  for  the  conversion  of  velocity 
head  into  static  head  at  the  point,  due  to  the  inci-eased  jjressure;  or, 
second,  some  change  in  the  value  of  the  suction  action  at  the  pressure 
opening  due  to  the  increased  jiressure.  That  the  law  for  the  conversion 
of  velocity  head  into  static  head  can  be  affected  by  pressure  is  hardly 
conceivable,  because  the  pressure  at  the  point  is  increased  by  an  equal 
amount  in  all  directions.  The  suction  action  is  caused  by  irregularities 
of  the  tube  near  the  pressure  openings,  as,  for  instance,  in  Tube  No.  6, 
where  the  abrupt  curves  of  the  tube  at  the  pressure  openings  cause  a 
suction  action  equal  to  iO^o'  of  the  velocity  head  of  the  impinging  water. 
These  irregularities  distort  the  flow  of  the  water,  causing  it  to  take  a 
direction  away  from  the  ojienings.  This  flow,  striking  the  surrounding- 
water  with  constant  impact,  relieves  the  pressure  at  the  openings.  When 
the  pressure  of  the  surrounding  water  is  small,  the  effect  of  this  impact 
is  large,  comparatively.  "When  the  pressure  of  the  surrounding  wall 
of  water  is  increased,  the  effect  of  this  distorting  force  is  small,  com- 
j)aratively,  and  hence  changes  the  coefficient  of  the  tube. 

In  June,  1900,  the  writer  made  some  testsf  with  a  Pitot  tube  enclosed 
in  a  52-in.  jDipe.  The  pressure  within  the  pipe  was  a  little  less  thau 
atmospheric  pressure.  The  tube  was  worked  under  an  average  press- 
ure of  2  ft.  of  water.  The  side  of  the  pipe  was  tapped  for  a  static 
opening,  corresijonding  to  a  ring  piezometer  of  the  authors'  descrip- 
tion, and  a  pipe  led  to  the  Pitot  tube  gauge,  connecting  it  with  the 

*  Journal  of  the  Association  of  Engineering  Societies,  August,  1901. 
t  Journal  of  the  Association  of  Engineering  Societies,  October,  1900. 
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Ml-.  White,  point  aud  pressure  pipes.  The  point  and  static  readings  were  treated 
as  those  of  a  Pitot  tube  having  a  constant  of  unity,  and  the  constant 
of  the  point  and  pressure  was  calculated  to  be  0.856.  The  Pitot  tube 
was  afterward  calibrated  in  an  open  canal  under  a  head  of  2  ft. ,  and  its 
constant  was  determined  as  0.849.  That  is  to  say,  the  point  of  the 
Pitot  tube  converted  velocity  head  into  static  head  according  to  the 
law  V  =  0.993  s/  2  gh.  This  is  well  within  the  limits  accorded  to  the 
errors  of  observation.  An  examination  of  the  paper  will  show  the  same 
thing  when  those  tubes  having  points  which  are  surfaces  of  revolution 
are  considered  with  ring  openings  for  pressure  readings.  For  foiir 
observations,  the  constant  of  the  point  does  not  vary  from  unity  more 
than  3  per  cent.  In  fact,  a  traverse  in  the  2-in.  pipe  agrees  with  the 
writer's  deductions  within  one-half  of  1  per  cent.  Fi'om  this  it  apjiears 
to  be  clear  that  the  difference  of  the  ratings  in  open  canals  and  closed 
conduits  is  caused  by  some  action  at  the  pressure  openings  due  to 
increased  pressure. 

The  authors  have  brought  out  several  forms  of  tubes,  and  have  tested 
them  under  the  same  conditions.  The  most  instructive  tests  are  those 
made  in  the  2-in.  pipe  with  pressure  and  ring  j)iezometer  readings  for 
the  same  point.  A  study  of  the  tables  shows  that  those  points  having 
surfaces  of  revolution,  for  instance.  Tubes  Nos.  3  and  6,  convert  velocity 
head  into  static  head,  according  to  ?'  =  \/  2  gh.  Tubes  C,  D  and  E, 
having  points  which  are  not  surfaces  of  revolution,  do  not  always  give 
the  full  velocity  head,  as  shown  by  Table  No.  10. 

The  reason  for  this  is  not  far  to  seek.  In  Fig.  113  are  shown  the 
stream  lines  of  flow  and  the  curves  of  pressure  on  a  rectangular  plate. 
By  referring  to  these  it  is  seen  that  the  greatest  pressure  occurs  where 
the  velocity  of  flow  is  least.  Along  the  line  A  B  there  will  be  no  flow, 
and  the  pressure  will  be  a  maxi- 
mum. The  maximum  pressure 
that  can  be  obtained  is  equal  to 
the  velocity  head  of  the  flowing 
stream.  Oritices  placed  along 
the  line  A  B  will  give  the  maxi- 
mum jjressure;  but  orifices 
placed  at  Grand  i/will  not  give 
the  total  velocity  head,  because 
the  water  does  not  come  to  rest 
at  those  points.  It  appears,  from 
the  results  of  the  calibrations, 
that   the  orifices  of  Tubes  C,  D 

find  E,  were  not  placed  so  that  they  would  give  the  maximum  j^ressure 
obtainable,  because  the  constants  of  the  jaoints  are  slightly  greater 
than  unity.  In  a  circular  flat  plate,  Fig.  114,  there  will  be  only  one 
point,  where  there  can  be  placed  an  orifice  which  will  give  the  total 
velocity  head,  and  that  is  at  the  center. 
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There  will  be  a  jjoiut,  or  points,  in  any  j^lane 
surface  where  an  orifice  can  be  placed  so  that  it 
■will  give  the  full  velocity  head,  but  there  will  also 
be  many  other  points  in  the  same  plane  where  this 
will  not  be  the  case,  and,  consequently,  to  the 
writer,  it  seems  best  to  adopt  only  surfaces  of  revo- 
lution for  Pitot  tube  points. 

The  writer  bases  his  deductions,  of  the  stream- 
line flow  from  a  rectangular  i^late,  on  the  fol- 
lowing experiment  on  the  variation  of  pressure  on 
a  flat  circular  plate : 

For  this  exj^eriment  a  flat  circular  plate,  8  ins. 
in  diameter,  having  ten  sViii-  holes  spaced  along  ^'^   ^^^• 

a  diameter,  was  used.      These  holes  were  connected  by  nijaples  and 
rubber  tubing  to  vertical  glass  tubes,  as  shewn  in  Fig.  115. 

The  apparatus  was 
placed  over  the  side  of 
a  rowboat,  and  par- 
tially submerged.  As 
the  boat  was  driven  for- 
ward, water  rose  in  the 
glass  tubes,  due  to  the  ^r^-^=r-= 
impact  of  the  water  on  "^£IZ 
the  plate,  and  outlined  ~^ 

the  pressiire   curve,    as  -- 

shown  in  Figs.  114  and 
115. 

In  the  authors'  sum- 
mation at  the  end  of 
the  paper.  Conclusion  F,  is  given,  as  follows: 

"  The  demonstration  that  Pitot  tubes  must  have  their  coefficients 
determined,  whether  they  consist  of  a  point  opening  alone,  or  both 
point  and  pressure  openings." 

In  the  light  of  recent  experiments,  this  claim  must  fail,  in  so  far  as 
it  applies  to  points  having  surfaces  of  revolution;  but,  whatever  new 
points  may  be  brought  out  concerning  the  Pitot  tube,  the  fact  remains 
that  the  authors  used  the  tu.bes  at  their  disposal  in  such  a  manner  as 
to  obtain  correct  results. 

The  amount  of  painstaking  care  and  labor  devoted  to  the  calibration 
and  correction  of  the  instruments  used  in  these  experiments  is  marvel- 
ous. In  this  line  of  work  the  authors  have  set  a  high  standard  of 
excellence  which  is  well  worthy  of  emulation. 

A.  V.  Saph,  Assoc.  Am.  Soc.  C.  E.,  and  E.  W.  Schodek,  Jun.  Am.  Messrs.  Saph 
Soc.  C.  E.  (by  letter). — The  writers  became  associated  m  experimental  ^^'^  Schoder. 
hydraulics  ia  the  spring  of  1901,  while  pursuing  graduate  work  in  the 
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Messrs.  Saph  College  of  Civil  Engineering,  Cornell  "University.  Their  attention 
■  was  first  directed  toward  the  line  of  experimentation  herein  described 
by  Gardner  S.  Williams,  M.  Am.  Soc.  C.  E. ,  Engineer  in  Charge  of 
the  Hydraulic  Laboratory.  They  gladly  fell  in  with  his  suggestion 
to  utilize  certain  parts  of  the  laboratory  apparatus  which  were  well 
adapted  for  the  performance  of  accurate  experiments  along  the  same 
lines  as  those  dealt  with  in  the  paper. 

The  idea  of  the  writers,  at  the  beginning  of  the  work,  was  to  find 
out,  by  means  of  Pitot  tube  traverses,  in  what  manner  the  normal 
conditions  of  the  flow  of  water  in  pipes  were  altered  by  passage  around 
a  curve,  and  in  what  manner  the  altered  conditions  again  resumed  the 
normal  in  the  succeeding  tangent.  Along  with  this,  they  planned  to 
perform  comjarehensive  experiments  on  the  loss  of  head  due  to  180°' 
curves  of  various  radii. 


Genekai,  Description  of  Appaeatus  Used. 

The  experiments  were  made  on  a  system  of  2-in.  seamless- drawn 
brass  pipe,  the  plan  of  which  is  shown  in  Figs.  116,  117,  118  and  119, 
and  which  is  described  in  part  on  jiages  18  and  20  of  the  jsaper.  Four 
difi^erent  arrangements  are  shown,  but  the  gi'eater  j^art  of  the  work 
was  done  with  the  system  arranged  as  illustrated  in  Figs.  118  and  119. 
In  all  cases  the  up-stream  tangent  remained  the  same  for  a  distance  of 
58.146  ft.  from  the  P.  C.  of  the  curve,  while  changes  in  the  down- 
stream section  were  made  as  the  work  progressed,  and  a  better  knowl- 
edge of  conditions  was  gained. 

Description  of  Joints,  Piezometers  and  Gauges. — All  joints  were  made 
with  the  idea  of  obtaining,  as  nearly  as  jjossible,  a  continuous  pipe. 
The  pipe  ends  were  tiirned  off  squarely,  and  threaded  to  receive  the 
flanges.  The  threads  were  cut  off  near  the  ends  to  alloAv  adjustment. 
When  joining  two  jaipes,  one  of  two  abutting  ends  was  allowed  to 
project  beyond  its  flange,  while,  at  the  other  end,  the  flange  i^rojected 
beyond  the  end  of  the  pipe.  The  pipes  being  placed  in  position,  the 
flanges  were  bolted  and  the  pipes  screwed  to  a  tight  bearing.  The 
ridge  on  the  inside  at  the  junction  of  two  jjipes  was,  in  all  cases,  very 
small;  that  in  the  extreme  case  between  Cui-A-e  No.  6  and  the  tangents 
being  0.007  in.  In  a  number  of  piezometer  specials,  made  of  short 
pieces  of  pipe,  the  ridges  could  hardly  be  detected  by  the  finger  tips. 

The  piezometer  specials  used  are  illustrated  on  page  17,  and  are 
also  shown  in  Plate  IX,  Fig.  1.  The  latter  shows,  also,  an  air- 
chamber  connected  to  a  ring  jjiezometer,  Pitot  tube  G  in  position  in 
a  stuffing-box,  and  the  flanges  for  connection  with  the  pipes.  These 
flanges  are  the  same  as  those  mentioned  in  the  preceding  j^aragraph. 
The  gauges  (all  of  the  difi"erential  type),  and  the  hose  connections 
between  the  gauges  and  the  piezometers,  need  no  further  description 
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Messrs.  Saph  than  that  given  in  the  paper,  exceist  to  state  that  the  gauge  scale  nnit 
^'  in  all  cases  was  the  double  centimeter.     The  weighing  apparatus  has 
also  been  described  by  the  authors,  on  page  20. 

The  Curves. — Six  different  curves  were  experimented  upon.  They 
were  made  of  2-in.  seamless-drawn  brass  pipe,  bent  into  an  arc  of  180°. 
The  dimensions  of  these  curves  are  given  in  Table  No.  73.  Seven 
different  radii  were  measured  on  each  curve,  the  values  given  in  the 
table  being  the  means  of  these.  Two  inside  diameters  at  right  angles 
to  one  another  were  measured  at  each  end,  the  mean  of  the  four 
measurements  on  each  curve  being  taken  as  the  true  mean.  To  check 
this,  outside  caliperings  on  two  diameters  were  taken  at  seven  different 
sections  on  each  curve.  These  measurements  remained  quite  con- 
stant, and  it  was  judged  that  the  inside  diameter  was  the  same  for  all 
sections. 

TABLE  No.  73. 


(1) 

Number  of 
curve. 

(a) 

Radius,  in 
feet. 

(3) 

Radius,  in  pipe 
diameters. 

(4) 

Diameter,  in 
inches. 

(5).    • 

Length  from 
Piezometer  No.  2 

to  Piezometer 
No.  7,  in  feet. 

^ 

i;.3177 
0.9974 
0.8229 
0.7500 
0.6588 

9.582 
7.631 
5.771 
4.759 
4.327 

2.078 
2.077 
2.074 
2.075 
2.080 
2.060 

6.053 

3 

4.980 

3 

3.973 

4 

3.425 

5 

3.196 

6 

2.910 

Bosses  on  Curve  No.  1. — In  order  to  enter  Curve  No.  1  at  different 
points  with  a  Pitot  tube,  bosses  were  soldered  to  the  curve  at  six 
places,  as  shown  in  Fig.  120.  Bosses  Nos.  1  and  6  are  15°  from  the 
P.  C.  and  P.  T.,  respectively,  and  the  others  are  placed  at  intervals  of 
30  degrees.  The  construction  of  these  bosses  is  shown  in  Fig.  121. 
When  it  was  desired  to  insert  the  Pitot  tube,  the  plug  was  removed 
and  a  stuffing-box,  of  the  pattern  shown  in  Plate  IX,  Fig.  1,  was  in- 
serted. This  construction  allowed  horizontal  traverses  to  be  taken  at 
the  different  points  on  the  curve.  The  ends  of  the  plugs  were  care- 
fully ground,  so  that  when  screwed  into  place  they  fitted  the  inside  of 
the  curve  accurately. 


WoEK  WITH  Pitot  Tubes. 

Description  of  Tubes  Used. — The  first  portion  of  the  work  was  done 
with  Tube  E,  described  on  page  8,  and  illustrated  in  Fig.  4  and  Plate 
I,  and  also  in  Plate  IX,  Fig.  2.  Traverses  1  to  66,  inclusive,  were  made 
with  this  tube. 
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Later,  two  tubes,  F  aud  6r,  of  the  point  and  pressure  type,  were  Messrs.  Saph 
built.  They  are  as  nearly  alike  as  an  expert  mechanician  could  make 
them.  In  addition  to  the  two  side-i^ressure  openings,  seen  in  Plate  IX, 
Fig.  2,  there  is  a  third  opening  at  the  bottom  of  the  tube,  all  three 
openings  communicating,  through  a  small  hole  in  the  blade  of  the  tube, 
to  a  single  jiressure  connection  at  the  top.  Plate  IX,  Fig.  1  shows 
Tube  G,  the  stuffing-box,  and  the  hose  connections.  If  only  a  point 
and  pressure  traverse  was  taken,  the  ring  piezometer  was  not  used,  and 
the  point  and  pressure  connections  were  attached  to  a  double  instead 
of  a  triijle  gauge.  Traverses  67  to  148,  inchxsive,  were  made  with  Tubes 
F  and  G. 

3Ielhods  of  Observation. — In  making  a  traverse,  the  tube  was  set  on 
the  desired  point  and  carefully  aligned  by  means  of  the  jDointer  on  the 
stem.  Several  minutes  were  allowed  for  the  gauge  to  settle,  before 
commencing  readings.  In  general,  six  observations,  at  intervals  of  15 
to  30  seconds,  were  taken  on  each  jjoint,  an  observation  consisting  of  a 
reading  of  the  meniscus  in  each  column  of  the  gauge. 

Throughout  the  traverse  the  flow  was  kept  constant,  and,  at  inter- 
vals, the  discharge  was  diverted  to  the  weighing  tank,  the  time  being 
taken  with  an  ordinary  watch.  The  temperature  of  the  water  was 
taken  m  the  weighing  tank  with  an  accurate  thermometer,  immediately 
after  tilling. 

Before  the  beginning  and  after  the  end  of  each  traverse  the  zero  or 
level  readings  of  the  columns  were  recorded.  It  may  be  remarked  in 
passing  that  no  traverse  was  begun  with  an  initial  difference  of  more 
than  0.02  double  centimeter,  that  being,  in  the  writers'  opinion,  the 
limit  of  initial  error  allowable  in  laboratory  work,  a  greater  difference 
being  probably  due  to  the  presence  of  air,  or  to  leaks  in  the 
connections. 

Methods  of  Reduction. — In  reducing  weights  to  velocities  the  weight 
per  cubic  foot  of  water  was  taken  from  a  table,  given  by  the  late  Ham- 
ilton Smith,  Jr.,  M.  Am.  Soc,  C.  E. ,  for  distilled  water  at  various  tem- 
IJeratures.  It  had  been  determined  previously  that  the  specific  gravity 
of  the  water  used,  at  68''-'  Fahr. ,  was  identical,  to  the  fourth  decimal 
l^lace,  with  that  of  distilled  water  at  the  same  temperature. 

In  reducing  observed  heads  to  velocities,  the  latter  were  taken  from 
a  curve  plotted  according  to  the  relation  T'  =  V  2  </  h.  The  third 
place  was  gotten  by  estimation,  and  may  be  somewhat  in  error.  In  ob- 
taining the  mean  velocity  by  tube  at  any  cross-section,  it  was  assumed 
that  the  head  observed  at  any  point  acts  over  a  ring,  the  width  of 
which  is  the  distance  between  two  points,  and  which  extends  an  equal 
distance  on  each  side  of  the  point.  This  method  of  apiDi-oximation  gives 
results  about  0.8  of  \%  too  low  (i.  e.,  for  normal  flow).  The  method 
does  not  apply  in  cases  of  distorted,  unsymmetrical  flow,  as  will  be 
shown  later. 
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and  Schoder. 

The  evidence  of  148  Pitot-tube  traverses  shows  that  the  disturbance 
caused  by  a  smooth  curve  is  not  of  the  highly  complex  and  indefinite 
nature  ordinarily  ascribed  to  it.  The  point  of  maximum  velocity  is 
merely  shifted  toward  the  convex  side  of  the  pipe,  and  with  this  shift- 
ing there  is  of  necessity  a  variation  in  the  shape  of  the  velocity  "  con- 
tours. "  These,  in  normal  flow  in  straight  pipe,  are  concentric  circles. 
The  change  in  their  shape  after  passage  around  a  curve  is  admirably 
shown  in  Fig.  122.  Here  it  is  seen  that  the  maximum  velocity  is 
shifted  from  the  center  to  a  point  about  five-sevenths  of  the  radius  to- 
ward the  convex  side.  The  "  contours  "  are  no  longer  circles,  but  are 
flattened  out,  while  the  ends  are  forced  outward  toward  the  top  and 
bottom  and  back  toward  the  concave  side.  There  seems  to  be  a  pecu- 
liar combination  of  the  efforts  of  the  faster  moving  water  to  remain  in 
the  center,  its  normal  jsosition,  and  at  the  same  time  to  get  to  the  con- 
vex wall  of  the  curve.  As  might  have  been  expected,  there  is  sym- 
metry about  a  horizontal  plane  throiigh  the  axis  of  the  curve. 

The  experimental  evidence,  showing  how  this  final  distorted  condi- 
tion has  been  reached,  and  how  it  again  reaches  the  normal  condition, 
will  next  be  examined.  In  Fig.  124  are  plotted  eight  horizontal 
traverses;  one  just  up  stream  from  the  P.O.  of  Curve  No.  1,  six  in  the 
curve  itself,  and  one  just  down  stream  from  the  P.  T.  Table  No.  74 
gives  the  condensed  data  for  these  traverses.  The  traverses  are  plotted 
so  that  their  maxima  are  separated  by  a  distance  proportional  to  the 
distances  between  the  points  where  the  traverses  were  taken.  Then  a 
curve  is  sketched  through  the  points  of  maximum  velocity,  showing 
graphically  how  the  distortion  takes  place  in  passing  around  the  curve. 

It  will  be  seen  that  the  greater  part  of  the  distortion  has  taken 
place  between  1.5°  and  45°  from  the  P.T.  Now,  the  axis  and  the  con- 
cave side  of  the  up-stream  tangent,  when  prolonged,  cut  the  outer  wall 
of  the  ciu-ve  at  points  about  18°  and  26^,  respectively,  from  the  P.C.  It 
thus  appears  that  most  of  the  distortion  occurs  in  the  region  where  the 
stream  as  a  whole  is  first  being  deviated  from  its  former  direction.  It 
is  very  evident  that  there  is  little  change  in  the  second  quadrant  of  the 
curve.  The  flowing  water  has  already  accommodated  itself  to  the 
curvilinear  motion,  and  there  is  thereafter  a  similar  constancy  (under 
different  conditions,  of  course)  to  that  which  exists  in  the  flow  in 
straight  j^ipe. 

The  water,  having  passed  around  the  curve,  enters  the  down-stream 
tangent  under  the  fully  distorted  conditions  just  described.  But 
there  is  no  evidence  showing  a  reboimd,  or  the  existence  of  compli- 
cated eddies  or  spirals.  On  the  other  hand,  the  distortion  in  a  most 
gradual  manner  changes  back  to  normal  conditions,  and,  having  done 
so,  the  water  flows  on  as  though  no  curve  had  ever  changed  its  course. 
On  these  points  the  experimental  evidence  is  quite  conclusive. 
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Fig.  125,  in  which  the  traverses  are  plotted,  as  in  Fig.  124,  shows 
graphically  the  gradual  return  to  normal  conditions  in  the  down- 
stream tangent,  for  both  horizontal  and  vertical  traverses.  In  order 
to  get  traverses  as  nearly  horizontal  as  possible  it  was  necessary  to  use 
Traverses  18  and  45  by  Tube  £"  beyond  Curve  No.  1.  The  observed 
velocities  in  these  traverses  were  reduced  to  what  they  would  have 
been  if  Tube  F  had  been  used  with  point  and  pressure,  instead  of 
point  and  ring.  This,  however,  in  no  way  changes  the  approximate 
position  of  the  point  of  maximum  velocity.  The  occasional  apparent 
disregard  of  the  maximum  shown  by  the  plotted  traverses,  in  sketch- 
ing the  locus  of  the  maximum  velocity,  will  be  explained  presently. 

Further  evidence  of  this  gradual  return  is  exhibited  in  Table 
No.  75,  giving  the  essential  data  of  all  traverses. 

These  traverses,  both  horizontal  and  vertical,  show  the  gradual 
change  back  to  normal  conditions.  The  horizontal  traverses  show  the 
maximum  velocity  to  be  always  on  the  convex  side,  until,  at  a  distance 
of  31.400  ft.  (181  diameters)  from  the  P.  T.,  if  not  before,  the  flow  has 
become  symmetrical  and  remains  so  thereafter.  The  traverses  show 
the  same  general  distribution  of  velocities  for  all  mean  velocities  in 
the  range  of  the  experiments  (from  about  1  ft.  per  second  to  about  5 
ft.  per  second),  so  that  there  is  no  evidence  that  a  variation  of  velocity 
within  these  limits  affects  the  distance  through  which  distortion  ex- 
tends. A  peculiar  thing,  however,  is  noticed  concerning  the  jjoint 
and  i^ressure  traverses  made  with  Tubes  F  and  G,  in  which  a  slightly 
distorted  flow  is  indicated  where  normal  conditions  exist.  The  simul- 
taneous point  and  ring  traverses  show  symmetry,  while  point  and 
pressure  traverses  invariably  show  the  maximum  to  be  on  the  side  of 
the  center  away  from  the  entry.  This  result  is  due  to  the  effect  upon 
the  pressure  openings  of  the  disturbance  caused  by  the  presence  in 
the  pipe  of  the  tube  itself. 

The  effect  just  mentioned  is  of  much  importance.  The  design  of 
the  pressure  openings,  if  possible,  should  be  such  that  they  will  at  all 
times  communicate  a  pressure  bearing  a  constant  ratio  to  the  mean 
pressure  at  any  given  point.  As  to  what  constitutes  a  well-designed 
tube,  it  seems  certain  that  the  laressure  openings  should  be  symmetri- 
cally placed  about  the  axis  of  the  point  opening,  and,  moreover,  they 
should  be  so  placed  that  they  may  be  affected  as  nearly  equally  as 
possible  by  the  disturbances  set  up  by  the  passage  of  the  water  past 
the  end  of  the  tube.  These  two  considerations  would  indicate  that 
Tubes  F  and  G  are  not  of  the  best  design,  which  is  further  shown  by 
the  evidence  just  mentioned  regarding  their  peculiar  indications 
where  normal  flow  is  known  to  exist.  The  writers  made  a  traverse,  at 
at  a  point  58.30  ft.  down  stream  from  Curve  No.  1,  with  Tube  G,  the 
two  side-pressure  openings  having  been  closed  with  sealing  wax,  leav- 
ing only  the  bottom  opening.     The  point  and  pressure  traverse  showed 
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Messrs.  Saph  tlie  maximum  to  be  a  little  to  the  side  of  the  center,  away  from  the 
an  c  oc  er.  g^^^j.^^  while  the  point  and  ring  traverse  showed  normal  flow  with  the 
maximiim  at  the  center.  This  would  seem  to  indicate  that  the  pres- 
ence of  the  bottom  opening  was  the  cause  of  the  similar  action  of 
Tubes  F  and  G  with  all  three  openings  in  use.  However,  a  traverse 
made  with  Tube  C  (described  and  illustrated  in  the  paper),  showed 
the  same  effect,  only  much  exaggerated,  owing  to  the  larger  size  of 
the  tube  relatively  to  the  pijie.  In  this  tube  the  openings  are  sym- 
metrically placed,  but  they  are  situated  near  the  rear  of  the  cut-water 
blade,  and  close  to  the  end  of  the  tube.  Now,  if  the  tendency  of  the 
water  near  the  end  of  the  tube  to  flow  around  the  end,  rather  than 
flow  across  perpendicularly  to  the  blade,  is  diff"erent  at  difl"erent  points 
in  the  cross-section  of  the  flowing  water,  then  it  is  evident  that  these 
pressure  openings  will  not  give  uniform  indications. 

To  illustrate,  imagine  the  tube  on  a  point  beyond  center.  The  ten- 
dency of  the  water  to  flow  around  the  end  of  the  tube  is  opposed  by 
the  circumstance  that  the  water  beyond  the  end  is  moving  with  a  lower 
velocity  than  the  water  at  the  end.  Now  imagine  the  tube  drawn 
back  to  the  corresponding  point  on  the  entry  side  of  center.  Here, 
the  water  is  flowing  with  the  same  velocity  as  on  the  opposite  side; 
but  the  velocity  beyond  the  end  of  the  tube  is  now  greater  than  the 
velocity  at  the  end,  and  the  tendency  of  the  water  to  flow  around  is 
increased.  In  the  first  case,  the  velocity  past  the  pressure  openings 
is  increased,  and  the  pressure,  therefore,  is  lowered,  giving  a  greater 
observed  diff"erence  of  head  between  the  point  and  pressure  columns 
of  the  gauge  In  the  second  case,  the  velocity  past  the  pressure 
openings  is  decreased,  and  the  pressure  increased,  giving  a  smaller 
observed  diff'erence  between  point  and  pressure.  These  effects,  of 
course,  are  smaller,  for  the  same  tube,  in  a  large  pipe  than  in  a  small 
one,  because,  in  a  given  distance,  there  is  less  change  of  velocity.  In 
addition  to  this  effect,  the  velocity  past  the  pressure  openings  is 
slightly  higher  on  the  side  opposite  the  entry  than  on  the  correspond- 
ing point  on  the  side  next  to  the  entry,  because  the  area  of  the  cross- 
section  is  less,  owing  to  the  greater  area  of  the  tube  in  the  pipe.  This 
last  effect  becomes  quite  pronounced  for  large  tubes  m  a  small  pipe. 

For  the  foregoing  reasons,  then,  it  is  seen  that  the  conditions  actu- 
ally existing  in  this  pipe  are  not  correctly  represented  by  point  and 
pressure  traverses.  The  apparent  maximum  is  shifted  away  from  its 
true  position  toward  the  side  opposite  the  entry.  In  Fig.  125  the  effect 
of  Tubes  i^and  G  has  therefore  been  considered  in  sketching  the  locus 
of  the  position  of  maximum  velocity. 

Effects  of  Curves  of  Different  Radius. — The  traverses  made  beyond 
Curves  Nos.  1  and  6  showed  the  same  general  distorted  conditions. 
This,  together  with  the  evidence  of  the  traverses  in  Curve  No.  1,  show- 
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DISCUSSION    ON    FLOW    OF   WATER   IN    PIPES.  Hll 

ine:  that  the  full  distortion  is  reached  in  the  first  quadrant,  rendered  Messrs  Saph 
&  and  Schoder. 

Pitot-tube  experiments  on  the  curves  of  intermediate  radius  unneces- 
sary. The  loss-of-head  experiments,  which  will  be  discussed  later,  fur- 
nish additional  evidence  regarding  the  similarity  of  effect  of  the  curves 
of  dilfei-ent  radii. 

The  Pitot  Tube  as  a  3/e/er.— Thus  far,  all  that  has  been  said  con- 
cerns only  the  relative  indications  of  the  Pitot  tube.  However,  the 
numerous  traverses,  mostly  in  cases  of  distorted  flow,  are  also  of 
value  in  indicating  the  action  of  the  tube  as  a  meter  in  such  cases. 

In  order  to  use  a  traverse  on  a  single  diameter,  to  correctly  meas- 
ure the  flow  in  the  whole  cross-section,  it  is  necessary  to  know  the 
manner  of  the  distribution  of  velocities  throughout  the  whole  cross- 
section.  In  normal  flow  the  conditions  are  the  same  for  every  diam- 
eter, and  the  matter  of  gauging  the  flow  becomes  quite  simple.  It  is 
only  necessary  to  apj^ly  the  proper  factors  to  each  of  the  velocities 
deduced  from  the  observed  heads  along  any  diameter.  In  cases  of 
distorted  flow  the  same  factors  cannot  be  used,  and  the  determination 
of  the  proper  ones  involves,  as  just  mentioned,  a  knowledge  of  the 
conditions  throughout  the  cross-section. 

Fig.  123  shows  the  variation  of  velocities  around  the  circumferences 
of  concentric  circles  under  the  distorted  conditions  shown  in  Fig.  122. 
The  true  mean  velocity  for  each  circle  was  gotten  by  apjilying  a  plani- 
meter  to  the  area  bounded  by  the  base  line  (or  rectified  circumference), 
the  end  ordinates  and  the  velocity  curve.  The  area  thus  obtained  was 
divided  by  the  length  of  the  base,  to  get  the  height  of  the  mean- 
velocity  ordinate.  The  graphical  interpretation  of  the  mean-velocity 
line  is  that  the  area  above  it,  and  boiinded  by  it  and  the  curve,  is 
equal  to  the  areas  below  it,  and  bounded  by  it,  the  end  ordinates  pro- 
longed and  the  curve.     These  areas  are  shaded  in  Fig.  123. 

The  error  introduced  by  assuming  that  the  mean  of  two  velocities 
at  points  equi-distant  from  and  on  opposite  sides  of  the  center  is  the 
mean  velocity  for  the  circle  passing  through  these  points  is  clearly 
shown  in  the  diagram.  Invariably,  the  points  on  the  vertical  diam- 
eter give  too  high  a  mean  velocity,  while  the  points  on  the  horizontal 
diameter,  or  the  mean  of  four  j)oints  on  both  diameters,  give  too  low 
a  mean  velocity.  It  is  a  curious  fact  that  the  observations  on  a  diam- 
eter 30^  above  or  below  the  horizontal  may  be  treated  as  though  the 
flow  were  symmetrical,  and  will  give  the  discharge  as  accurately  as 
though  such  were  the  case.  Whether  this  is  of  general  application  or 
not,  the  writers  will  not  venture  to  say. 

It  is  evident,  then,  that  the  ratios  ^=—  given  in  Tables  Nos.  74  and 

75  are  incorrect  for  the  whole  cross-section,  except  in  cases  of  sym- 
metrical flow.  These  ratios  have  been  worked  out  in  order  to  examine 
the  range  of    resulting  error,   and   the  wide  variation  of  the  ratios 
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Messrs.  Saph  among  themselves  would  of  itself  have  been  sufficient  cause  to  ques- 
■  tion  the  validity  of  using  such  a  method  of  reditction  to  obtain  the  true 
discharge. 

Considering  the  traverses  -where  nearly  symmetrical  flow  existed^ 
the  ratios  of  the  mean  velocity  by  tube  to  the  mean  by  weight,  and  the 
ratio  of  mean  by  tube  to  maximum  bj  tube,  seem  to  indicate  that  the 
latter  part  of  the  aiithors'  Conclusion  B  and  their  Conclusion  G  are 
conservative  statements  regarding  the  accuracy  of  the  Pitot  tube  as  a 
meter  in  cases  of  symmetrical  flow. 

Comparison  of  Conditions  of  Floio  in  Small  and  Large  Pipes. — All 
the  traverses  made  by  the  writers  under  normal-flow  conditions  show 
an  approximately  elliptical  velocity  distribution.  The  average  ratio 
of  the  mean  velocity  to  the  maximum  obtained  by  the  writers  from 
their  normal  flow  traverses  is  0.827,  somewhat  lower  than  the  ratio 
given  in  Conclusion  G  of  the  paper.  This  ratio  agrees  well  with  that 
obtained  by  the  authors  for  the  same  size  and  kind  of  pipe.  Their 
value  is  0.8139,  given  in  Table  No.  4.  This  latter  value  is  obtained 
from  a  combination  of  a  few  traverses  by  each  of  four  tubes,  and,  in 
the  writers'  opinion,  is  not  as  reliable  as  the  value  0.827  which  was  ob- 
tained from  nearly  four  times  as  many  experiments  more  consistent 
among  themselves. 

In  distorted  flow  caused  by  curves,  Figs.  11  and  12  show  the  distri- 
bution of  velocities  at  points  aboiit  4  and  10  diameters,  respectively, 
down  stream  from  40-ft.  and  15-ft.  radius  90°  ciirves.  There  is  a 
remarkable  similarity  between  these  and  the  horizontal  traverses  by 
the  writers  at  corresponding  points  down  stream  from  Curves  Nos.  1 
and  6,  shown  in  Fig.  125.  It  must  be  remembered  that  where 
the  entry  is  not  exactly  horizontal  the  traverse  will  show  peculiarities 
due  to  the  lack  of  symmetry  of  the  velocity  distribution  about 
a  vertical.  A  glance  at  Fig.  122  Avill  render  this  more  apparent.  Thus 
it  seemsto  be  entirely  in  accord  with  experimental  evidence  to  say  that 
the  general  nature  of  the  distortion  due  to  curves  is  the  same,  whether 
we  are  dealing  with  a  2-in.  or  a  30-in.  pipe.  The  matter  of  the  loss  of 
head,  however,  seems  to  depend  on  other  factors  than  the  relative  dis- 
tortion.    It  will  be  considered  next. 

Experiments  on  Loss  op  Head. 

For  the  loss-of-head  experiments  the  system  of  pipes  and  piezom- 
eters was  arranged  as  shown  in  Fig.  119.  The  only  change  neces- 
sary was  the  substitution  of  the  diff"erent  curves,  descriptions  and 
measurements  of  which  have  already  been  given.  The  losses  of  head 
were  measured  in  nine  difi"erent  sections:  AB,  BC,  CI,  GF,  FG,  BJ,  IJ, 
GH  and  HI.  Observations  were  taken  on  four  sections  at  a  time,  and 
the  sets  of  simultaneous  observations  for  a  particular  velocity  consti- 
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tute  what  is  called  an  experiment.     Thus,  in  Table  No.  76  (Plate  X)  Messrs.  Saph 
the  same   number  will  be  found   under   four   sections  for  the  same 
curve.     All  heads  were  measured  in  water. 

Methothof  OhservatiGu. — The  same  i^recautions  were  taken  to  have 
the  gauges  in  perfect  working  order  as  in  the  Pitot-tube  work.  Each 
velocity  was  maintained  for  a  period  of  from  15  to  20  minutes,  and, 
during  this  time,  the  gauges  were  read  from  twenty  to  sixty  times. 

Two  different  methods  of  reading  were  used.  One  of  the  writers 
preferred  to  watch  closely  the  vibrations  of  the  menisci  for  a  short 
time,  and  to  set  the  riders  on  what  he  judged  to  be  the  mean  position. 
The  other  preferred  to  take  readings  on  the  successive  maxima  and 
minima,  and  considered  that  the  average  of  a  large  number  of  read- 
ings so  taken  would  give  the  true  mean.  These  two  methods,  how- 
ever, give  substantially  the  same  results,  as  may  be  seen  by  summing 
the  observed  heads  on  Sections  BC,  CI  and  /./,  which  should  give  the 
same  value  as  the  observed  head  on  Section  BJ.  The  differences 
are  so  small  as  to  be  negligible.  It  may  be  stated,  in  addition,  that 
two  of  the  gauges  had  glass  tubes  of  large  diameter  (1  in.),  and 
two  had  tubes  of  small  diameter  (|  in.).  Hence  the  vibrations  were 
not  of  the  same  magnitude.  The  fact  that  the  results  checked  so 
closely  would  indicate  that  the  size  of  the  glass  tubes  is  not  a  vital 
matter.  Nor  does  the  length  of  the  connecting  hose  seem  to  make 
any  difference,  the  lengths  used  varying  from  10  to  60  ft. 

In  general,  two  weights  were  taken  for  each  experiment,  one  by  each 
of  the  writers,  and  these  were  averaged  unless  there  was  a  greater  dif- 
ference than  about  ^  of  1  per  cent.  In  the  latter  event  the  gauge  read- 
ings were  consulted,  to  find  whether  these  showed  a  corresponding 
change.  If  no  change  was  found  a  check  weight  was  taken  before 
altering  the  flow.  The  average  variation  of  the  weights  was  less  than 
i  of  1  per  cent. 

Method  of  Reduction. — The  method  of  reducing  the  weights  to 
velocities  was  essentially  the  same  as  for  the  Pitot-tube  work.  The 
mean  diameters  used  in  the  reduction  are  given  in  Table  No.  76  (Plate 
X).  These  were  obtained  from  the  measured  diameters  of  pijoes  given 
in  Figs.  116,  117,  118  and  119,  each  diameter  being  allowed  to  influence 
the  result  in  proportion  to  the  corresjjonding  length  of  pij^e. 

Temx>erature  Effect,  and  the  Corrections  for  it. — Other  experiments 
performed  by  the  writers  on  2-in.  brass  pipe  have  shown  that  the  efi"ect 
of  temperature  on  loss  of  head  is  a  very  imj^ortant  factor.  This  effect 
has  been  pointed  out  by  foreign  experimenters,  especially  Hagen,  but 
generally  it  has  been  overlooked  or  disregarded. 

In  the  experiments  to  be  described  the  range  of  temperature  was 
only  7°  Fahr.,  but  this  range  is  enough  to  introduce  effects  which  are 
far  from  negligible.  In  Fig.  126  the  observed  losses  in  Section  //were 
plotted  as   ordinates,  with   the  corresponding  velocities,    in  feet  per 
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Messrs.  Saph  second,  raised  to  tlie  power  1.75,  as  abscissas.  This  power  of  the 
■  velocity  was  used  because  it  had  been  found  previously  that  the  law  for 
the  loss  of  lead  in  this  pipe  could  be  expressed  api^roximately  by  the 
formula//,  =  ?»  F'-'l  The  effect  of  temperature,  the  degrees  Fah- 
renheit being  marked  on  each  observation  jalotted,  is  quite  clearly 
shown. 

For  any  particular  temperature,  the  points  lie  apjiroximately  on  a 
straight  line.  The  points  for  52^  and  also  those  for  59°  were  connected 
by  short  lines,  and  a  number  of  the  dififerences  in  ordinates  were 
scaled  oflf.  These  differences  were  divided  by  the  corresponding- 
heads  and  by  7,  the  temperature  difference.  These  values  were  then 
averaged,  giving  a  correction  of  0.00366  of  a  gauge-scale  unit  for  each 
unit  of  head  and  degree  of  temperature.  The  correction  applied  in 
each  case  was  that  necessary  to  bring  all  the  observations  to  a  common 
basis  of  56-  Fahr.  There  is.  of  course,  a  slight  error  introduced  in 
assuming  that  for  a  particular  head  the  correction  per  degree  for  dif- 
ferent temi:)eratures  is  the  same.  For  the  small  range  of  temperatures 
in  these  experiments  this  error  is  inapjireciable. 

The  writers  are  at  the  present  time  conducting  a  series  of  experi- 
ments in  which  the  effect  of  temperature  on  loss  of  head  is  being 
more  fully  investigated. 

Plotting  of  Residts. — All  the  essential  data  in  connection  with  these 
exj)eriments  are  contained  in  Table  No.  76  (Plate  X).  From  a  plotting 
of  these  data  on  logarithmic  paper  it  was  found  that  the  points  for 
Section  AB  lie  on  a  straight  line,  which  indicates  that  the  law  for  the 
loss  of  head  in  straight  pipe  under  normal  conditions  can  be  repre- 
sented by  the  formula  H^  =  m  F',  where,  as  shown  in  the  paper,  7»  is 
the  slope  of  the  line,  and  log.  7n  is  the  intercept  on  the  ?/-axis.  The 
origin  is  the  point  for  which  //,.  =  1  and  F=  1. 

The  line  for  Section  AB  had  the  slope  n  =  1.759,  as  nearly  as  could 
be  scaled  from  the  logarithmic  plotting,  and  m  =  2.29;  however,  when 
the  heads  were  plotted  as  ordinates  on  ordinary  cross-section  23aper, 
with  the  values  of  F-'^-'  as  abscissas,  the  more  accurate  value,  2.296, 
was  obtained  for  m.  This  value  has  been  adojjted.  Hence  the  formula 
for  the  loss  of  head  in  a  straight  section  of  2.090-in.  brass  pipe, 
under  normal  conditions  of  flow,  for  a  temperature  of  56°  Fahr.,  maybe 
reijresented  by  the  expression,  i7,  =  2.296  F'-'"",  where  H.is  in  double 
centimeters  and  F  is  in  feet  per  second,  and  where  the  length  of  the 
pipe  is  57.496  ft.,  the  length  of  Section  AB;  or  H'„  in  feet  per  1  000  ft. 
of  length,  =2.62  V^''^^ 

The  same  value  for  n  was  found  to  hold  for  Section  I  J,  and  the 
fact  that  all  the  points,  even  for  the  different  curves,  fell  nearly  in 
straight  lines  indicates  that  there  is  very  little,  if  any,  effect,  due  to 
the  curves,  on  the  law  of  flow  in  that  section.  This  question  will  be 
further  considered  presently.     Section  5  J,  which  includes  the  curves, 
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Messrs  Saph  also  gave  straight  lines  ai^proximately  parallel  to  the  line  for  Section 
A  B.  The  plotted  points  for  the  other  sections  seemed,  in  a  general 
way,  to  lie  on  lines  with  approximately  the  same  slope  as  Section  A  By 
bnt  they  showed  considerable  irregularity,  which  was  quite  pronounced 
for  the  lower  velocities.  These  irregularities  may  be  partly  due  to 
errors  in  reading  small  heads,  where  an  error  quite  small  in  itself 
becomes  relatively  large  in  plotting.  It  will  be  seen  also  that  the 
points  which  show  such  irregularities  were  plotted  on  a  part  of  the 
logarithmic  paper  where  a  small  error  is  greatly  magnified  owing  to 
the  distorted  scale. 

Excesses  of  Loss  of  Head  due  to  Curves. — The  losses  which  would 
occur  in  a  straight  pipe,  equal  in  length  to  the  length  of  Section  B  J, 
under  normal  conditions,  were  calculated  from  the  relation, 

/7,  =  2.296F'--    X  length  of  ^/ 
•'  length  of  A  B' 

the  different  lengths  of  B  ./being  taken  from  Table  No.  76.  The  re- 
sulting values  are  given  in  Table  No.  77,  which  also  contains  the 
observed  losses  on  Section  B  J  after  being  corrected  for  temperature, 
and  the  excess  losses  over  A  B  for  equal  length,  obtained  by  sub- 
traction. This  table  gives  also  the  excesses  for  Section  /./over  A  B 
for  equal  length. 

The  reason  for  taking  Section  B  J,  in  calculating  the  total  excess 
loss  of  head  due  to  the  curves,  is  that  the  conditions  were  known  to  be 
normal  at  both  ends  of  this  section.  All  the  piezometers  between  the 
piezometer  at  /  and  the  P.  T.  of  the  curves  give  incorrect  indica- 
tions, because  the  flow  has  not  yet  become  normal  at  the  places  where 
they  are  located.     This  matter  will  be  considered  more  fully,  later. 

The  excesses  for  Section  /J,  given  in  Table  No.  76,  are  found  to  be 
negative  in  most  cases.  This  indicates  that  the  distortion  due  to  the 
curves  has  not  entirely  disappeared  at  /,  a  distance  of  21.275  ft.,  or 
102  diameters,  down  stream  from  the  P.  T.  These  negative  values, 
moreover,  show  that  the  effect  due  to  the  curves  is  of  such  a  natu.re  as 
to  cause  a  ring  jjiezometer  to  communicate  a  lower  i^ressure  than  it 
would  communicate  under  normal  conditions  of  flow. 

The  fact  that  the  conditions  of  flow  were  not  entirely  normal  in 
Section  /  J,  the  observed  losses  in  which  were  used  to  determine  the 
correction  for  temperature,  gave  rise  to  the  suspicion  that  the  differ- 
ences shown  in  Fig.  126  might  be  due  partly  to  the  effect  of  the  curves, 
especially  as  the  temperature  was  fairly  constant  for  the  experiments 
on  this  section  for  any  particular  curve.  Accordingly,  the  observed 
heads  for  Section /./were  corrected  by  these  excesses.  Fig.  127  shows 
the  plotting  of  these  finally  corrected  heads,  using  also  the  more  accu- 
rate values  obtained  from  the  expression  F'-"^^  It  will  be  seen  that 
this  final  correction  of  observed  heads,  as  obtained  by  this  method, 
which  is  really  one  of  successive  approximations,  reduces  Section  // 
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to  the  basis  of  entirely  normal  conditions,  retaining,  however,  the  Messrs.  Saph 
observed  temperatures.     The  temperature  correction  determined  from  *°     ^^°  ^^' 
Fig.  127  is  0.00355  of  a  double  centimeter,  instead  of  0.00366,  as  pre- 
viously determined  from  Fig.  126.     However,  no  revision  of  observa- 
tions was  necessary,  the  corrections  which  woiild  be  introduced  being 
quite  inapiDreciable. 

Action  of  Piezometers  under  Distorted  Conditioiis. — In  order  to  show 
clearly  how  piezometers  act  when  the  conditions  are  abnormal,  Table 
No.  78  has  been  prepared.  The  losses  of  head,  which  would  be  indi- 
cated by  each  of  the  different  piezometers  down  stream  from  the  P.  T. 
of  the  curves,  when  taken  in  connection  with  the  piezometer  at  B,  were 
obtained  by  using  some  of  the  observations  directly  and  making  such 
changes  in  others  as  to  bring  them  to  a  "simultaneous  observation" 
basis.  Sections  i?  ./and  i>  C  were  taken  as  observed,  and  Section  B  I 
was  obtained  by  subtracting  I J  from  B  J.  The  observed  losses  in 
C  F,  F  G  and  G  H  were  reduced  in  jjroportion  to  the  1.75th  power  of 
the  ratio  between  the  observed  velocities  and  the  adojited  velocities 
for  comparison.  The  resulting  values  have  only  to  be  combined  by 
direct  addition  to  get  the  values  as  given  in  Table  No.  78. 

The  losses  for  the  corresponding  lengths  of  straight  pipe,  under 
normal  conditions,  were  calculated  as  before.  By  subtraction,  the 
excess  loss,  as  indicated  by  any  particular  piezometer  in  connection 
with  a  common  piezometer  at  B,  is  found. 

All  the  excesses  thus  obtained  are  seen  to  be  greater  than  the  true 
excesses  given  in  Table  No.  77.  This  shows  that  every  j)iezometer 
within  the  region  of  distorted  flow  gives  too  low  an  indication.  And 
if,  as  seems  reasonable,  the  true  excess  loss  due  to  the  curves  has  been 
accumulating  throughout  the  whole  region  of  distorted  flow,  then  it  is 
evident  that  the  piezometer  nearest  the  P.  T.  gives  the  most  incorrect 
indications,  for  there  is  a  remarkable  constancy  in  the  excesses  indicated 
by  piezometers  situated  anywhere  in  the  region  of  distortion.  Until 
the  flow  has  become  entirely  normal,  however,  piezometric  indications 
give  misleading  results.  These,  in  some  cases  in  the  writers'  experi- 
ments, amount  to  an  indicated  excess  hO%  above  the  true  excess. 

The  Detroit  Experiments. — It  seems  reasonable  to  expect  that  curve 
effects  in  large  pipe  extend  as  far  as  in  small  pipe,  if  not  farther. 
Now,  the  writers'  experiments  show,  beyond  any  question,  that  condi- 
tions are  not  yet  normal  at  a  distance  of  100  diameters  down  stream 
from  a  ciirve.*  While  Pitot-tube  traverses  at  a  distance  of  181  diam- 
eters down  stream  from  Curve  No.  1  appeared  to  be  symmetrical,  yet 
the  coefficient  of  Tube  G,  obtained  from  these  traverses,  is  lower  than  in 
cases  of  normal  flow  at  B  and  J.     From  this  it  is  judged  that  a  distance 

*  Experiments  by  Messrs.  A.  Adams  and  W.  E.  Wilson  in  The  ColleKe  of  Civil  Engi  - 
neering,  Cornell  University  (see  next  discussion,  p.  335),  have  shown  that  the  effect  ot  a 
reducer  contraction  dies  out  between  17  and  35  diameters  down  stream.  M.  Bazin's 
experiments  on  32-in.  pipe  show  that  the  effects  of  an  entrance  contraction  practically 
disappear  between  25  and  50  diameters  down  stream. 
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Messrs.  Saph  of  at  least  200  diameters  of  dowu-stream  tangent  is  required  before 
■  piezometric  indications  become  reliable.     It  thus  appears  that  most 
of  the  authors'  values  for  excess  loss  of  head  due  to  curves  are  too 
high. 

TABLE  No.  78. 
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The  points  which  have  the  most  influence  in  determining  the  form 
of  the' curve  given  by  the  authors  in  Fig.  90,  are  those  obtained  from 
30-in.  pipe.  Concerning  these  30-in.  curves,  a  reference  to  Fig.  23 
will  show  that  not  only  are  the  down-stream  piezometers  too  close  to 
the  curves,  but  that  the  up-stream  piezometer  is  in  most  cases  aifected 
by  the  preceding  curve.  The  effect  is  to  make  both  i^iezometers  read 
low,  but  by  different  amounts. 

For  these  curves,  the  basis  of  calculation  seems  to  be  wrong.  The 
excesses  were  compared  to  the  loss  in  the  preceding  tangent,  except 
in  two  cases  where  the  mean  of  the  following  tangent  and  the  second 
preceding  tangent  was  taken,  all  of  which  are  probably  too  low.  This 
means  that  the  percentage  excesses  obtained  are  too  high. 
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The  high  losses  which  were  obtained  iu  curve  sections  affected  by  Messrs.  Saph 
preceding  curves  may  be  due,  also,  in  large  part,  to  the  fact  that  there 
is  in  every  case  a  reversal  of  curvature.  Both  the  authors'  and  the 
writers'  experiments  have  shown  that  the  effect  of  a  curve  is  to  shift 
the  maximum  velocity  toward  the  convex  side  of  the  curve,  and  that 
this  distorted  flow  extends  a  considerable  distance  down  stream.  Now, 
when  the  water  approaches  a  curve  with  the  maximum  velocity  on  the 
opposite  side,  one  would  naturally  expect  a  higher  loss  of  head  than 
if  normal  conditions  existed  in  the  ujj-stream  tangent.  This  higher 
loss  cannot  jiistly  be  attributed  to  the  single  curve. 

There  are  only  two  experiments  on  16-in.  curves.  Both  of  these 
would  be  expected  to  give  high  excesses;  the  Porter  Street  and  Cavalry 
Avenue  curve  chiefly  on  account  of  the  down-stream  jjiezometer,  and 
the  Cavalry  Avenue  and  Army  Avenue  curve  chiefly  on  account  of  the 
reversal  of  ciirvature  eflect.  In  addition,  both  were  compared  with 
the  Army  Avenue  tangent,  which  is,  undoubtedly,  aflected  by  the 
preceding  curve. 

Considering  the  12-in.  experiments,  the  down-stream  piezometers 
are  in  all  cases  too  close  to  the  curves.  Curve  No.  16  is  the  most  inter- 
esting of  all,  because  it  is  the  curve  of  the  shortest  radius  in  the  whole 
series,  and  because  it  is  the  one  which  determines  the  upward  tiirn  of 
the  plotted  curve  in  Fig.  90.  While  this  curve  may  be  aflected  by  a 
gate  a  short  distance  up  stream,  any  corrections  made  on  that  account 
would  have  to  be  made  on  Curve  No.  9,  as  well.  The  corrections  for 
these  gates  would  still  further  reduce  the  excesses  obtained  by  the 
authors.  Another  point  regarding  these  curves  is  that  the  up-stream 
piezometers  were  single  corporation  cocks  tapped  into  the  top  of  the 
pipe,  while  the  down-stream  piezometers  were  special  castings  of  the 
ring  type.  In  the  other  curves  ^-in.  cocks  were  used  for  both  ui^-stream 
and  down-stream  piezometers.  It  is  quite  evident,  from  experiments 
by  the  writers,  that  a  single  pressure  connection  on  the  top  of  a  pipe 
just  beyond  a  curve  communicates  a  lower  pressure  than  a  ring  piezom- 
eter at  the  same  point.  A  reference  to  Fig.  122,  or  to  any  of  the 
vertical  traverses  made  by  the  writers,  within  the  region  of  distorted 
flow.  Fig.  125,  will  show  that  the  wall  velocity  at  the  top  and  bottom 
is  greater  than  the  mean  of  any  other  two  opposite  points.  In  other 
words,  the  jjressure  at  the  top  is  less  than  the  mean  wall  pressure. 
Hence,  a  comjiarison  of  the  indications  for  Curves  Nos.  9  and  16  with 
Curves  Nos.  11,  12  and  15  is  not  justifiable. 

Excess  Losses  in  the  WrUers'  Experimenls.  — The  total  excess  losses 
of  head  due  to  curves,  as  found  by  the  experiments  of  the  wi-iters,  and 
given  in  Table  No.  77,  show  no  tendency  to  follow  any  simple  law. 
When  plotted  as  percentages  of  the  loss  in  80  diameters  of  straight 
pipe  under  normal  conditions,  the  plotted  points  give  no  suggestion 
of  the  authors'  curve  given  in  Fig.  90.     Nor  do  the  percentages  so 
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Messrs.  Saph  obtained  amount,  in  any  case,  to  more  than  a  very  small  fraction  of 
'  those  obtained  by  the  authors. 

It  seems  improbable  that  a  revision  of  the  authors'  data,  if  possible,, 
would  lower  the  calculated  excesses  to  the  neighborhood  of  the 
writers'  values. 

The  Losses  Occurring  in  the  Curve  Itself. — When  the  Pitot  tube  tra- 
verses in  Curve  No.  1,  referred  to  in  connection  with  Fig.  124,  were 
made,  a  triple  gauge  was  used,  the  third  column  being  attached  to  the 
ring  piezometer  at  B  (0.650  ft.  up  stream  from  the  P.  C. ).  By  this 
means  the  variation  in  pressure  around  the  curve,  as  shown  by  the  ring- 
pressure  openings  of  the  tube  during  the  traverses,  was  obtained. 
These  pressure  traverses,  as  they  maybe  termed,  showed  that  wherever 
the  velocity  was  highest  the  pressure  was  lowest,  and  vice  versa.  How- 
ever, the  difference  between  the  velocity  heads  at  any  two  points  in  the 
same  cross-section  was  not  equal  to  the  corresponding  diff'erence  of 
pressure  heads,  as  shown  by  the  pressure  openings  of  the  tube.  The 
pressure  traverses  were  taken  on  all  the  bosses  on  Curve  No.  1,  but  as 
the  exact  nature  of  the  distortion  at  each  was  not  known,  except  by  a- 
comparison  of  the  horizontal  traverses  with  normal  conditions  and  with 
Fig.  122,  it  was  impossible  to  make  a  close  approximation  to  the  sum- 
mation of  pi-essui'es  throughout  the  cross-sections.  By  ap])lying  the 
mean  of  two  corresponding  points  on  opposite  sides  of  the  center  to 
the  area  of  the  ring  passing  through  them,  and  summing  these  prod- 
ucts for  each  position  around  the  curve,  and  finally  summing  the 
differences  between  any  section  and  the  one  next  to  it,  a  remarkably 
close  check  was  obtained  on  the  observed  loss  of  head  between  the 
ring  piezometers  at  B  and  C.     The  partial  differences  were  as  follows: 


Differences,  in  ^  A  J,  ti  ri  4  ■■£> 

double  centi-  V  §  fe  So  §  S  3  S 

meters )  ^"  o  o  o  o  o'  = 

The  sum  of  the  differences  gives  5.31,  as  against  5.42,  the  observed 
head  for  B  C. 

Now,  it  has  been  shown  that  the  indications  of  a  piezometer  at  B 
are  lower  than  they  would  be  under  normal  conditions,  and  the  rela- 
tion just  pointed  out  indicates  that  the  same  is  true  of  the  indications 
of  horizontal  pressure  traverses.  Comparing  only  the  differences 
between  the  bosses  which  are  equally  spaced  around  the  curve,  it  would 
appear  that  the  greatest  loss  occurs  between  Bosses  Nos.  2  and  5,  or 
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between  45°  and  135°.     But  siicli  a  comparison  is  liardlv  just,  on  the  Messrs.  Saph 
basis  of  the  present  knowledge  of  conditions  and  of  the  peculiar  action 
of  the  Pitot  tubes  used. 

It  maj  be  remarked  that  there  is  in  the  foregoing  a  suggestion  of  a 
method  for  finding  by  Pitot-tube  traverses  the  true  loss  of  head  between 
two  points,  one  or  both  of  which  may  be  situated  in  places  of  abnor- 
mal flow. 

In  conclusion,  the  writers  desire  to  express  their  high  appreciation 
of  the  ever  ready  and  valuable  assistance  and  the  enthusiastic  interest 
of  Professor  Gardner  S.  Williams  throughout  the  whole  series  of 
experiments,  even  when  the  indications  seemed  to  be  directly  opposed 
to  the  findings  of  the  Detroit  experiments.  They  also  desire  to 
acknowledge  the  broad  liberality  at  all  times  shown  by  the  authorities 
of  the  College  of  Civil  Engineering  of  Cornell  University,  in  their 
attitude  toward  the  experiments.* 

Arthuk  Adams,  Jun.  Am.  Soc.  C.  E. ,  and  "W.  E.  Wilson,  Esq.  (by  Messrs.  Adams 
letter).— At  the  suggestion  of  G.  S.  Williams,  M.  Am.  Soc.  C.  E.,  ^^^  Wilson. 
the  writers,  during  the  jaast  year,  have  conducted  a  series  of  experi- 
ments along  the  lines  described  in  this  paper;  in  general,  relative 
to  the  effect  of  obstructions  in  pipes  upon  the  flow  of  water  in 
them.  The  experiments,  however,  have  been  confined  entirely  to 
the  effect  of  a  contraction  upon  the  distribution  of  velocities  within 
the  pipe-section,  and  have  been  carried  on  chiefly  in  a  pipe  of  2  ins. 
diameter. 

The  apparatus  used  was  a  part  of  that  in  the  Hydraulic  Laboratory 
of  Cornell  University.  The  water  supply,  system  of  piping,  form  of 
contractions,  and  means  for  the  accurate  measurement  of  discharge  by 
weighing,  are  all  described  on  pages  18  and  20.  The  plan  of  the  piping 
also  appears  in  Fig.  119.  In  the  j^resent  case,  however,  the  piezome- 
ters shown  at  the  down-stream  end  of  the  curve  were  located  next 
below  the  contraction  at  the  inlet  of  the  2-in.  brass  pipe.  The  dis- 
tances of  the  several  piezometers  from  the  contraction,  both  in  feet 
and  in  diameters  of  pipe,  are  shown  in  Table  No.  79. 

In  addition  to  the  description  of  the  piezometer  given  on  page  20, 
and  in  Fig.  4,  it  is  to  be  observed  that  each  piezometer  has  two  open- 
ings in  the  same  diametric  plane,  and  at  right  angles  to  each  other, 
designated,  respectively,  as  the  "west"  and  "east"  sides  of  the 
piezometer.  Usually,  the  openings  have  been  located  so  as  to  admit 
of  nearly  vertical  and  horizontal  positions  of  the  tube.  The  angles  by 
which  they  differ  from  such  vertical  or  horizontal  positions  have  been 
measured,  and  are  recorded  in  Column  4  of  Table  No.  79.  The  Pitot 
tube  used  was  the  Cornell  Tube  No.  2,  or  Tube  E,  of  which  the  cali- 


*  The  data  of  these  observations,  in  their  original  form,  are  on  file  in  the  Hydraulic 
Laboratory  of  the  College  of  Civil  Engineering  of  Cornell  University,  together  with  much 
reduced  material  not  included  in  this  discussion,  vi'here  they  are  open  to  examination  at 
any  lime. 
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Messrs.  Adams  bration  and  rating  curve  under  normal  conditions  are  given  in  Plate 

I.  The  gauge  was  a  differential  gauge,  designated  by  the  authors  as 
"  C double." 

The  method  of  procedure,  including  the  insertion  of  the  tube  into 
the  2-in.  pipe,  the  connection  to  the  gauges,  and  "traversing," 
are  described  on  page  12;  and  likewise,  on  page  21,  the  method  of  re- 
ducing the  rating  experiments  (except  that  in  obtaining  the  mean 
velocity  of  the  section,  F„,,  by  the  tube,  the  center  reading  has  been 
given  one  weight  by  the  writers,  instead  of  two  as  by  the  authors). 

The  writers  had  as  their  objects  in  these  experiments:  (1)  To  aid  in 
extending  the  scope  of  the  experiments  carried  on  at  Detroit;  (2)  to 
study  the  workings  of  the  Pitot  tube  under  other  than  normal  condi- 
tions; and  (3)  to  discover  if  the  velocities  in  pipes,  near  causes  of  dis- 
turbance, are  distributed  according  to  a  natural  law,  and  whether  that 
law  depends  upon  the  distance  of  the  point  of  observation  from  the 
disturbance.  After  presenting  the  experimental  data  obtained, 
together  with  the  numerical  and  graphical  reductions,  it  will  be 
attemj^ted  to  show  that  such  a  law  as  mentioned  above  does  exist. 

In  Table  No.  79  are  given  the  final  results  of  the  traverses  in  the 
various  piezometers;  the  several  reductions  leading  thereto  are  omitted, 
these  being,  as  previously  stated,  qiiite  similar  to  the  corresponding 
reductions  made  by  the  authors.  These  results  are  shown  graphically 
in  Fig.  128  with  an  accompanying  explanation.  Column  7  of  Table 
No.  79  contains  the  mean  velocity  of  every  traverse,  and  Column  8 
the  mean  velocity  for  the  corresponding  period,  as  obtained  by  weighing 
the  discharge.     The  center  velocity  by  Pitot  tube,  as  given  in  Column 

II,  is  the  mean  of  the  first  reading  at  the  center,  the  middle  reading 
at  the  center  taken  twice,  and  the  final  center  reading.  The  remain- 
ing columns  are  self-explanatory.  The  preceding  three  velocities  are 
denoted  by  F„,,  U,  and  V^,  respectively. 

It  has  been  shown  in  this  paper  that  the  Pitot  tube  and  appurte- 
nances, under  normal  conditions  of  flow,  make  a  consistent  recorder 
of  velocities  existing  in  a  pipe.  By  normal  conditions  are  meant  the 
conditions  under  which  the  water  flows  throiigh  a  pipe  line  undis- 
turbed by  any  obstruction.  Such  will  give,  for  any  section  where 
they  prevail,  a  constant  ratio  of  the  mean  velocity  of  the  section,  V\, 
to  the  velocity  at  the  center,  V,,  the  latter  being  always  a  maximum 
for  the  section,  as  will  be  seen  upon  examining  the  traverses  in  Fig. 
128.  The  authors,  in  rating  the  Cornell  Tube  No.  2,  or  Tube  E,  in 
Piezometer  No.  4  in  the  2-iu.  brass  pipe,  obtained  for  the  ratio, 
Y 
•^,  0.8139.    This  value,  as  will  be  shown  later,  was  the  result  of  exper- 

iments  made  under  normal  conditions.     The  writers,  however,  have 

V 

obtained  as  the  vahie  of  the  ratio,  -^,  0.798,  this  being  the  mean  of 
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TABLE  No.  79. — Pitot-Tube  Traverses  below  Contraction.  Messrs.  Adams 

and  Wilson. 

Pipe,  2.096  ins.  in  diameter. 
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Messrs.  Adams  the  observations  made  in  all  the  piezometers  included  in  normal  flow. 
The  apparent  discrepancy  between  the  two  is  explained  by  the  fact 
that  the  authors,  in  computing  the  mean  velocity  of  the  section,  F^^, 
have  used  the  mean  center  velocity,    V^,   twice,   whereas  the  writers 

have  used  it  but  once,  which,  of  course,  decreases  the  ratio, -=!-\  since 

the  maximum  velocity  of  the  section  is  at  the  center,  one  of  the  condi- 
tions of  normal  flow.  Considering  the  traverses  of  the  latter  in  Pie- 
zometer No.  4,  and  using  the  center  velocity  twice,  the  resulting  ratio, 

V     . 

z^,  is  0. 804,  and  in  Piezometer  No.  6,  it  is  0. 808,  or  a  mean  of  the  two  = 

0.806,  which  checks  closely  with  the  authors'  value.     They  obtain  for 

Tube  E,  in  Piezometer  No.  4  (see  Table  No.  4),  a  value  of  0.808.  It  is  to 

be  remarked  that  the  writers,  in  bringing  forward  this  question  of  the 

weight  of  the  center  velocity,  do  not  contemjilate  a  contradiction  of  the 

authors'  method  of  finding  the  mean  velocity  of  section,    F"„,;  for  one 

of  them,  Mr.  G.  S.  "Williams,  has  given  the  writers  reasons  sufficiently 

good  to  warrant  using  T".  twice;  but  as  the  error  introduced  in  either 

case  is  practically  the  same,  one  method  giving  an  excess  and  the  other 

a  deficiency,  the  latter  have  made  their  computations  on  a  one- weight 

basis;  but  the  above  point  is  advanced  in  order  to  explain  the  diflfer- 

V 
ence  in  the  two  values  of  the  ratio,  ~.       The  value  of  the  writers' 

rating  coefficient  is  practically  the  same  as  that  of  the  authors, 
namely,    1.039,    as    compared   with    1.025,    the   authors'    value.      The 

former  is  larger  because  the  ratio,  -=- ,  increases  as  7"^^  (depending  as  it 

'^  m 

does  upon  the  weights  given  the  individual  observations)  decreases. 
With  the  center  velocity  used  twice,  the  rating  coefficient  obtained  by 
the  writers  in  Piezometer  No.  4,  which  was  the  piezometer  in  which 
the  authors'  rating  experiments  for  Tube  E  were  carried  on,  is  1.028. 

Under  conditions  rendered  abnormal  by  a  contraction,  the  Pitot 
tube  is  as  consistent  a  measurer  of  velocities  in  a  jjipe  as  ixnder  normal 
conditions.  This  consistency  of  measiirement  depends  upon  the  con- 
stancy of  its  rating  coefficient.  In  order  to  investigate  this  constancy 
of  coefficient  under  abnormal  conditions,  the  writers  have  plotted  the 
observations  in  Fig.  I'iO,  the  abscissas  of  which  are  the  mean  velocities 
of  the  section  by  tube,  F„,,  and  the  ordinates  the  mean  velocities  by 
weight,  U,  of  the  corresponding  traverses.  These  are  plotted  se25a- 
rately  for  each  piezometer,  whether  it  be  located  at  jsoints  where  nor- 
mal or  abnormal  conditions  prevail.  The  numbers  opposite  the  points 
refer  to  the  number  of  the  traverse  as  given  in  Table  No.  79.  A  line 
connecting  the  points  for  any  one  piezometer,  it  is  seen  at  once,  would 
practically  coincide  with  the  straight  averaging  line  which  is  drawn  in 
the  figure.     Since  such  a  graphic  treatment  has  been  assumed  through- 
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DISTRIBUTION  OF  VELOCITIES  IN  2-lNCH  BRASS  PIPE  SHOWING 

EFFECT  OF  CONTRACTION  AT  INLET. 

Diameter  of  Pipe=2.096  ins.  =0.1717  ft.     Open  Circles  represent  East,  and  Filled  Circles  West  Traverses. 

Numbers  of  Traverses  correspond,  to  Table  No.  79      Scale  of  Velocities  =  J^  Scale  of  Diameters. 
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out  the  paper  and  discussions,  to  determine  definitely  the  constancy 
andTwilscfn!^^  of  the  Pitot-tube  rating  coefficient  the  evidence  is  conclusive  that  the 
Pitot  tube  and  appurtenances  are  a  consistent  recorder  of  velocities 
in  a  pipe  under  normal  and  abnormal  conditions  alike,  as  long  as  the 
distortion  is  symmetrical  with  respect  to  the  axis  of  the  pipe. 

It  is  to  be  noted  that,  under  abnormal  conditions  produced  by  a  con- 
traction, the  rating  coefficient  is  1.017,  being  the  mean  of  the  values  for 
Piezometers  Nos.  7,  8,  9,  and  6  (see  Table  No.  79);  whereas,  under 
normal  conditions  the  coefficient  1.039  is  but  little  larger,  the  difference 
being  2.1  per  cent. 

Upon  examining  the  traverses  in  the  ■2-in.  jjipe,  as  shown  in  Fig. 
128,  it  is  seen  that  an  averaging  curve  drawn  through  the  points  of  obser- 
vation in  any  one  traverse  taken  in  Piezometer  No.  7,  which  is  the  one 
nearest  the  contraction  of  the  5-in.  into  the  2-iii.  pipe,  is  very  much 
flatter  than  a  similar  curve  drawn  through  the  points  of  observation  of 
a  traverse  with  velocities  approximately  equal  to  those  in  question  m 
Piezometer  No.  4,  which  is  5.82  ft.,  or  33  diameters,  farther  away  from 
the  contraction.  Furthermore,  it  is  seen  that  the  velocity  distribution 
curve  elongates  gradually  in  the  direction  of  the  pipe  axis,  as  the  point 
of  observation  moves  away  from  the  contraction.  In  order  to  show  that 
this  change  in  form  is  a  regular  one,  the  writers  have  plotted  a  curve. 
Fig.  130,  with  the  distances  of  the  piezometers,  or  points  of  observa- 
tion, from  the  contraction,  in  diameters,  as  abscissas  (a  diameter 
measurement  being  the  ratio  of  the  distance  of  the  point  ol  obser- 

V 

vation  to  the  mean  diameter  of    the  pipe);   and  the   ratios,    -^"',   as 

ordinates.  Examining  this  curve  and  Column  13  of  Table  No.  79,  it  is 
seen  that  the  flow  becomes  constant,  and  therefore,  as  may  reasonably 
be  concluded,  normal,  somewhere  between  Piezometer  No.  6  at  18  dia- 
meters, and  Piezometer  No.  4  at  35  diameters,  the  curve  as  drawn  in- 
dicating the  jDoint  of  normal  flow  to  be  quite  near  the  latter  piezometer. 
Incidentally,  it  is  of  interest  to  observe  that  the  curve  produced  back 

V 

tointersectthe?/-axis  of  co-ordinates  gives  a  ratio  of -pr^  =  1.000  at  0.0 

diameters;  that  is,  the  surface  representing  velocity  distribution  in  the 
pipe,  as  the  flow  passes  the  contraction,  is  flat. 

It  will  be  noticed  in  Fig.  119  that  a  cylindrical  regulator,  13.62  ins. 
in  diameter,  was  located  at  the  head  of  the  5-in.  pipe  leading  to  the 
2-in.  pipe,  in  which  the  foregoing  exi^eriments  were  carried  on,  thus 
forming  a  contraction  and  an  obstruction  to  the  water  flowing  into  the 
former  pipe,  and  producing  abnormal  conditions  in  it.  To  prove  that 
this  abnormal  flow  in  the  5-in.  pipe  is  eradicated,  and  that  normal  con- 
ditions again  prevail  before  the  water  filaments  arrive  at  the  contraction 
into  the  2-in.  pipe,  which  fact,  otherwise,  might  affect  the  observations 
in  the  latter,  the  writers  made  eleven  traverses  in  the  former,  four  in 


DISCUSSION    ON    FLOW    OF    WATER    IN    PIPES. 


329 


Mean  Telocity  by  Weight  —  Feet  per  second. 

^^  OS *^ cr 


Messrs.  Adams 
and  Wilson. 
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Messrs.  Adams  each  of  two  of  the  piezometers,  and  three  in  the  third.   The  observations 
at  the   inlet  piezometer,  0.4  diameter  from  the  regulator  contraction, 

V 
give  the  ratio -j^  a  value  of  0.87;  and  at  the  piezometer  40  diame- 
ters, and  also  the  piezometer  48  diameters,  from  the  inlet,  a  value  of 
0.80.  That  is,  the  flow  becomes  constant,  and  normal  conditions  jare- 
valent,  in  the  5-in.  pipe  before  it  reaches  a  point  40  diameters  from 
the  regulator  contraction,  and  accordingly,  the  water  filaments  enter  the 
contraction  into  the  2-in.  pipe  in  an  undisturbed  state  of  equilibrium. 
This,  also,  corroborates  the  results  cited  in  regard  to  normal  flow  in 
the  2-in.  pipe. 

From  the  data  at  hand  there  is  no  evidence  that  the  higher  the 
velocity  the  greater  is  the  tendency  to  eradicate  any  distortion  from  the 
normal  distribution  as  induced  by  a  contraction,  when  any  particular 
IJoint  of  observation  is  considered,  i.  e.,  at  the  same  distance  from  the 
contraction.  In  other  words,  at  first  thought,  it  might  be  expected  that 

.     V 
as  the  velocity  increased,  the  ratio     —  would    decrease.       Examining 

the  traverses  in  those  piezometers  past  which  the  water  flows  with  an 

abnormal  distribution  of  velocities  (see  Table  No.  79),  it  is  seen  that 

V 
the  ratio,   ~-,  for  the  highest  velocity  in  Piezometer  No.7,  0.961  for  6.060 

ft.  per  second,  is  greater  than  the  mean,  0.938,  for  that  piezometer;  and 
that  in  each  of  the  other  three  piezometers  the  ratio  for  the  respective 
maximum  velocity  is  less  than  the  mean  for  the  piezometer.  More- 
over, it  is  to  be  noticed  that  the  ratios  have  no  uniformity  whatever 
in  the  change  of  their  values  as  the  velocity  decreases  from  the  maxi- 
mum.    Hence,  it  is  quite  improbable  that  a  greater  range  in  velocities 

F 
would  affect  the  foregoing  statements  concerning  the  ratios  -—    and 

*  c 

j^—,  the  variations  in  the  table  being  probably  due  to  experimental 

errors. * 

Unless  difi"erent  forms  of  contraction,  jjipes  of  difi"erent  material  or 
condition,  and  different  temperatures  of  water  affect  the  flow  enough 
to  produce  results,  other  things  being  equal,  appreciably  different 
from  the  above,  which  is  doubtful,  the  statement  can  safely  be  made 
that  in  the  smaller  pipes,  up  to  at  least  5  ins.  diameter,  the  water  fila- 
ments disturbed  from  equilibrium  by  a  contraction  in  the  pipe  line, 
attain  equilibrium  again  after  passing  a  point  35  diameters  from  the 
disturbance;  and  in  such  pipes  the  mean  velocity  of  the  flow,  at  any 
section  where  normal  conditions  prevail,  is  about  80^((  of  the  maximum 
velocity  at  the  center  of  that  section. 

*  A  table  giviug  these  observations  in  detail  is  on  file  in  the  Library  of  the  Society 
'      and  the  original  notes  are  in  the  custody  of  the  Hydraulic  Laboratory  ot  the  College  of 
Civil  Engineering  of  Cornell  University. 
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M.  Bazin,  iti  bis  discussion  on  this   paper,  presents  a  unmber  of  Messrs.  Adams 
traverses  made  in  a  pipe  31.496  ins.  in  diameter;  at  the  head  of  it  is  a 
contraction  from  a  large  chamber  into  the  31J-in.  pipe. 

In  order  that  a  i^roj^er  determination  of  the  discharge  may  be  ob- 
tained from  these  experiments,  it  becomes  necessary  to  obtain  a  value 
for  the  velocity  at  the  wall  of  the  pipe,  which  was  not  observed,  the 
nearest  observation  thereto,  as  shown  by  Table  No.  68,  being  about 
1  in.  away. 

In  Table  No.  60,  however,  an  assigned  value  is  given  to  V^^  for  a 
mean  of  all  the  traverses  upon  various  diameters  at  any  one  shaft  and 
during  the  same  mean  velocity  of  flow;  these  values  are  not  the  results 
of  experiments,  but  are  obtained  by  M.  Bazin  from  his  velocity  distri- 
bution curves.  In  Table  No.  80  are  given  the  ratios  of  the  velocity  at 
the  perimeter,  V^^,  to  the  velocity  at  the  center,  V^,  the  values  for  both 
being  taken  from  Table  No.  60.     This  gives  at  Shaft  A  a  mean  ratio 

V     ' 

^  =  0.668;   and   at   Shafts   B  and    C,    together,  0.634.      Shaft  A  is 

considered  singly,  because  the  difference  in  the  value  of  this  ratio 
shows  that  the  same  conditions  do  not  prevail  there  as  at  Shafts  B 
and  a 


TABLE  No.  80. —Relation   of  Velocity   at   Wai.l   to  Velocity  at 
Center,  in  M.  Bazin 's  Experiments. 


Nuirtber 

Location. 

II 

isiii 
III 

Ratio: 

Mean: 

of  traverse. 

1 

!>0 

of 

of  dis- 

A. 

B  and  C. 

shaft. 

charge. 

^  ^^ 

1  and  4 

A. 

1 

1.249 

0.820 

0.657 

1 

2  and  5 

A. 

3 

1.665 

1.130 

0.678 

1 

3  and    6 

B. 

1 

1.246 

0.805 

0.646 

iMean 
\=  0.668 

.Mean 

7  and  10  

B. 

1.706 

1.080 

0.633 

=  0.635 

8  and  11 

C. 

1 

1.271 

0.795 

0.626 

9  and  12 

C. 

2 

1.721 

1.095 

0.636 

J 

J 

To  further  prove  that  the  flow  is  abnormal  at  Shaft  A  and  approx- 
imately normal  at  Shafts  B  and  C,  the  writers  have  taken  the  mean 
velocity,  F,„,  as  computed  by  M.  Bazin  from  his  traverses,  and  com- 
puted the  ratios  —:  (which  are  presented  in  Table  No.  81).  These 
results  likewise  indicate  by  the  high  value  of  the  ratios  at  Shaft  A 
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Messrs.  Adams  and  the  lower  and  nearly  equal  values  at  Shafts  B  and  C,  that  after 
passing  Shaft  A,  and  before  reaching  Shaft  B,  the  flow  changes  from 
an  abnormal  to  a  nearly  normal  state,  this  change  occurring  between 
25  and  50  diameters  from  the  contraction. 

V 
TABLE  No.  81. — Effect  of  Distortion  on  Ratio  ~,  in  M.  Bazin's 

EXPEEIMENTS. 


1 

Location  of  Traverse. 

III 
III 

|1 

w 

o 

9 

5l 

nil 

1 

A 
B 
C 
A 
B 
C 
A 
B 
C 
A 
B 
C 

1st 
1st 
1st 
1st 
1st 
1st 
Sd 
2d 
2d 
2d 
2d 
2d 

Vertical 

Vertical 

Vertical 

Horizontal 

Horizontal 

Horizontal 

Vertical 

Vertical 

Vertical 

Horizontal 

Horizontal 

Horizontal 

25.  C 
50.6 
75.6 
25.6 
50.6 
75.6 
25.6 
50.6 
75.6 
25.6 
50.6 
V5.6 

4.085 
4.104 
4.167 
4.085 
4.104 
4.167 
5.449 
5.600 

51449 
5.600 
5.626 

2  042 

2.      . 

1  847 

3 

1.875 

4 

2.042 

5 

1  847 

6 

1.875 

2  725 

8. 

2  520 

9 

2  532 

10 

2.725 

2  "520 

12 

2.532 

t  a 


3.478 
3.566 
3.635 
3.478 
3.566 
4.876 

41849 
4.876 

4^849 


0.890 
0.847 
0.856 
0.890 
0.847 
0.856 
0.894 
0.861 
0.862 
0.894 
0.861 
0.862 


Mr.  Edward  S.  Cole  has  also  furnished  some  interesting  data  in 
regard  to  the  distribution  of  velocities  in  i^ipes.  Examining  the  plan 
of  his  system  of  experimental  piping,  Fig.  105,  and  remembering  that, 
according  to  Messrs.  Saph  and  Schoder  (page  316),  the  influence  of 
curvature  extends  considerably  more  than  100  diameters  down  stream, 
not  to  mention  the  eff"ect  of  expansions  (which,  likely,  is  akin  to  that  of 
contractions),  it  is  to  be  noted  that  in  only  one  instance  is  it  probable 
that  normal  conditions  would  prevail  at  the  various  points  of  observa- 
tion. In  the  4-in.  pipe,  it  has  been  learned  that  the  traverse  was  made 
about  18  ft. ,  or  51  diameters,  from  a  90^  curve,  which  precludes  the  flow 
being  normal  at  that  point,  for  the  reason  already  stated,  together 
with  the  authors'  own  statement  in  regard  to  the  influence  of  curva- 
ture.    Fig.  lOS  confirms  the  presence  of  this  abnormal  distribution; 

hence  it  is  not  fair  to  compare  Mr.  Cole's  ratio,  -pr  (where  V^  in  this 

^  c 

case,  as  well  as  the  others  included  in  Mr.  Cole's  work,  has  been  cor- 
rected by  introducing  the  coefficient  of  the  tube)  of  0.936  with  the 
ratios  under  normal  conditions  given  above.     In  the  6-in.  ijijDe  the 
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•s.  Adams  traverses  were  made  at  a  point  10  ft.,  or  20  diameters,  from  a  90° 
curve,  which  Fig.  108  shows  to  have  produced  a  distortion  in  the 
velocity  distribution.  The  remarks  made  herein,  in  connection  with 
the  4-in.  pipe,  can  be  applied  to  the  6-in.  pipe.  The  data  and  ratios 
for  the  8-in.  jiipe  are  omitted,  but  Fig.  108  shows  quite  clearly  an  ab- 
normal distribution  of  velocities.  For  the  12-in.  i^ipe,  the  mean  ratio 
is  0.93,  which  indicates  that  the  center  velocity  is  either  not  a  maxi- 
mum or  is  less  than  normal.  The  traverses  were  made  about  10  ft. ,  or 
10  diameters,  from  an  expansion  and  about  60  diameters  from  a  90° 
curve,  and  may  be  considered  to  have  been  influenced  by  both  the  ex- 
pansion and  the  curve.  In  the  16-in.  pijje,  the  nearest  disturbance 
was  a  curve  400  ft.,  or  300  diameters,  up  stream.     From  Table  No.  69, 

the  ratio,  -^,  is  found  to  be  0.843,  and  seems  to  represent  normal  con- 

ditions.  It  appears,  therefore,  that  the  most  of  Mr.  Cole's  experi- 
ments are  not  of  general  application,  other  than  to  illustrate  the 
danger  of  assuming  standard  conditions  in  a  pipe  too  near  disturb- 
ances having  the  character  mentioned  above,  and  the  errors  in 
measurement  likely  to  result  from  such  an  assumption. 

TABLE  No.  82. 


Number. 

Diameter 

of 

pipt^,  in  inches. 

Name 

of 

Experimenter. 

2 

5 
12 
16 
16 
30 
31.5 
42 

Writers. 

Writers. 

Authors. 

Cole. 

Authors. 

Authors. 

Bazin. 

Authors. 

0.798 

2                                   

0.800 

3 

0.843 

4                    

0.843 

5           . 

0.841 

6 

0.842 

0.856 

8. 

0.831 

In  Table  No.  8  is  given  a  series  of  values  of  the  ratio,  -y^,  in  pipes 
of  various  diameters,  where  normal  conditions  prevail.  In  attempting 
to  discover  if  this  ratio,  -r?^~,  is  difierent   for   different  diameters  of 

pipe,  and  if  its  change  is  a  uniform  one,  the  writers  have  prepared  Table 

V 
No.  82,  in  which  are  collected  the  values  of  the  ratio   y    for  all    the 

different  sized  jjipes  mientioned  in  this  discussion,  omitting  the  cases 
of  low  velocities,  for  reasons  explained  by  the  authors,  and  a  mean 
found  for  each  set  of  experiments.     From  the  latter  table  Fig.  131  is 

plotted,  with  the  diameter  of  the  pipe  in  inches  as  abscissas,  and  -jP~ 
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as  ordinates.     This  curve  is  presented  in    order  to  show  that  it  is  Messrs.  Adams 

^.  and  WUson. 

hardly  2:>robable  that   the   ratio,      /-  ,  in  pij^es  of  different  diameters, 

is  the  same. 

The  writers  feel  that  from  the  exj^eriments,  data,  and  computation 
herewith  presented,  they  can,  in  a  few  words,  state: 

1. — That  the  rating  coefficient  of  the  Pitot  tube  of  the  form  used  is 
constant  under  abnormal  conditions  produced  by  a  contraction  as  well 
as  under  normal  conditions;  and,  further,  that  it  does  not  differ 
materially  under  either  set  of  conditions. 

2. — That  a  contraction  does  not  displace  the  maximum  velocity 
from  the  center  of  the  section. 

3. — That  a  contraction  in  a  pipe  line  produces  an  abnormal  distri- 
bution of  velocities  therein,  and  that  in  the  process  of  eradication  of 

V 
this  abnormal  distribution,  the  change  in  the  value  of  the  ratio,  -^, 

is  regular;  and  that  normal  flow  is  again  attained  after  passing  a  point 
about  35  diameters  from  the  contraction. 

V 

4. — That  the  ratio,  — j^,  for  small  pipes,  is  not  0.84,  which  is  stated 

by  the  authors  to  apply  to  all  pipes. 

V 
5. — That    probably  the  ratio,  -^f^,  increases  directly  as  some  func- 
tion of  the  diameter  of  the  pipe. 

Gabdnek  S.  Williams,  M.  Am.  Soc.  C.  E. ,  Clakence  W.  Hubbell,      Messrs. 
Assoc.  M.  Am.  Soc.  C.  E.,  and  Geoege  H.  Fenkell,  Jun.  Am.  Soc.  C.  Hubbelfaml 
E.  (by  letter). — At  the  conclusion  of  the  paper,  the  writers  summarized     Fenkell. 
what  seemed  to  them  to  be  the  most  interesting  features  of  the  investi- 
gation, under  eleven  heads. 

Eesults  a,  B  and  D. 

The  Oil  Differential  Gauge. — Regarding  the  results  designated  as 
A,  B  and  D,  which  relate  particularly  to  the  apparatus  used,  although 
at  the  time  of  producing  their  instruments,  and  for  a  considerable 
period  thereafter,  the  writers  were  entirely  ignorant  of  the  fact,  it 
appears  that  the  oil  differential  gauge  was  invented  and  patented  by 
the  late  Henry  Flad,  Past-President,  Am.  Soc.  C.  E.,  of  St.  Louis,  in 
1885,  as  stated  by  Mr.  Sherman,  and  again  invented  in  1900  by  Mr. 
William  M.  White,  of  New  Orleans,  and  a  modification  of  it,  as  shown 
in  the  discussion,  was  used  by  Mr.  Edward  S.  Cole,  at  Terre  Haute,  in 
1896.  It  was  also  used  by  Professor  Frederick  W.  Sperr,*  in  Ohio, 
some  years  previous  to  these  experiments,  for  the  measurement  of  the 
flow  of  gas  in  pipes.  It  appears  that  these  several  inventions  of  the 
*  Of  the  Michigan  College  of  Mines,  Houghton,  Mich. 
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Messrs.  device,  as  well  as  that  of  the  writers,  were  entirely  independent  of  each 
HubbeU  and  other,  unless  that  of  Mr.  Cole  w  as  connected  with  that  of  Mr.  Flad.  To 
®°  ®  ■  the  writers  it  appears  in  no  wise  surprising  that  so  useful  and  simple 
an  instrument  should  have  been  used  before,  and,  undoubtedly,  there 
are  other  instances  which  have  not  yet  come  to  their  attention;  but, 
during  the  progress  of  the  experiments  described,  the  results  and 
the  apparatus  were  exhibited  to  a  large  number  of  engineers,  some 
of  them  among  the  most  eminent  in  this  particular  branch  of  the  pro- 
fession, and  it  does  seem  remarkable  that  none  of  them  should  have 
recalled  the  invention  of  the  apparatus  by  a  Past-President  of  this 
Society,  and  that  no  suggestion  of  its  previous  use  should  have  come 
to  the  writers  until  after  the  publication  of  this  paper. 

From  the  evidence  to  be  gathered  from  such  reports  and  descrip- 
tions, of  the  use  of  the  oil  differential  gauge  by  others  than  the  writers, 
as  are  available,  it  appears  that  the  latter  were  the  first  and  only  ones 
to  appreciate  the  fact  that  the  coefficient  of  this  instrument  cannot  be 
obtained  from  the  specific  gravities  of  the  liquids  used.  As  shown  in 
Table  No.  14,  with  kerosene  and  water,  the  multiplication  of  the  scale 
reading  is  about  4:%  greater  than  is  accounted  for  by  the  difference  in 
si^eciflc  gravities,  and,  in  the  case  of  sjjerm  oil,  where  the  specific 
gravities  were  determined,  by  means  of  a  delicate  chemical  balance  and 
a  susi^ended  weight,  much  more  accurately  than  would  be  possible 
with  an  hydrometer,  the  increase  in  the  factor  of  multiplication  was 
as  much  as  10  to  12  per  cent. 

This  increase  of  multii^lication  seems  to  be  due  to  the  adhesion  of 
the  oil  to  the  glass,  and,  very  probably,  may  vary  with  the  size  of  the 
tube;  but,  as  in  the  writers'  experiments,  the  oils  were  calibrated  in 
the  respective  gauges  by  comparison  with  a  water  column,  it  was  not 
considered  necessary  to  investigate  the  matter  further. 

The  Pitot  Tube. — The  foregoing  remarks  apply  also  to  the  Pitot 
tube.  No  previous  use  of  this  instrument  in  closed  pipes  was  known 
to  the  writers  at  the  time  of  beginning  these  experiments.  Their  sole 
knowledge  of  the  application  of  this  apparatus  was  obtained  from 
M.  Bazin's  memoir*  on  the  "Liquid  Vein,"  and  the  "Experiments 
Relating  to  Hydraulics  of  Fire  Streams,  "f  by  John  R.  Freeman,  M.  Am. 
Soc.  C.  E.,  although,  before  the  investigation  was  completed,  they 
learned  of  tlie  work  of  Darcy,  Darcy  and  Bazin,  and  Hiram  F.  Mills, 
and  also  of  that  of  Professor  S.  W.  RobinsonJ  on  the  Sangamon  River, 
in  Illinois,  as  well  as  other  occasional  experiments  more  or  less  satis- 
factory; most  or  all  of  which  last  were  made  under  such  abnormal 
conditions  of  flow  as  to  render  them  useless  for  general  application. 

*  ••  Experiments  upon  the  Contraction  of  the  Liquid  Vein  Issuing  from  an  Orifice, 
and  upon  tlie  Distribution  of  the  Velocities  within  it,"  by  H.  Bazin,  translated  by  John 
C.  Trautwine,  Jr.,  Assoc.  Am.  Soc.  C.  E. 

t  Transactions,  km.  Soc.  C.  E. ,  vol.  xxi,  p.  303. 
Van  Nostran(Vs  Engineering  Magazine.,  1878. 
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The  claims  for  acciu-acy  and  applicability  of  the  Pitot  tube  have      Messrs. 
been  opposed  by  Mr.  Henry,  Mr.  Horton  and  Mr.  Kuichling.  Hubbel  and 

Mr.  Henry  objects  to  the  rubber  connecting  hose  used  by  the  ^°  ^  ' 
writers,  and  to  the  absence  in  their  work  of  the  cocks  at  the  bottom  of 
the  old  Darcy  gauge.  He  also  criticises  the  velocity  curves,  and 
claims,  apparently,  that  better  results  could  have  been  obtained 
by  the  use  of  the  current  meter.  If  the  last  be  the  case,  the  experi- 
ence of  the  writers  with  that  instrument  for  some  years  has  been  mis- 
leading, and  the  plottings  of  Mr.  Henry's  observations  in  the  Chicago 
Tunnel,  the  d^ta  of  which  have  been  kindly  furnished  by  him,  fail  to 
show  more  consistent  or  symmetrical  results  than  do  the  tube  observa- 
tions of  the  writers  at  considerably  lower  velocities.  But,  even  grant- 
ing Mr.  Henry's  claim  for  his  instrument,  the  problem  of  its  insertion 
in  the  pipe  line  remains  to  be  solved. 

Regarding  the  writers'  traverses  at  low  velocities,  all  of  which  show 
marked  irregularities,  it  should  be  stated  that  for  reasons  contingent 
upon  the  conditions  at  the  pumijing  station,  the  high  velocities  were 
run  in  the  early  morning  and  the  low  ones  in  the  evening  and  late 
morning,  so  that  the  latter  were  always  affected  by  a  much  greater 
consumption  of  water  in  territory  beyond  the  experimental  line  than 
were  the  former;  and,  at  the  low  velocities,  the  effect  of  even  the  same 
consumption  would  have  been  much  greater. 

The  use  of  rubber  hose  by  M.  Bazin  seems  to  relieve  the  writers  of 
Mr.  Henry's  criticism  for  not  having  tased  the  more  cumbersome  lead 
pipes  which  Darcy  adopted  before  the  days  of  three-ply  cotton-inser- 
tion tubing;  and  the  writers  believe  the  use  of  shut-oif  cocks  on  vibrat- 
ing columns  to  be  likely  to  introduce  considerable  error.  It  is 
interesting  to  note,  here,  that  the  vibrations  in  the  gauges  were  not 
in  opposite  phases  in  the  two  tubes,  but,  ordinarily,  the  upward 
vibrations  took  place  simultaneously  in  both  columns,  and  were 
probably  due  to  the  eftect  of  the  pumj)s.  In  Table  No.  75,  Messrs. 
Saph  and  Schoder  i3resent  a  series  of  comparisons  between  the  dis- 
charge obtained  by  the  Pitot  tube  and  that  obtained  by  weighing  the 
water  delivered  under  various  conditions.  This  table  affords  a  criterion 
of  the  accuracy  of  the  instrument  as  a  meter,  which  the  writers  stated 
to  be  as  great  as  that  of  any  other  device,  except  the  graduated  tank 
and  the  weighing  scale.  In  this  table,  for  conditions  of  normal  flow 
at  velocities  above  1.17  ft.  per  second,  which  seems  to  be  the  limit  of 
accuracy  of  the  water-column  gauge  used  by  the  observers,  the  mini- 
mum differences  of  the  columns  being  then  about  -n,-  in.,  there  are  pre- 
sented thirty -six  traverses.  The  data  of  these  are  abstracted  in  Table 
No.  83,  with  those  from  twenty-one  experiments  with  a  2-in.  Venturi 
meter,  made  by  the  same  observers,  at  the  Hydraulic  Laboratory  of 
the  College  of  Civil  Engineering,  Cornell  University. 


Williams, 

Hubbell  anrl 

Fenkell. 
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TABLE  No.  83.— Comparison  or  Eekoks  of  Pitot  Tubes  and 
Venturi  Meter. 


II 
(3) 

Range  of: 

C5) 

Percentage 

Instrument. 
(1) 

True  mean 

velocity,  U. 

feet  per 

second. 

(3) 

Coefficient: 

(4) 

of  variation 
from 

U     . 
mean  -=-— 

(6) 

Tube  E,  point  and  ring. 

9 
3 
C 
5 
13 
36 
14 

21 

1.173  to  5.053 
2.699   "  4.220 
2.618   "  4.922 
2.699   ■'  5.031 
2.618   "  4.922 
1.172   •'  5.053 
0.400   "  4.871 
0.400   "  4.721 
0.400   "  4.871 

0.989  to  1.033 
1.004  "  1.007 
0.973   "  0.993 
0.847   "  0.859 
0.845   "  0.869 

1.015 
1.011 
0.984 
0.854 
0.858 

—  2.6to- 
— 0.6"  - 

—  1.0"  - 
-0.8"  H 
-1.5"  : 
-2.6"- 
-3.6"  - 
-2.9"- 
-3.4"H 

1-18 

"     Fr     "        "       "     

[-06 

"     F       "        "    pressure 

hO.6 
hl.3 

2-in.  Venturi  meter,  near  curve. 
2-in.             "              normal  flow. 

6.942   "  6.985    6.907 
0.932   "  0.974    0.960 
0.932   "  0.985    0  965 

^1.8 
-1.5 

-9.^ 

In  these  exjDeriments  with  the  Venturi  meter  the  readings  were 
taken  with  a  mercury  differential  gauge,  the  smallest  reading  of  scale 
differences  being  about  0.06  in.,  which,  owing  to  the  clearer  meniscus 
with  mercury,  would  be  read  with  about  the  same  accuracy  as  Q.IO  in. 
in  water,  riders  and  markers  being  used  in  both  cases,  so  that  the 
foregoing  comparison  seems  to  be  a  fair  one.  The  Venturi  was 
experimented  ujaon  in  two  positions,  one  with  the  inlet  0.756  ft.  from 
the  outlet  of  Curve  No.  1,  Fig.  119,  and  the  other  36.725  ft.  down 
stream  from  the  P.  T.  of  the  same  curve. 

■  It  will  be  seen  that  changing  the  jjosition  of  the  instrument 
changed  its  coefficient  about  1%  all  through  its  range,  due  apparently 
to  the  different  distributions  of  velocities  in  the  preceding  pipe. 

The  weir,  the  current  meter,  the  water  meter,  and  the  nozzle  are 
the  only  other  devices  to  be  compared  with  the  Pitot  tube,  and  the 
results  obtained  with  the  first  three  are  rarely  if  ever  better  than  those 
presented  herein,  and  two  of  them  are  not  directly  applicable  to  the 
flow  of  water  in  pipes.  The  nozzle  may  perhaps  give  somewhat  better 
results,  but  is  limited  to  comparatively  small  streams.  It  seems, 
therefore,  that  the  writers'  conclusion,  that  the  Pitot  tube,  properly 
rated,  and  in  the  hands  of  a  skilled  observer,  is  as  accurate  as  any 
other  device  for  measuring  water  in  a  closed  conduit,  except  the  scale 
and  tank,  is  fairly  sustained. 

The  simplicity,  portability,  low  cost  of  construction,  and  ease  of 
application  should  make  this  apparatus  a  highly  valuable  instrument 
for  occasional  observations,  either  in  oj^en  or  closed  channels,  and  it 
may  also  be  found  useful  in  establishing  the  proper  coefficient  to  use 
with   Venturi  meters  which  have  been  set  so  as  to  receive  streams 
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having   velocities  which  are   distributed    abnormally,    and  others  to      Messrs. 
which  the  ordinary  coefficients  may  not  apply.  Hubbelland 

The  insignificant  effect  of  small  errors  in  pointing,  as  will  be  ^^^^'^  • 
shown,  makes  extreme  care  in  setting  the  instrument  in  large-pipe 
work  unnecessary;  and,  in  the  Detroit  experiments,  it  was  found 
possible,  when  traversing,  to  oeciijay  one  position  a  minute,  so  that, 
counting  three  observations  on  center,  a  30-in.  traverse  was  made  in  23 
minutes.  Comparisons  of  such  traverses  with  those  in  which  3-minute 
observations  were  taken  on  each  point  show  the  former  to  be  nearly  as 
reliable;  as,  for  instance,  Traverse  No.  7,  in  Table  No.  8,  made  by  the 
latter  method,  gave  a  mean  velocity  of  2.hOS  ft.,  and  Traverse  No.  21, 
made  by  the  former  method,  under  the  same  conditions,  one  week 
later,  gave  a  mean  velocity  of  2.806  ft.  per  second. 

Result  E. 

Eating  Methods.  —  Under  the  headings  C,  E,  F,  G  and  il  there  were 
set  forth  certain  conclusions  quite  intimately  related,  and  referring 
in  general  to  those  portions  of  the  paper  dealing  with  the  measure- 
ment of  velocity.  Of  these.  Conclusions  E  and  F  are  very  closely 
connected,  and  will  be  considered  first.  Against  the  former,  that 
ratings  of  the  Pitot  tube  by  dragging  it  through  still  water  do  not 
coincide  with  those  obtained  when  the  instrument  is  stationary  and 
the  water  flows  past  it,  criticisms  have  been  raised  as  follows: 

By  Mr.  Murphy :  That  the  wide  variation  from  the  mean  of  the 
coefficients  of  individual  observations  in  the  open-trough  ratings 
leads  to  the  supposition  that  either  the  velocity  was  not  uniform,  or 
that  a  motion  was  imiDarted  to  the  water  in  the  trough,  and  that,  by 
reason  of  more  consistent  results  obtained  in  ratings  of  other  instru- 
ments iu  open  channels  over  a  straight  course  than  are  shown  in  the 
pipe  ratings  of  the  tubes,  the  open-channel  method  of  rating  seems 
preferable. 

By  Mr.  Henry:  That  the  angle  of  obliquity  of  impact  caused  low 
readings  in  the  open-trough  ratings. 

By  Mr.  Frizell:  Who  suggests  that  possibly  the  effect  of  centri- 
fugal force  was  overlooked  in  the  trough  rating. 

The  extension  of  this  Conclusion  E  to  current  meters  has  been 
suggested  by  Mr.  Wisner,  partially  endorsed  by  Mr.  Horton,  and 
contested  by  Mr.  Haskell. 

Mr.  White  has  presented  valuable  data,  from  which  he  concludes 
that  neither  this  nor  the  following  Conclusion  F,  that  all  tubes  must 
be  rated,  applies  except  to  certain  forms  which  he  considers  unsuited 
for  general  use. 

From  the  data  contained  in  these  several  discussions  and  the 
original  paper.  Table  No.  84  has  been  compiled. 
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Messrs.     TABLE  No.  84. — Comparison  of  Still  and  Exjnning-Watek  Eatings. 
Williams, 
Hubbell  and 
Fenkell. 


Authority. 

(2) 

Method  of  rating. 

(3) 

Coefficients: 

Instrument. 
(1) 

(4) 

P 
pel 

(5) 

Percentage 
—             cess: 
3            A-B 
B 

Tube  No.  5... 

Writers. 

Haskell. 
Darcy  and  Bazin. 

Haskell. 
Murphy. 

Still  water,  open  circumferen- 

0.859 

0.75  J 

b'.M 
1 

\ 

0.89  J 
0.80   1. 

J 

1 

1.003  ' 
0.996^ 

" 

Flowing  water,  in  16  and  30-in, 

+14.5 

6... 

Still  water,  open  circumferen- 
tial trough               . ., 

0.950 

11,                      u 

Flowing  water,  in  30-in  pipe 

+13.1 

3... 

Still  water,  open  circumferen- 
tial trough          

o.» 

" 

Flowing  water,  in  3,  5  and  12- 

+  4.0 

"     A 

Flowing  water,  in  5  and  3d-in. 
pipe 

"      " 

Still   water;   straight   course, 
with  boat 

0.831 
1.034 

+  3.9 

Darcy  tube. 

Still    water;    straight   course. 

" 

Open  channel,  flowing  water, 
by  floats 

Open  channel,  flowmg  water, 
W  weir 

+  3.4 

Haskelll 

Still   water;    straight    course, 
with  boat 

H  a  s  k  e  1 1  (. 

Open  channel;  flowing  water. 

+0.35 

Pi-ice  meter. . 

Still    water;    straight    course. 

" 

Open  channel;  flowing  water; 
by  weir                             

+1.47 

From  this  it  appears  tliat  in  every  case,  both  for  tubes  and  current 
meters,  the  rating  in  still  water  gave  the  higher  coefficient,  however 
the  respective  ratings  were  made.  This  being  the  case,  it  seems  to 
the  writers  that  such  differences  are  not  accidental,  and,  in  most 
cases,  they  are  too  great  to  be  overlooked. 

Effect  of  Obliquiti/. — Considering  now  the  effect  of  obliquity  of  the 
instrument,  which  it  appears  was  the  explanation  suggested  by  MM. 
Darcy  and  Bazin  for  the  jjhenomenal  results  obtained  in  their  ratings, 
the  writers  have  made,  since  the  publication  of  the  original  paper,  a 
series  of  experiments  by  revolving  the  point  of  a  very  small  tube 
about  the  stem,  at  the  center  of  a  2-iu.  pipe  in  which  a  uniform  flow 
was  maintained  when  readings  of  the  point,  pressure,  and  ring 
columns  of  the  gauge,  were  taken  with  the  point  set  at  different  angles. 
From  this  it  appears  that  a  point  having  an  exterior  which  is  a  surface 
of  revolution,  and  having  inner  walls  which  are  cylindrical,  or  an 
orifice  at  the  center  of  a  flat  plate,  transmits  the  component  of  velocity 


DISCUSSION   01^   FLOW   OF   WATER  Iiq-   PIPES.  341 

normal  to  the  plane    of  the   opening  as   velocity   head,  or  that   the      Messrs. 
velocity  thus  indicated  varies  as  the  cosine  of  the  angle  of  obliquity.     Hubbelland 

Ai:)plying  this  result  to  the  obliquity  of  impact  in  the  case  of  e°  ®  • 
the  writers'  open-trough  ratings,  it  appears  that,  allowing  for  both 
point  and  pressure  eflfect,  the  coefficients  would  be  reduced,  in  the 
worst  case,  that  of  Tube  No.  6,  less  than  — oVu  of  1%,  and  the  prob- 
ability of  this  cause  accounting  for  the  difference  of  coefficient  observed 
in  the  Darcy  and  Bazin  experiments  seems  to  the  writers  quite 
doubtful. 

Ta7ik  Eatings. — In  the  tank  ratings  of  the  writers,  as  both  point 
and  pressure  openings  were  at  the  same  distance  from  the  axis  of  revo- 
lution and  were  connected  to  the  gaiige  by  tubing  of  the  same  size 
and  length,  it  appears  that  no  correction  for  centrifugal  force  at  the 
tube  is  required,  as  both  sides  of  the  gauge  would  be  affected  alike. 
A  small  correction,  amounting  to  about  rs  of  1%,  however,  should  be 
made  for  the  different  centrifugal  effects  upon  the  two  columns  of  the 
gauge,  owing  to  its  position,  the  correction  decreasing  the  still-water 
coefficients. 

With  reference  to  the  variations  of  coefficient  on  the  oijen-trough 
ratings,  criticised  by  Mr.  Murphy,  it  may  be  added  that  these  experi- 
ments of  the  writers  were  intended  to  be  only  preliminary,  as  an 
apparatus  to  provide  a  more  uniform  motion  by  the  aid  of  a  falling 
weight  was  planned,  but,  these  preliminary  observations  proving  the 
methods  of  rating  to  be  unsuited  to  the  purpose  of  the  work,  the 
experiments  were  then  discontinued.  Such  errors  as  do  exist  are 
believed  to  be  mainly  in  the  time,  and,  as  this  was  read  continuously, 
an  error  in  one  observation  would  affect  the  next  also,  but  in  the  oppo- 
site way,  and  thus  the  averages  would  probably  be  reliable  though 
the  single  observations  were  not. 

Mr.  Horton  has  suggested  that  the  coefficients  of  meters  rated  on  a 
rigid  support  and  on  a  rope  do  not  coincide,  and  this,  as  also  the  fact 
that  ratings  on  either  support,  with  uniform  motion  and  with  variable 
motion,  give  different  results,  is  proven  by  experiments  by  one  of  the 
writers,  wherein  both  a  Price  and  a  Haskell  meter  were  rated  in  all  four 
ways,  and  all  records,  time,  distance  in  10-ft.  lengths,  and  revolutions, 
were  taken  by  chronograph,  thus  eliminating,  as  far  as  possible,  chances 
of  error. 

The  writers,  therefore,  believe  that  Conclusion  £J  is  sustained,  and 
that  an  instrument  should  be  rated  under  conditions,  as  nearly  as  may 
be,  similar  to  those  under  which  it  is  to  be  used,  and  that  dragging  an 
instrument  through  still  water  does  not  conform  with  this  condition 
when  the  apjDaratus  is  to  be  used  to  measure  running  water,  either  in 
closed  or  open  channels.* 

*  In  the  light  of  present  knowledge,  if  instruments  can  only  be  rated  by  dragging, 
the  writers  would  prefer  the  coefficients  established  by  dragging  in  opposite  directions 
in  running  water  to  those  obtained  by  dragging  in  still  water. 
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Messrs.  RESULT  F. 

Williams, 
^'renklll°''  Necessity  of  Rating. -In  view  of  the  data  presented  by  Mi-.  White, 
and  of  the  experiments  of  Messrs.  Saph  and  Schoder,  and  Adams  and 
Wilson,  wherein  instruments  of  certain  forms  were  used  with  ring- 
piezometers,  as  well  as  the  experiments  by  the  writers  regarding  obli- 
quity, jnst  referred  to,  it  seems  to  be  demonstrated  satisfactorily  that 
Conclusion  F  was  too  sweeping,  and  the  writers  agree  that,  as  i:)ointed 
out  by  Mr.  Ferris,  a  jsroper  form  of  point  opening  will  have  a  coeffi- 
cient of  unity  by  the  formula  h  =  ^r—  when  combined  with  a  ring  pie- 

^  9 
zometer  under  normal  or  nearly  normal  flow.  This  form,  apparently, 
may  be  any  one  which  presents  an  orifice  in  the  center  of  a  small  plane 
surface,  which  surface  (and  orifice)  is  normal  to  the  direction  of  flow,, 
and  this,  perhaps,  may  be  extended  to  orifices  in  large  planes.  That 
this  applies  also  to  converging  nozzles  receiving  the  impact  at  their 
larger  ends,  the  writers  are  not  so  well  satisfied,  for  it  seems  to  them 
that  there  may  reasonably  be  a  difference  between  the  conditions  of 
such  a  point,  set  in  a  jet  where  the  water  is  free  to  be  thrown  ofi"  at  all 
sides,  or  in  an  open  channel  where  the  free  surface  allows  certain 
motions  to  take  place,  and  those  conditions  existing  when  the  ai:)par- 
atus  is  in  a  closed  pipe  under  pressure. 

Were  it  not  that  in  this  paper  the  writers  have  endeavored  to  con- 
fine themselves  to  the  relation  of  fact,  rather  than  the  promulgation  of 
theory,  they  might  be  tempted  to  ofier  some  explanations  on  this  jjoint, 
but  as  such  explanations  would  be  only  theories,  not  facts,  it  is  con- 
sidered unwise  to  present  them  here.  It  may  be  said,  however,  that 
their  exi^eriments  with  flat  plates  in  closed  pipes  confirm,  under  such 
conditions,  the  experiments  and  conclusions  of  Mr.  White,  presented 
in  Figs.  113,  111  and  115,  so  far  as  the  character  of  the  results  is 
concerned. 

Eesult  C. 

Ratio  of  Mean  to  Center  Velocity. — Conclusions  C,  G  and  H  are 
intimately  related  to  the  laws  governing  the  internal  motions  of  flowing 
water,  laws  which,  unfortunately,  are  far  from  being  thoroughly  under- 
stood by  the  present  generation,  and  an  analysis  of  the  experimental 
data  bearing  thereon  leads  to  some  seeming  anomalies. 

In  Conclusion  (7  it  is  stated  that  where  observations  were  taken  at 
the  center  of  a  circular  pipe  with  a  properly  rated  tube,  if  the  flow 
were  proceeding  under  normal  conditions  at  ordinary  velocities,  the 
mean  velocity  would  be  obtained  within  '6%  of  correctness  by  multi- 
plying the  central  velocity,  deduced  by  the  formula  V=  C  -^2  q  h, 
by  0.84. 

Mr.  Mills  has  shown  (page  201)  from  his  own  experiments,  Avhich 
the  writers  believe  to  rank  among  the  most  reliable  ever  cond^lcted^ 
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tliat  tlie  ratio  of  mean  to  maximum  velocity  varies  somewhat  witli  the      Messrs. 
velocity,  the  range  given  being  from  0.8293  to  0.8589  for  velocities  Hubbeil an 
from  1  to  12  ft.  per  second  in  12-in.  pipe.      The  mean  of  this  range  is       en  e  . 
0.84-il,  and  it  is  seen  that  the  maximum  variation  from  the  value  0.84 
is  1.3"o  below  and  2.3%  above,  thus  falling  almost  within  half  the  limit 
given  by  the  writers. 

Mr.  Mills  also  gives  the  mean  ratios  for  conduits  ranging  in  diam- 
eter from  5  to  8. 75  ft.,  and  of  various  degrees  of  roughness,  for  velocities 
falling  between  2.25  and  3.65  ft.  per  second.  These  values  range  from 
0.809  to  0.861,  the  mean  being  0.835.  The  variation  from  0.84  is  3.7% 
below  in  the  case  of  a  wrought-iron  conduit  with  plates  laid  in  and 
out,  rivet  heads  projecting,  "and  much  of  the  surface  covered  with 
tubercles,"  and  a  maximum  of  2.5%  above  in  the  remainder  of  the 
series.  Omitting  the  tuberculated  conduit,  the  variation  is  from  0.8 
of  1%  to  2.5%  above  the  valne,  0.84. 

Mr.  Cole  presents  (page  283)  data  upon  this  ratio  from  his  experi- 
ments, which  he  interprets  as  being  at  variance  with  the  writers'  con- 
clusion, but,  as  is  shown  by  Messrs.  Adams  and  Wilson  (page  332), 
and  by  the  published  traverses  themselves,  in  all  cases  but  one  the 
distribution  of  velocities  was  abnormal,  and  hence  the  deduced  ratio 
does  not  fall  within  the  limits  set  by  the  writers,  and  in  the  remaining 
case,  that  of  the  16-in.pipe,  the  mean  value  is  0.844,  the  range  being 
from  0.83  to  0.86,  in  which  the  variations  are  1.2%  below  and  2.4% 
above  0.84. 

The  discussion   of  M.  Bazin  presents   further   experimental   data 

bearing  on  this  point  (pages  256  and  257).     As  is  shown  by  Messrs. 

V 
Adams  and  Wilson,  the  value  of  the  ratio,    f^,  for  the  31^-in.  conduit 

y ,. 

of  cement,  at  the  two  sections  B  and  C,  where  the  distribution  is  prac- 
tically normal,  is  0  856;  the  range  being  from  0.847  to  0.862,  or  from 
0.8  of  1%  to  2.6%  above  the  value  of  the  wi-iters. 

In  the  Darcy  experiments,  presented  by  M  Bazin  (page  262),  the 
values  of  this  ratio  are  0.817,  0.814,  0.908  and  0.826,  all  but  the  third 
being  within  3.1%  of  the  writers'  value,  and  the  third  is  questioned  by 
M.  Bazin. 

In  the  experiment  by  John  E.  Freeman,  M.  Am.  Soc.  C.  E.,  quoted 
by  M.  Bazin,  page  264,  the  ratio  is  0.835,  or  0.6  of  1%  below  the  writers' 
value. 

Finally,  in  the  experiments  of  MM.  Darcy  and  Bazin,*  are  given 
the  results  of  a  series  of  observations,  by  Pitot  tube,  of  the  central 
velocity  in  two  rectangular  closed  conduits  under  low  pressure.  The 
conduits  were  31.49  ins.  wide  and  19.68  ins.  deep,  and  18.90  ins.  wide 
and  11.81  ins.  deej),  and  the  mean  values  of  the  ratios,  for  velocities 
ranging  from  about  1  ft.  to  6.5  ft.  per  second,  are,  respectively,  0.848 
and  0.808,  a  range  from  1%  above  to  3.8%  below  the  writers'  value. 
*  "Recherches  Hydrauliques,"  pp.  168  and  170. 
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Messrs.  So  far  as  these  data  go,  Conclusion  G  seems  to  be  ami^ly  sustained 

HubbeU  and  and  to  be  fairly  apj^licable  to  the  extreme  cases  of  the  tuberculated 
Fenkell.  pjpgg  ^nd  rectangular  conduits,  but  Messrs.  Adams  and  Wilson  have 
Ijresented  some  exj)erimental  results,  apiiarently  proving  that  in  small 
smooth  pipes,  i.  e.,  2-in.  seamless  brass  tubing,  this  ratio  is  more 
nearly  0.80,  and  they  advance  the  theory  that  it  is  related  to  the  diam- 
eter of  the  pipe.  They  show  in  Table  No.  79  (Traverses  Nos.  23  to 
37,  inclusive)  fifteen  traverses  made  in  such  pipe  under  normal  condi- 
tions, wherein  the  ratio,  -^7^,  ranges  from  0.776  to  0.832,  with  a  mean 

value  of  0.798.  These  traverses  were  made  with  an  instrument.  Tube 
E,  Plate  IX,  Fig.  2,  having  only  a  jjoint  opening,  the  other  reading 
being  taken  from  the  ring  i^iezometer.  In  Table  No.  75,  Messrs.  Sajah 
and  Schoder  present  six  traverses,  Nos.  64,  66,  65,  9,  10  and  11,  made 
under  similar  conditions,  with  the  same  tube,  Avherein  this  ratio 
ranges  from  0.821  to  0.836,  with  a  mean  of  0.825,  and  they  also  give 
eleven  traverses  similarly  made  with  Tubes  F  and  G,  wherein  the 
point  is  a  surface  of  revolution,  as  specified  by  Mr.  White.  These 
are  marked  Fr  and  Gr  in  Column  1  of  Table  No.  75,  and  show  this 
ratio  to  range  from  0.795  to  0.833,  with  a  mean  value  of  0.820.  Ee- 
garding  this  difference  of  values  obtained  by  different  observers  with 
the  same  instrument,  it  is  to  be  exi^lained  that  Messrs.  Adams  and 
Wilson  divided  the  cross-section  of  the  pipe  into  concentric  rings  of 
equal  area,  as  did  the  writers,  while  Messrs.  Sai^h  and  Schoder,  who 
were  more  interested  in  the  form  of  the  velocity  curve,  divided  it  into 
concentric  rings  of  equal  width.  In  comijuting  the  discharge  from  these 
observations,  where  the  center  velocity  is  used  but  once,  it  will  be 
easily  seen  that  on  account  of  the  longer  chords  between  some  points 
of  observation,  the  former  will  give  a  lower  value  for  the  mean  velocity 
than  the  latter,  wherein,  because  of  the  shorter  chords,  only  a  very 
small  correction  is  required  to  provide  for  the  areas  outside  of  the  poly- 
gon of  velocities.  This  explanation  is  borne  out  by  the  fact  that, 
whereas  the  coeflficient  of  Tube  E,  as  obtained  by  the  method  of  the 
former  observers,  is  1.039,  by  that  of  the  latter  it  is  1.017,  whence  the 
value  of  F^j,  and,  consequently,  its  ratio  to  V^  should  be  increased  by 
about  2%  to  reduce  the  work  of  the  former  to  the  same  basis  as  that 
of  the  latter,  which  is  more  nearly  that  of  the  writers;  this  would 

make  the  value  of    the   ratio    ^"-,    by  the   former   observers,   0.815. 

Messrs.  Saph  and  Schoder  have  also  presented,  in  Table  No.  75,  the 
record  of  the  same  eleven  traverses  with  Tubes  F  and  G,  where  the 
velocity  is  comjmted  from  the  point  and  pressure  readings,  and  these 
show  the  ratio  to  range  from  0.788  to  0.831,  the  mean  being  0.817. 
Considering  also  the  values  of  the  ratio  in  the  7^ -in.  pipe  of  Darcy 
(page  262)  the  smaller  rectangular  conduit  of  Darcy  and  Bazin,  and 
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the  14 -in.  pipe  of  Freeman,  it  seems  that  the  contention  of  Messrs.      Messrs. 

....     Wimams, 
Adams  and  Wilson  is  borne  out,  and  that  the  ratio  is  less  in  small  H>ibbeilancl 

than  in  large  pipes,  but,  nevertheless,  the  values  derived  when  V„^  is      '  ^n  e  . 
obtained  by  the  method  used  by  the  writers  fall  within  the  limits  set 
by  them,  even  in  these  extreme  cases. 

In  establishing  an  accurate  value  of  this  ratio,  however,  there  is 
still  another  point  to  be  considered.  The  work  of  Messrs.  Adams  and 
Wilson  (page  327)  shows  that  when  water  passes  from  a  larger  to  a 
smaller  i:»ipe  the  arrangement  of  velocities  is  disturbed,  and,  while 
the  distribution  remains  symmetrical  with  respect  to  the  axis  of  the 

V 
pipe,  the  side  velocities  are  increased  and  the  ratio  -j—    consequently 

'^  c 

increased.  This  is  confirmed  by  the  traverses  of  M.  Bazin  at  Shaft 
A  (page  256),  and  by  those  of  John  R.  Freeman,*  M.  Am.  Soc.  C.  E., 
wherein  a  ratio  of  0.970  was  obtained  at  the  outlet  of  a  conical  nozzle. 
Messrs.  Saph  and  Schoder  show,  in  Fig.  125,  and  in  Column  7  of  Table 
No.  75,  that  vertical  traverses,  through  a  jjipe  in  which  the  water  has 
recently  been  deflected  horizontally  by  a  curve,  show  similar  charac- 

V 
teristics,  to  the  extent  of  a  high  value  of  — ^.       So  far  as  the   writers 

are  aware,  there  is  no  information  relating  to  the  distribution  of  veloc- 
ities where  the  stream  has  flowed  from  a  smaller  into  a  larger  pipe, 
except  in  the  case  of  a  Venturi  meter,  where  the  law  of  the  contrac- 
tion holds;  but  such  cases  are  comparatively  rare  in  practice.  The 
disturbances  ordinarily  occurring  are  produced  by  contractions,  by 
curves,  or  by  openings  in  the  pipe  wall,  the  eff'ects  of  which  latter  the 
writers  (see  page  67)  have  found  to  be  similar  in  nature  to  those  due 

to  curves.     It  is  evident,  therefore,  that  if  the  ratio, -^,  is  abnormal 

from  any  of  these  causes  in  a  symmetrical  traverse,  its  value  will  be 
high,  and  it  follows  that  the  normal  value  of  it  is  to  be  looked  for 
among  the  lower  rather  than  the  higiier  results.  Thus,  considering- 
all  the  data,  the  writers  believe  the  value,  0.84,  to  be  sustained  as  an 
approximation  within  the  established  limits,  but  would  add  that  for 
absolutely  normal  flow  they  would  expect  it  to  fall  below  this  figure, 
even  as  low  as  0.81,  and,  in  cases  of  symmetrical  distortion,  to  have 
any  value  from  this  to  unity.  The  values  to  be  expected  in  cases  of 
unsymmetrical  distortion  are  shown  in  Table  No.  75  for  locations  near 
the  curves.  It  also  appears,  from  Mr.  Mills'  experiments  and  those 
of  Darcy,  that  roughness  of  the  bounding  surface  decreases  this  ratio, 
and  in  this  may  lie  the  cause  of  small  pipes  showing  lower  values 
than  larger  ones,  as  the  roughness  of  a  small  smooth  pipe,  rela- 
tively to  its  diameter,  may  be  greater  than  that  of  a  large  rough 
pipe. 

Transactions,  Am.  Soc.  C.  E.,  Vol.  xxi,  pp.  416  and  417. 
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Messrs.  Result  H. 

Williams, 

Fenkell.  The  Velocity  Curve. — -In  Oouclusion  i7\vas  presented  the  derivation 

of  the  ellipse  as  the  approximate  form  of  the  normal  curve  of  veloc- 
ities in  straight  circular  pipes.  This  conclusion  is  strongly  suj)ported 
by  the  analysis  jjresented  in  the  discussion  by  M.  Bazin,  and  Mr. 
Tutton  has  deduced,  from  certain  assumptions  involving  the  molecu- 
lar motions  of  the  water,  an  eQ[uation  leading  to  the  ellipse  as  this 
curve,  but,  iinfortunately,  based  upon  a  flow  in  straight-line  fila- 
ments. 

V 

The  conclusion  of  the  writers  was  based  upon  the  ratio,  -j^,  asestab- 

kp 

lished  above,  and  the  additional  observed  facts  that  the  minimum 
velocity  was  about  half  of  the  maximum,  and  that  when  plotted  the 
curve  conformed  closely  to  the  ellipse,  wherein,  as  pointed  out,  with 
the  minimum  velocity  equal  to  half  of  the  maximum,  this  ratio  would 
be  0.83i^.  However,  as  the  value  of  this  ratio  may  be  actually  be- 
tween 0.81  and  0.82,  a  dome  generated  by  revolving  half  a  cycloid 
about  its  directrix,  seems  to  fit  the   case  fully  as  well,  and,  for  the 

above  conditions,  gives— ^^  =  0.8125.     The  cycloid,  moreover,  can  be 

accounted  for  without  involving  the  assumption  of  rectilinear  flow  or 
the  coefficient  of  viscosity.  It  seems  quite  probable  that,  whatever 
curve  exists  in  pipe,  it  is  the  same  as  that  in  open  channels  under 
normal  flow — a  rare  condition  in  the  latter — and  since  the  former  is 
very  evidently  not  a  parabola,  it  seems  doubtful  that  the  latter  can  be. 
To  those  interested  in  the  flow  in  open  channels,  the  studies  of  the 
effect  of  disturbances  in  pipes,  contained  in  the  last  two  discussions, 
together  with  M.  Bazin's  presentation  of  the  effect  of  the  free  surface 
upon  the  velocity  curve,  should  prove  highly  valuable. 

Result  G. 

Pressure  Variation. — Conclusion  G,  that  the  pressure  in  straight 
pipe  is  not  always  the  same  at  all  points  around  the  circumference  of 
the  same  cross -section,  is  based  first  upon  the  experimental  evidence 
in  the  16-in.  pipe  investigation,  discussed  on  page  158  and  shown  in 
Fig.  77.  No  discussion  has  been  submitted  containing  direct  addi- 
tional evidence  upon  this  particular  point.  All  the  Pitot-tube  work 
shows  that  the  comiJouents  of  velocity  parallel  to  the  axis  of  the  pipe 
vary  from  point  to  point  throughout  the  cross-section,  and  that  changes 
of  that  component  of  velocity  take  place  at  each  individual  point 
under  distorting  influences.  If  these  components  represent,  or  are 
proportional  to,  the  total  velocity  in  each  part  of  the  fluid,  it  follows 
from  the  Law  of  Conservation  of  Energj-,  since  all  the  water  in  the 
cross-section  was  originally  started  on  its  course  under  the  influence 
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of  the  same  head,  that  if  velocity  and  consequently  velocity  head  be      Messrs. 
increased,  pressure   must  be   decreased,  unless  the   elevation    of   the  Hubbell  and 
stream  above  datum   be  decreased,  whether   a  single  particle  or  the     Fenkeli. 
whole  stream  be   considered,  and,  therefore,  that  the  pressure  must 
vary  throughout  the  cross-section,  a  conclusion  which  is  confirmed  by 
the  most  obvious  interpretation  of  a  large  number  of  experiments. 
The  experiments  of  Messrs.  Adams  and  Wilson,  and  Saph  and  Schoder, 
as  well  as  some  of  those  of  the  writers,  prove  pretty  conclusively  that 
a  properly  formed  point  combined  with  a  ring  piezometer  gives  read- 
ings the  summation  of  the  deduced  velocities  of  which  amount  to  the 

V' 
true  discharge,  on  the  theory  used  by  the  writers  that  h  —  ^ — ,  without 

introducing  a  coefficient,  as  has  been  demonstrated  in  the  case  of  a  jet 

and  in  ojien  channels  by  Mr.  White.*   This  being  true,  the  acceptance 

of  varying   pressure   through oiit    the   cross-section,    which   pressure 

varies  inversely  as  the  velocity  head  leads  to  some  complications,  if 

F^ 
one  undertakes  to  maintain  that  the  point  effect  is  — — .  Another  inter- 

2g 

esting  circumstance  is  the  reading  given  by  two  conical  i)oints,  one 
receiving  the  impact  of  a  current  in  a  closed  pipe  and  the  other  di- 
rected down  stream.  Theoretically,  it  might  be  expected  that  the  dif- 
ference between  their  readings  would  be  — — ,  and  this  alleged  fact  is 

"Z  g 

the  basis  of  the  claim  for  a  patent  granted  for  such  a  device  some  years 
ago,  but,  experimentally  or  practically,  nothing  of  the  kind  happens 
with  this  form  of  apjiaratus. 

Regarding  the  question  of  the  proper  formula  for  the  Pitot  tube, 
the  writers  are  not  yet  entirely  satisfied,  and  while  fully  aj^preciating 
Mr.  Frizell's  efforts  to  clear  the  matter  up  fj^age  242),  they  yet  prefer  to 
leave  the  question  where  they  left  it  before,  that,  practically,  it  makes 
little  difference  in  the  reduction  of  results,  whether  a  tube  reading 

actually  is  - —  or  — .     The  discussion^presented  by  Mr.  Seddon  gives 

excellent  reason  to  believe  that  there  is  a  large  account  of  internal 
forces  to  be  balanced  before  the  laws  of  flow  will  be  fully  understood, 
and  until  those  forces  have  been  more  fully  investigated,  too  rigid 
laws  had  best  not  be  laid  down. 

Result  /. 

Extent  of  Effect  of  Disturbances. — All  the  facts  brought  out  in  the 
discussion  bearing  upon  Conclusion /corroborate  the  experiments  of 
the  writers  in  demonstrating  that  the  effect  of  a  disturbance  extends 
many  diameters  beyond  the  point  of  interference. 

*  Journal  of  the  Association  of  Engineering  Societies,  August,  1901,  page  57,  et  seq. 
See,  also,  in  this  connection,  Encyc.  Brit.,  IX  Ed.,  article  "Hydromechanics,"  pages 
516  and  517. 
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Messrs.  The  actual  distance  required  for  an  abnormal  distribution  of  veloc- 

Wilbams,     ...       ,      ,  .  , 

Hubbelland  ities  to  become  again  normal  varies  greatly  with  the  nature  and  form 

®  '■     of  tlie  obstruction  which  causes   the  distortion.     Messrs.  Adams  and 

Wilson  show,  by  their  own  work  on  2  and  5-in.  pipe,  and  by  M.  Bazin's 

experiments  on  31J-in.  pipe,  that  the  effect  of  a  contraction,  either 

cycloidal  or  with  square,  sharp  edges,  extends  only  about  35  diameters 

down   stream,  and   at   this  distance  is   independent  of  the   velocity. 

Traverses  A,  B,  Cand  JD  (Table  No.  8)  were  made  by  the  writers  in  a 

12-in.  pipe,  30  diameters  down  stream  from  a  16  X  12-in.  reducer  (about 

2  ft.  long),  and  the  ratio  of  mean  to  center  velocity  is  approximately 

0.80,  indicating  that  the    distribution  of  velocities  is  nearly  if  not 

quite  normal. 

Regarding  the  distortion  jiroduced  by  curves,  the  writers  conchided 

that  it   disappeared   in   less  than   295  diameters   in  30-in.  jjipe,  and 

Messrs.  Saph  and  Schoder,  in  their  discussion  (pages  302  and  317), 

show  that  such   distortion  extends  for  about  180  diameters  in  2-in. 

pipe.     Reasoning  by  analogy,  from  the  ajji^arent  non-effect  of  diameter 

of  pipe  in  the  case  of  symmetrical  distortion,  it  appears  that  this 

length  would  be  substantially  the  same  in  large  as  well  as  in  small 

pipes. 

Result  K. 

Effect  of  Curvature. — The  final  Conclusion  K,  may  be  re-stated  in 
the  following  more  explicit  language: 

In  a  given  length  of  pipe  consisting  of  two  tangents  joined  by  a 
curve  of  90°,  the  loss  of  head  will  decrease  as  the  radius  of  the  curve 
is  decreased,  to  a  limit  of  about  2i  diameters,  and  will  increase  as  the 
radius  is  increased  above  that  limit,  the  total  length  remaining  the  same. 
It  may  be  extended  as  follows,  for  the  range  of  these  experiments, 
at  least : 

To  unite  two  points  on  two  tangents  intersecting  at  90°,  and 
equally  distant  from  their  intersection,  by  a  pipe  line  consisting  of 
portions  of  the  two  tangents  and  a  curve  of  90°,  the  line  of  least  hy- 
draulic resistance  will  be  one  in  which  a  curve  of  about  2\  diameters 
radius  is  used.  The  latter  is  the  practical  problem,  and  from  it,  it 
appears  at  once  that  the  saving  of  head  due  to  the  shorter  lines  when 
a  long-radius  curve  is  used  is  more  than  compensated  by  the  increased 
resistance,  due  to  the  longer  curve.  This  conclusion  is  based  upon 
experiments  ujion  30-in.  and  12-in.  pipe,  with  curves  of  radius  varying 
from  1.08  to  24  diameters.  Against  this  conclusion,  the  following 
criticisms  have  been  j)resented: 

By  Mr.  Henry:  That  it  is  foolish  and  illogical  and  contradictory  to 
preceding  experiment. 

By  Professor  Church:  That  the  results  are  modified  by  variations 
of  diameter  at  the  j^iezometer  openings  whence  the  losses  of  head  are 
obtained. 
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By  Mr.  Sherman  and  Mr.  Kuicliling:  That  the  effect  of  the  num-      Messrs. 
ber  of  joints  has  not  been  considered,  and  that  the  locations  of  the  Hubbelland 
piezometric  openings  were  such  as   to  render  them  likely  to  gather       ®°  ^  ■ 
air. 

By  Mr.  Tntton :  That  the  piezometric  indications  may  be  affected 
by  the  distortions  of  the  internal  velocities  which  may  not  have 
become  readjusted  to  normal  conditions  at  all  the  piezometric 
openings. 

By  Mr.  Campbell  and  Mr.  Gould:  That  the  shorter  length  of  the 
long  curve  line  compensates  in  part  for  curve  loss,  and  practically  and 
economically  may  be  the  best  Kne. 

Eegarding  the  criticism  of  foolishness  and  illogicalness  offered  by 
Mr.  Henry,  the  discussions  of  Mr.  Wisner,  Mr.  Campbell,  Mr.  Brinck- 
erhoif  and  M.  Bazin,  are,  it  seems  to  the  writers,  sufficient  refutation. 
As  to  the  contradictions  in  former  experiments,  some  comparisons 
will  be  presented  later. 

Diameters. — In  the  matter  of  the  diameters  at  piezometric  orifices, 
the  writers  regret  that  at  the  time  the  line  was  laid,  the  importance 
of  this  subject  was  not  appreciated,  for  it  would  not  have  been  diffi- 
cult, in  the  case  of  the  30  in.  pipe,  to  have  obtained  actual  measiire- 
ments,  though  it  could  not  have  been  so  easily  accomplished  with  the 

TABLE  No.  85.— Campekings  of  30-Inch  Pipes. 


Pipe  No.  1. 

Pipe  No 

.2. 

Position. 

Calipering. 

Mean. 

Calipering. 

Mean. 

Hub 

30i>8  X  30 
30      X  29ii 
30      X  29i§ 
30      X  29| 
30i    X30 
m    XSOf's 
30i»g  X  30,'s 
30^    X30 
30^'s  X  30 
30      X  30 
30      X  30 
30      X  30 
30      X  30 

30.031 
29.906 
29.969 
29.938 
30.062 
30.09~4 
30.062 
30.062 
30.031 
30.000 
30.000 
30.000 
30.000 

291    X  29| 
29i    X29i% 
29i^   X  29| 

29"  X  29-1 
294    X  29J 
291^  X  29i 
293    X29J 
29s    X  293 
291    X29J 

29.687 

1  ft.  from  hub 

2"        "      "     

3"        "      "     

4  "        "      "     

5"        "      "     

6"        "      "     

7  "        '•       "     

8"        "      "     

9"        "      "     

10  "        "       '■     

11  •'        "      "     

Spigot 

39.531 
29.563 
29.594 
29.562 
39.594 
29.687 
29.656 
29.7.50 
29.087 
29.687 
29.687 
29.750 

Mean  of  all  measurei 
"      "  eight  end  me 
Maximum  mean  diar 
Minimum       " 

30.0119 
29.9843 
30.094 
29.906 

29  6489 

asurements 

aeter 

29.6638 
29.750 
29.. 531 

16  and  12-in.  pipes.  In  Tables  Nos.  51,  52  and  58  accompanying 
the  discussion  by  Professor  Church  there  are  presented  com- 
putations  of    the  iDercentage   errors  in   the   results   for  the  several 
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Messrs.  experimental  sections,  based  upon  tlie  assumption  tliat  the  diame- 
Hubbefuind  't^r  at  tlie  piezometric  orifice  is  the  mean  of  the  eight  diameters 
Fenkell.  measured  in  the  length  of  pipe  where  it  is  situated,  from  which  it 
ajipears  that  for  the  curve  sections  no  error  so  great  as  1%  is  intro- 
duced, and,  as  the  extreme  limits  of  diameters  that  are  given  were  in 
many  cases  in  the  specials  themselves,  while  the  straight  lengths  con- 
formed more  closely  to  the  mean,  the  writers  believe  the  results  in 
these  tables  to  be  a  close  ajiproximation  to  the  truth.  As  to  how 
closely  the  mean  of  the  eight  measurements  may  be  expected  to  coin- 
cide with  the  mean  diameter,  determined  by  caliperings  at  right  angles 
of  thirteen  sections,  1  ft.  apart,  in  30-in.  pipe,  the  writers  present  the 
data  in  Table  No.  85,  obtained  from  two  jii^Des  left  over  from  the 
30-in.  line,  they  being  all  that  remained  of  that  lot  when  the  point 
was  raised. 

Piezomelric  Opening. — In  reference  to  the  location  of  the  piezo- 
metric opening,  whether  it  be  a  single  point  at  the  zenith  of  the  sec- 
tion or  elsewhere,  or  be  four  or  more  openings  symmetrically  distrib- 
uted about  the  circumference,  the  writers  have  no  doubt  that  the  last 
is  the  preferable  form  for  straight-pipe  work,  but  it  is  also  consid- 
erably more  expensive  than  the  single  opening,  and  at  the  time  this 
work  was  planned,  the  writers  never  having  had  the  benefit  of  the 
direction  of  anyone  more  experienced  in  this  line  of  experiment  than 
themselves,  did  not  foresee  all  the  conditions  that  were  to  be  encoun- 
tered, and  therefore  adopted  what  then  seemed  to  be  both  an  econom- 
ical and  a  satisfactory  construction.  It  was  not  until  near  the  com- 
pletion of  the  30-in.  exiieriments  of  1898  that  the  observations  iipon 
the  16-in.  pipe,  presented  in  Fig.  77,  proved  conclusively  that  in 
straight  pipe  a  considerable  difference  of  pressure  might  exist  at  the 
two  extremities  of  the  same  horizontal  diameter.  That  a  difference 
of  pressure  amounting  to  0.025  in.  of  water  would  exist  at  the  two 
sides  of  a  16-in.  pipe  which  was  straight  for  213  ft.  preceding,  when 
there  was  no  following  contraction  of  the  cross-section,  was  certainly 
unexpected.  As  soon  as  the  distortion  of  the  velocity  distribution, 
caused  by  curvature,  was  discovered,  which,  fortunately,  was  on  the 
very  first  day  of  the  30-in.  experiments,  it  was  realized  that  this  dis- 
tortion would  very  probably  be  accompanied  by  a  change  of  j^ressure 
conditions  throughout  the  cross-section.  The  preparations  for  the 
experiments  did  not  include  provisions  whereby  the  extent  to  which 
these  distortions  were  carried  beyond  the  curves  could  be  determined, 
but  it  was  evident  that  certain  piezometric  openings  were  within  the 
range  of  the  disturbance,  though  it  was  also  siirmised  that,  since  the 
disturbance  of  the  velocity  was  probaV>ly  greatest  along  the  horizontal 
diameter,  it  would  be  least  along  the  vertical,  and,  therefore,  the 
pressure  in  the  layer  of  water  next  to  the  wall  at  the  extremities  of 
the  vertical  diameter  would  be  affected  very  little,  if  at  all,  by  the 
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disturbances  caused  by  the  curves,  wliicli  were  in  every  case  liori-      Messrs. 

Williiinis 
zontal.     That   this  last    reasoning  was   not   entirely  correct  appears  Hubbell  and 

from  the  work  of  Messrs.  Saph  and  Schoder,  who  find  a  considerable  ^*'"'^'<''i- 
acceleration  of  the  velocities  near  the  walls  in  a  plane  normal  to  the 
direction  of  curvature,  but,  from  the  same  experiments,  it  seems 
doubtful  whether  the  location  of  the  opening  proposed  by  Mr.  Sher- 
man, 45-  from  the  vertical,  would  have  given  more  reliable  results 
than  the  one  at  the  zenith  used  by  the  writers;  and,  further,  it  seems 
even  doubtful  if  much  better  results  could  have  been  obtained  from 
four  orifices,  however  they  miglit  have  been  located.  The  general 
principle  underlying  the  use  of  piezometric  orifices,  in  a  stationary 
pipe  or  channel  wall,  is  that  only  readings  of  such  orifices  can  be 
compared  directly  for  loss  of  head  when  they  are  so  situated  that  the 
absolute  velocity  of  the  particles  of  water  in  the  film  adjacent  to  them 
is  the  same  at  all  the  points  which  are  thus  compared.  The  criticism 
of  Professor  Church  was  based  upon  this  principle,  and  the  same  or 
similar  inaccuracies  may  be  introduced  by  irregularities  of  the  distri- 
bution of  the  velocities  as  are  due  to  actual  changes  of  mean  velocity 
caused  by  variations  of  diameter. 

Ai7\ — The  presence  of  air  in  the  gauge  connections  caused  more  or 
less  trouble  throughout  the  work,  but  great  care  was  taken  to  detect 
its  jDresence  and  remove  it.  By  always  having  at  least  three  instru- 
ments the  indications  of  which  were  related  by  known  laws,  and  by 
making  comparisons  at  each  change  of  head,  it  was  usually  possible 
to  detect  and  locate  errors  promptly,  and  the  connections  were  at 
once  blown  oflf  and  shaken  out  whenever  the  pressure  of  air  was  indi- 
cated. The  log  of  the  experiments  of  August  13th  and  11th,  1898, 
presented  on  Plate  VI,  shows  instances  when  air  interfered  with  the 
observations  and  was  removed  by  shaking  out. 

Joints. — When  it  is  attempted  to  consider  the  effect  of  the  number 
of  joints  in  the  several  curves,  the  indications  are  complicated  by  the 
presence  of  gates  and  specials,  and  by  the  possible  errors  of  indication 
of  i^ressure  due  to  distortion. 

Column  9  of  Table  No.  21  shows  the  number  of  joints  in  each 
experimental  section  of  the  30-in.  pipe,  from  which  it  appears  that, 
excepting  the  last  curve,  the  number  ranged  from  21  to  27  in  the 
200-ft.  curve  sections,  and  it  seems  probable,  therefore,  that  the 
relative  change  due  to  them  would  be  small.  Similar  data  for  the 
16  and  12-in.  lines  are  given  in  Tables  Nos.  29  and  33.  In  the  12-in. 
pipe  line  the  two  3-ft.  radius  curve  sections,  the  2-ft.  radius,  and  the 
1.08-ft.  radius  curve  sections  each  contained  ten  joints,  and  the 
results,  with  the  single  exception  discussed  in  the  original  paj^er 
(page  182),  checked  the  30-in.  work  very  well.  While  they  Avould  not 
argue  that  the  number  of  joints  has  no  effect  on  the  loss  of  head,  the 
writers  do  feel  warranted  in  expressing  the  opinion  that  the  effect  of 
joints  upon  the  relative  values  of  the  curve  resistance  is  insignificant. 
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Messrs.  Distortion  Effects. — Eetiirning  again  to  the  effect  of  distortion  upon 

Hubbeil  and  the  piezometric  indications,  it  is  to  be  remarked  that  distortion  seems  to 

Feukell.  ^^  produced  most  naturally  by  an  increase  of  velocity  in  the  particles  of 
the  stream,  since  they  have  to  move  transversely  as  well  as  longitudi- 
nally to  produce  it,  the  mean  velocity  in  the  direction  of  the  axis  of 
the  pipe  remaining  constant,  and  hence,  as  absolute  velocity  must 
increase,  pressure  must  decrease  and  an  indication  by  a  ring  piezom- 
eter, at  a  point  where  distortion  is  changing,  will  be  low.  This  is 
confirmed  by  the  experimental  data  jiresented  by  Messrs.  Saph  and 
Schoder  in  Columns  7  and  12  of  Table  No.  78,  wherein  are  given  the 
observed  excess  losses  of  head  over  an  equal  length  of  straight  pipe 
for  the  several  sections,  and  it  will  be  seen  that  the  excess  for  the 
section  B  J,  which  includes  all  the  others,  is  less  than  that  for  any  of 
the  preceding  ones,  therefore  proving  that  the  piezometers  within  the 
range  of  distortion  were  reading  low  by  varying  amounts.  Comment- 
ing on  these  results,  the  observers  expressed  the  opinion  that  a  length 
of  200  diameters  of  pipe  isnecessary  to  eliminate  the  distortion  produced 
by  a  curve,  and  they  argue  that  therefore  the  writers'  results  are  more 
or  less  in  error.  Turning  to  Figs.  124  and  125,  it  is  seen  that  the 
distortion,  both  in  the  curve  and  in  the  following  tangent,  passes 
through  different  and  quite  distinguishable  phases,  the  phases  occur- 
ring in  inverse  order  in  the  tangent  from  that  in  which  they  are  pro- 
duced in  the  curve.  The  conclusion  of  the  observers  evidently  refers 
to  the  case  of  the  phase  or  degree  of  distortion  represented  at  the 
outlet  of  the  curve,  which,  as  it  seems  to  be  almost  the  same  as  at  the 
boss  15^  up  stream,  may  be  called  complete  distortion,  and  is  some- 
what of  the  nature  of  that  shown  in  Fig.  11,  but  quite  different  from 
that  of  Fig.  12,  which  resembles  much  more  closely  the  condition 
at  Boss  2,  near  the  inlet  of  the  curve.  Now,  the  condition  of  Boss  2, 
by  the  position  of  the  point  of  maximum  velocity,  coincides  with  that 
at  about  Piezometer  No.  6  on  the  tangent,  which  is  17  diameters  from 
the  P.  T.  of  the  curve.  So  it  would  be  expected  that  if  200  diameters 
are  required  to  eradicate  the  more  complete  distortion  of  Fig.  11,  only 
183  diameters,  or  457  ft.,  would  be  required  in  the  case  of  the  distor- 
tion of  Fig.  12,  and  as  the  former  represents  the  distortion  of  a  40-ft. 
radius  curve,  and  the  latter  of  a  15-ft.  radius  curve,  the  distances 
required  for  the  distortions  jn'oduced  by  the  small  comj^ound,  the 
10-ft.  radius  and  the  6-ft.  radius  curves  would  probably  be  still  less. 

Distortion,  and  Reversing  Curves. — The  effect  of  reversed  curves  is 
also  to  be  considered  in  dealing  with  the  writers'  piezometers.  It  is 
quite  easy  to  conceive  that  if  immediately  after  leaving  the  curve,  with 
the  distortion  shown  in  Fig.  124,  the  stream  had  passed  into  a  second 
exactly  similar  curve,  of  proper  length,  turning  in  the  opposite  direc- 
tion, the  water  would  have  emerged  from  the  latter  without  any  dis- 
tortion whatever,  and  experiments  with  theVenturi  meter  immediately 
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beyond  a  curve  showed  tlie  distortion  due  to  curvature  to  be  almost  -^y-fiflJ^s^ 
entirely  eliminated  after  passing  the  meter.  Referring  now  to  the  30-  Hiibbell  and 
in.  line  of  the  writers,  as  shown  in  Fig.  23,  it  is  seen  that  there  are  three 
reversals  of  direction  with  quite  short  intervening  tangents,  these  being 
made  by  the  first  six  curves,  and  it  seems  quite  safe  to  supi^ose  that  the 
water,  on  leaving  the  second  of  each  pair  of  curves,  is  not  distorted  to 
such  a  degree  as  to  require  200  diameters  for  what  distortion  is  left  to 
disappear.  These  three  curves  are  followed  by  129,  144  and  122  diame- 
ters of  straight  pipe,  respectively,  before  the  inlet  piezometer  of  the  fol- 
lowing ciirve  is  reached,  and,  in  view  of  the  fact  that  in  the  last  two 
cases  the  second  curve  is  of  somewhat  less  curvature  than  the  first,  the 
writers  believe  that  the  error  of  the  piezometric  indication  due  to  dis- 
tortion will  be  quite  insignificant  in  these  three  cases,  except  perhaps 
in  the  first,  though  they  admit  that  the  so-called  down-stream  piezome- 
ters of  the  200-ft.  curve  sections  were  in  each  case  affected;  but,  for  the 
shorter  curves,  the  effect  was  probably  less  than  for  the  longer  ones. 
This  at  once  assists  in  rectifying  somewhat  the  plotting  of  Fig.  90. 

Gorreciions  to  Fig.  90. — It  is  to  be  assumed  that  the  inlet  piezometer 
of  the  first  large  compound  curve  read  correctly,  but  the  outlet  un- 
doubtedly read  low,  so  that  the  apparent  loss  in  this  curve  was  too 
great,  and,  consequently,  Point  4  should  be  brought  nearer  to  Point  3. 
The  inlet  of  the  second  large  compound  curve  read  low,  as  did  also 
its  outlet,  by  a  greater  amount,  so  that  Point  3  is  somewhat  too  high. 
The  inlet  of  the  60-ft.  radius  curve  probably  read  very  nearly  right, 
but  the  outlet  read  relatively  very  low,  so  that  Point  1  on  the  diagram 
should  be  lowered  considerably.  The  inlet  of  the  40-ft.  radius  curve, 
being  only  5  ft.  from  the  P.  T.  of  the  60-ft.  radius  curve,  read  much 
lower  than  the  down-stream  piezometer  of  this  section,  so  that  Point 
2  should  be  raised.  As  the  40-ft.  radius  and  long  compound  curves 
are  of  almost  exactly  the  same  length,  while  the  former  contains  a 
gate,  it  follows  that  Point  2  should  fall  above  Point  3.  The  inlet  to 
the  25-ft.  radius  curve  probably  gave  a  correct  indication,  while  the 
outlet  was  low,  as  was  also  the  inlet  of  ^he  small  compound  curve,  by 
a  greater  amount  than  was  its  outlet,  so  that  Point  5  shoiild  be  lowered 
and  Point  7  raised.  The  indications  of  the  remaining  30-in.  curves 
are  probably  high,  so  that  Points  6a,  8  and  14  should  be  lowered 
slightly,  the  efi"ect  of  all  these  changes  being  to  drop  the  portion  of 
the  locus  near  the  origin  a  little  and  to  cause  the  right-hand  extremity 
to  run  more  nearly  parallel  with  the  axis  of  abscissas,  all  the  points 
except  No.  4  (which  is  affected  by  specials)  now  coinciding  quite  closely 
with  the  line.  If,  in  this  connection,  the  computations  presented  by 
Professor  Church  in  Table  No.  54  be  worked  out  for  the  second  large 
compound  curve,  using  the  value  of  loss  of  head  originally  given,  the 
quantity  in  Column  (f)  of  that  table  becomes  1.6433,  which,  as  the 
curves   are  of  the  same  length,  may  replace  the  value  for  the  40-ft. 
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•Messrs.      radius  curve,  and  is  seen  to  conform  more  closely  to  the  other  values 
HubbeU™nd  than  does  that  of   1.478  obtained  from  the  latter,  thus  showing  the 
Fenkeil.     ^Q-ft.  radius  curve  resistance,  as  originally  given,  to  be  very  probably 
low,  and  confirming  the  foregoing  assumi^tions  to  that  extent. 

Applying  similar  reasoning  to  the  16-in.  curve  experiments,  the 
Ijiezometer  at  the  inlet  of  the  5-ft.  radius  curve,  which  was  preceded 
by  47-3  ft.  of  straight  jsipe  without  specials,  undoubtedly  gave  a  correct 
indication,  Avhile  the  outlet  read  low,  thus  giving  this  curve,  like  the 
first  on  the  30-in.  line,  a  high  apparent  resistance.  For  the  compound 
curve,  the  readings  of  the  inlet  and  the  outlet  were  probably  about 
equally  affected,  being  at  nearly  equal  distances  from  the  outlets  of 
curves  of  nearly  the  same  mean  radii,  so  that  the  observed  loss  is 
probably  nearly  correct,  but  the  inlet  to  the  Army  tangent  reading 
low,  while  its  outlet,  being  over  260  diameters  from  the  curve,  read 
correctly,  makes  the  loss  in  this  section,  to  which  the  curves  are  com- 
pared, too  low,  so  that  their  excesses  are  high  and  Points  13  and  10  on 
Fig.  90  should  be  lowered,  bringing  them  into  closer  coincidence  with 
the  30-in.  experiments.  The  specials  ia  the  Porter  tangent,  and  the 
additional  faot  that  its  inlet  was  probably  affected  by  a  16  x  12-in.  Y, 
about  6  ft.  up  stream,  renders  it  impossible  to  deduce  from  the  16-in. 
experiments  any  more  concrete  results. 

On  the  12-in.  line,  the  chances  seem  to  be,  as  claimed  by  Messrs. 
Saph  and  Schoder,  that  the  piezometers  at  the  outlets  of  all  the  curves 
gave  low  indications,  and  that  those  at  the  inlets  of  the  4-ft  and  1.08- 
ft.  radius  curves  also  were  affected,  on  account  of  the  preceding  gates, 
the  effect  of  the  latter  being  possibly  to  increase  the  readings  on 
account  of  the  retardation  of  the  velocity  at  the  top  of  the  pipe.  From 
this  it  would  appear  that  the  observed  losses  for  all  these  curves  are 
too  high,  and  that  the  error  may  be  greater  in  the  cases  of  the  4-ft.  and 
the  1.08-ft.  radius  curves,  so  that  Points  9,  11,  12,  15  and  16  on  Fig.  90 
should  be  lowered. 

Confirmation  from  other  Experiments. — Regarding  the  locus  pre- 
sented by  Mr.  Horton  in  Fig.  112,  the  writers  are  unwilling  to  admit 
that  portion  of  it  beyond  Point  14,  as  its  passing  through  the  origin 
involves  the  assumption  that  a  right-angled  deflection,  as  formed  by 
two  intersecting  cylinders,  would  give  no  excess  resistance  over  a 
straight  pipe.  On  this  point  the  experiments  of  Weisbach,  all  o£ 
which  were  made  upon  curves  of  less  than  2  diameters  radius,  includ- 
ing the  right-angled  elbow,  confirm  the  indications  of  the  writers'  ex- 
periments that  from  a  radius  of  0  diameter  to  one  of  about  2 J  diameters 
the  resistance  decreases  as  the  radius  increases.  Weisbach's  formula,. 
as  stated  by  Mr.  Campbell,  shows  that  the  curve  of  increase  of  resist- 
ance becomes  so  flat  after  passing  the  2-diameter  point  that  little  is 
to  be  gained  by  using  a  radius  greater  than  5  diameters,  and  the  con- 
clusion is  that,  for  practical  purposes,  the  line  soon  becomes  asymp- 
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totic   to   the   axis   of   abscissas.     Had   Weisbacli's   experiments   been      Messrs.  • 
extended  to  curves  of  greater  radius,  he  probably  would  have  found  piubbell  and 
that  instead  of  an  asymptote  he  had  a  minimum  with  a  branch  curving     Fenkell. 
upward.     The  form  of  the  writers'  curve  for  the  higher  radii  confirms 
the  result  of  the  experiments  upon  2|-in.  hose,  made  in  1888  by  John 
K.   Freeman,*  M.    Am.   Soc.  C.  E.,  and  presented  to  this  Society  in 
1889,  wherein  it  was  found  that  decreasing  the  radius  of  curvature 
from  14.4    diameters   to   12   and   then   to   9.6   diameters    caused   the 
excess  resistance  over  straight  pipe  to  decrease  continuously. 

Recomputation  op  Curve  Excesses. 

From  the  foregoing,  however,  it  appears  that  a  further  investi- 
gation of  the  writers'  experiments  is  necessary  to  establish  more 
reliably  the  quantitative  results.  For  this  it  is  possible  to  select, 
from  the  various  points  at  which  piezometer  connections  were  located, 
some  which  are  preceded  by  such  considerable  lengths  of  straight  pipe 
as  to  render  probable  the  existence  there  of  nearly,  if  not  quite,  normal 
conditions  of  flow,  whence  their  indications  may  be  considered  as 
reliable. 

GondUioas. — The  connections  so  located  are  shown  in  Table  No.  86. 

TABLE  No.  86.— Piezometers  Under  Normal.  Flow. 


(1) 


(3) 


(3) 


Hale     tangent 

.  Rowena      "      

.Brady  "      

.  S.  Rivard    "      

.  N.  Rivard  '•      

.IE.  Alexandrine 

tangent 

.  W.  Alexandrine 

tangent 

.  N.  Alley  tangent. . 


Experimental  line. 

60-tt.  radius  curve. 

35-ft. 

15-ft- 

N.  Rivard  tangent. 

10-ft.  radius  curve. 

Hastings  special. . . 

6-f t.  radius  curve. . 


Preceding 

Tangent. 

Feet. 

Diam- 
eters. 

(4) 

(5) 

788 

321.83 

'     129 

360.81 

144 

304.40 

122 

756.08 

302 

940.18 

376 

737.65 

295 

1  170.16 

468 

880.19 
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Nearest  Specials. 


Kind. 

(6) 


None. 

30-in.  gate. 

None. 
30  X  6-in.  tee. 
30  X  6-in.    '• 

None. 

30  X  10-in.  Y. 
30  X  6-in.  cross. 


Distance 
up  stream. 


Feet.  Diam- 
eters. 


410 
377.  S 


Of  these  nine  points,  all  but  three  seem  to  be  beyond  question,  so 
far  as  effects  of  distortion  are  concerned.     The  three  possibly  doubt- 
ful ones  are  Nos.   2,  3  and  4,  but  any  effect  at  these  points  must  be 
very  nearly  the  same  in  amount  at  all,  so  that,  if  present,  the  result 
*  Transactions,  Am.  Soc.  C.  E.,  Vol.  xxi,  page  362. 
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Messrs.     will  be  high  losses  from  1  to  2  and  low  losses  from  4  to  5,  the  losses 
Hubbelland  from  2  to  3  and  3  to  4  being  approximately  correct,  as  the  connections 
^^  ^  ■     at  each  end  would  be  similarly  affected. 

The  eight  divisions  of  the  line  made  by  these  connections  will  be 
designated  by  the  first  eight  letters  of  the  alphabet.  From  them  it 
is  possible  to  write  eight  equations  between  the  various  factors  caus- 
ing loss  of  head,  and  the  observed  losses  of  head  in  the  component 
experimental  sections  of  each  division,  the  latter  being  taken  from  the 
experiments  of  1899,  because  only  then  were  all  the  sections  experi- 
mented upon 

The  factors  entering  these  epilations  are: 
1.  The  loss  of  head  per  foot  in  straight  30-in.  pipe  under  normal  flow. 

'^  ) 

to  V  The  excess  loss  of  head  caused  by  nine  curves. 

10.) 

11.  "  "  "  "  "  a  30-in.  gate. 

12.  "  "  "  "  "  a  30-in.  Y- 

13.  "  "  "  "  "  a30x  10-in.  Y- 

14.  "  "  "  "  "  a  30  x  8-in.  cross. 

15.  "  "  "  "  "  a  30  X  6-in.  cross. 

16.  "  "  "  "  "  a  30  X  6-in.  tee. 

17.  "  "  "  "  "  a  joint. 

18.  "  "  "  "  "  changes  in  roughness  of  the  pipe 

wall. 

19.  *'         "         "  "  "  changes  in  diameter. 

It  thus  appears  that  there  are  nineteen  unknowns  to  be  obtained 
from  eight  equations,  and  a  rigid  solution  becomes  impossible.  As 
the  variations  in  diameter  and  in  roughness  are  comparatively  small, 
these  items  may  be  rejected,  and  as  the  effect  of  the  joints  has  already 
been  examined  and  found  negligible,  it  will  also  be  dropped.  It  is 
at  once  evident  that  a  30  x  6-in.  tee  may  fairly  be  assumed  to  intro- 
duce one-half  the  excess  resistance  introduced  by  a  30  x  6-in.  cross, 
and  as  in  these  specials  the  6-in.  ones  had  a  bell-mouth,  while  the 
30  X  8-in.  cross  did  not,  it  also  seems  fair  to  assume  that  the  latter 
cross  would  cause  very  nearly  the  same  excess  resistance  as  one  of 
the  former.  The  30  x  10-in.  Y  will  also  be  assumed  to  cause  the  same 
excess  resistance  as  the  30  x  6-in.  cross.  All  these  specials  had  the 
branch  at  the  top  or  bottom,  not  at  the  center  of  the  30-in.  pipe,  and 
on  this  account  the  last  assumption  becomes  tenable. 

The  division  of  the  line  into  the  eight  sections  is  such  as  to  include 
two  curves  in  each  of  the  first  three,  so  that  they  can  only  be  treated 
in  pairs,  and  thus  there  remain  six  curve  unknowns,  the  gate,  the 
30-in.  Y;  and  the  small  specials,  besides  the  loss  of  head  in  straight 
pipe,  making  ten  unknowns  to  be  derived  from  eight  equations.  Table 
No.  87  presents  the  data  from  which  the  equations  may  be  written. 
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TABLE  No.  87  — Lengths  and  Distukbances. 


c 
.2 
.2 

5 
(1) 

»       Sections. 

(3; 

O 
(4) 

1^ 
(5) 

> 

(6) 

S 

m 

(7) 

Observed  H^^  in 
„      terms   of   ob- 
»     served    losses 
in  Brady  tan- 
gent. 

A... 
B... 

I,  II,  III,  IV 

V(-VI),  VII,  VII.. 
IX  (-X),  XI,  XII... 

XIII,  XfV 

XV 

XVI.  XVII 

653.59 

644.35] 

583.08] 

867.86 

184.10 

845.50 

433.51 

984.90 

2  long  compounds.  2  p. . 

60-ft.  and  40-ft.  radius. 

r  +  s 

1 

(■ 
(« 

1 
1 
0 
1 

1 

1 

0 
0 

0 
0 
0 
0 
0 

1 
2 

7 
3 
0 
3 
2 

4.3308 
3.9486 

a... 

D... 

35-ft.  radius   and  sraaU 

compound.       t  +  u. 

15-it.  radius,    v 

4.5292 

F. 

0.9660 

F 

4.1474 

G... 

XVIII,  XIX 

XX,  XXI,  XXII 

2  0993 

H 

6-ft.  radius,    x 

4.8180 

Mes»rs. 

Williams, 

Hubbell  and 

Fenkell. 


Equations. — Letting  the  loss  of  head  per  foot  of  30-in.  straight  pipe 
under  normal  flow  =  a,  and  the  observed  loss  of  head  in  the  Brady 
tangent  =  6,  the  following  equations  are  written : 

(a) 22)  +  G  +  Y-\-2  =  4.2308  b  —  653.59  a; 

(b) (r  +  .s)  +  Tt'  +  2  2  =  3.9486  b  —  644.35  a; 

(c) (/  _|_  ?,)  +  2  =  3.2889  b  —  593.08  a,- 

(d) V  j^  Qj^-i  z  =  4.5292  b  —  867.86rv 

(e) . .  .  G  J^-d  z  =  0.9660  b  —  184.10r/,- 

(f)   W=  4.1474  b  —  845.50a,- 

(g) G  J^22  =  2.0993  b  —  432.51a,- 

(h) r.-^G-\-'lz  =  4.8180  b  —  984.90a. 

Determmfttion  of  — . — To  simplify  the  second  member,  a  relation 

must  be  established  between  a  and  b.  For  this  there  may  be  utilized 
the  observed  losses  in  eight  tangents  which  contain  no  specials,  but 
three  of  them  are  so  short  that  they  would  be  discarded  for  this  pur- 
pose, even  if  they  were  not  so  located  as  to  be  very  probably  affected 
by  preceding  curves.     The  others  are  shown  in  Table  No.  88. 

Of  these,  the  Brady  and  the  East  Alexandrine  tangents  seem  most 
entitled  to  credit,  and  as  the  exiaeriments  show  the  curve  preceding' 
the  former  to  cause  moi'e  resistance  than  that  preceding  the  latter,, 
and  as,  moreover,  the  latter  is  longer  and  hence  proportionally  less 
affected  by  the  resistance  extending  into  it  from  the  preceding  curve. 
and  the  imperfect  reading  of  its  inlet  piezometer  (if  that  is  imperfect), 
the  relation  between  a  and  b  will  be  established  from  the  East  Alex:- 
andrine  tangent  as  a  first  approximation.  Using  the  observed  results 
from  Table  No.  28,  this  gives : 

645.50  a  =  3.0678  b;  whence  b  =   ^y^fl^^  =  210.41  a. 

o.0d78 
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TABLE  No.  88.— Tangents. 


Name. 

Length,  in 
feet. 

(3) 

Inlet  distant 

FROM  CURVE. 

Ratio  of  observed  Hf 
per  200   ft.  to   ob- 
served Hf  in  Brady 
tangent. 

(5) 

(1) 

Feet. 
(3) 

Diame- 
ters. 

(*) 

234.92 

212.25 

645.50 
(   409.00 
(Inlet  pre 

86.91 
68.58 
92.25 
92.15 
737.65 
ceded 

35 
27 
37 
37 
295 
by  Hast 

0.8611 

0.8598 

Brady  Street.                   

0  9420 

0.9504 

0.9416 

ings  specials. 

Equations  (e)  and  (g)  furnish  a  ready  opioortunity  of  verifying  the 
accuracy  of  this  relation;  whence  is  obtained 

\e)....G-^'dz=  (203.26  —  184.10)  a  =  19.16  a 

(g) ....  G  +  22  =  (441.71  —  432.51)  a  =    9.20  a 

2=:  9.96  a 

This  value  of  z  is  evidently  absurd,  for  it  requires  that  G  have  a 
negative  value,  which  seems  highly  improbable,  as  all  the  traverses 
taken  near  and  down  stream  from  gates  show  the  flow  to  be  retarded 
on  the  side  next  the  bonnet,  with  considerable  distortion  of  the  veloci- 
ties. To  give  G  a  positive  value,  a  higher  value  for  b  in  terms  of  a  is 
required,  or  the  ratio  of  the  tangent  resistance  to  the  Brady  tangent 
must  be  decreased.  This  confirms  the  earlier  conclusion,  that  a  por- 
tion of  the  resistance  caused  by  the  curves  was  carried  on  into  the  fol- 
lowing tangent  beyond  the  down-stream  piezometer  of  the  curve  sec- 
tion. Such  being  the  case  with  the  Alexandrine  tangent,  which  fol- 
lows one  of  the  two  curves  producing  the  least  resistance,  it  is  a  fair 
conclusion  that  the  other  tangents  will  be  affected  even  more,  and 
hence  there  is  no  reason  to  select  any  particular  one  of  the  relations 
given  by  the  five  tangents  above,  and  it  becomes  necessary  to 
establish  the  relation  between  a  and  b  between  limits  as  the 
only  remaining  method  of  procedure.  Evidently,  the  least  value 
which  G  may  consistently  have  would  be  G  =^2,  and  the  greatest 
would   result  when   2  =  0.      From  Equations   (e)  and    (g)  it  is  pos- 

•sible  to  deduce  a  value  for  —  on  each  of  these  assumptions,  which 
a 

will  therefore  be  limiting  values  of  this  ratio.     On  the  first  assump- 
tion, that  6r  =  ^ 

{e)....G  +  3  2  =  0.9660  i  —  184.10  a  =  4  G  =  4^ 
{g)....G  -^22  =  2.0993  b  —  432.51  a  =  3  G  =  3  2 


"Whence 


(0.9660  b  —  184.10  a)  =  2.0993  b  —  432.51  a, 
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or  0. 7245  h  —  13S.075  a  =  2.0993  b  —  432.51  a,  Messrs. 

I.  r,(\t   AOK  Williams, 

.-.nj   ^or  1  orrjo  iL  1     ^  Z\)±.4iO0        ^^  .  ^  Hubbell  and 

or        294.435  a  =  1.3748  b,  and  —  =    ^  ^„.^  =  214.16;  Fenkell. 

and,  on  the  second  assumption,  2  =  0,  there  results,  from  (e)  and  (g), 
2.0993  b  —  432.51  a  =  0.9660  b  —  184.10  a,  or  1.1333  b  =  248.51  a,  and 

l  =  2«^=  219.19. 
a        1. 1333 

From  the  ratios  —  =  214. 16  and  219.19,  the  ratios  of  the  loss  in 
a 
200  ft.  of  normal  tangent  to  the  observed  loss  in  the  Brady  tangent 
become  0.9337  and  0.9124,  resijectively,  which  are  the  limiting  values, 
and  it  is  seen,  by  reference  to  Column  5  of  Table  No.  28,  that  none  of 
the  observed  values  of  tangent  resistance  falls  within  these  limits, 
some  values  being  gi-eater  and  some  less.  This  may  at  first  seem 
anomalous,  but  it  must  be  remembered  that  the  eifect  of  distortion  is 
to  cause  an  increase  of  resistance,  while  the  flow  is  readjusting,  and 
that  this  readjusting,  or  change  of  condition,  causes  the  i^iezometric 
indication  to  be  low,  as  already  described.  It  is  quite  jaossible,  there- 
fore, that  the  increased  resistance  may  be  so  great  as  to  cause  the 
apparent  resistance  to  show  a  i^art  of  the  increase,  even  though  the 
l^iezometric  indication  at  the  inlet  is  affected  in  opijositiou. 

Hfper  1  000  Ft.— The  loss  per  1  000  ft.  of  30-in.  tangent,  by  com- 
parison with   the   Brady  tangent   reductions  given  in    Table  No.  28, 
Columns  7  and  8,  becomes,  as  a  maximum: 
0.9337 


0.9421 


X  0.1192  F-=  0.1181  V 


0  9124 
and  as  a  minimum-^,,,,   X  0.1192  F^  =  0.1154  F'. 
0.9421 

This  shows  the  variation  between  the  extreme  values  of  the  tangent 
resistance  to  be  slightly  less  than  2^%",  or,  if  a  mean  value  be  taken, 
it  cannot  be  more  than  1\%  in  error. 

Taking  as  such  a  mean  value  of  i/,.  per  1  000  ft.  of  straight  30-in. 
pipe,  0.1170  F',  for  which  c,  in  the  Chezy  formula,  is  116.94,  the  j^roper 
values  of  G  and  z  are  determined  from  Equations  (e)  and  (g).  as 
follows: 

For  Hj.  per  1  000  ft,  =  .1170  V\  a  =  0  46202  Brady,  or  —  =  216.44. 

(e)  (3=  -(-  3  2  =  0.9660  b  —  184.10  a  =  (209.08  —  184.10)  a  =  24.98  a 
(g)  G  -{-2z  =  2.0992  b  —  432  51  a  =  (454.37  —  432.51)  a  =  21.86  a 

Subtracting  z  =  3. 12  a 

Adding  2  G^  +  5  2  =  46.84  « 

46.84—15.60  ,_-_ 

G  = ^ a  =  I0.62  a. 

Attention  is  to  be  called  to  the  fact  that  these  values  of  a,  G  and 
z,  the  losses  in  straight  30-in.  pipe,  in  a  30-in.  gate,   and  the   small 
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Messrs.  30-iB.  specials,  are  determined  from  sections  wherein  no  piezometric 
Hubbell  and  error  due  to  distortion  is  to  be  expected.  No  correction  has  been  ap- 
^  ■  plied  for  j)ossible  difference  of  diameters  at  the  piezometer  points, 
because  the  best  evidence  at  hand  indicates  that  there  was  no  differ- 
ence in  the  case  of  the  shorter  length,  the  North  Eivard  tangent, 
184.10  ft.  long,  and  that  in  the  other  section  made  up  of  the  Hastings 
specials  and  the  West  Alexandrine  tangent,  the  length  being  432.15' 
ft.,  the  necessary  correction  for  this  effect,  as  may  be  deduced  from 
Table  No.  51,  would  be  less  than  |  of  1  per  cent. 

Excess  Resistances. — Applying  these  values  to  Equations  (a),  (b), 
(c),  (d),  (f)  and  (h),  the  results  in  Table  No.  89  are  obtained: 

TABLE     No.     89. — Excess    Resistance    in     30-Inch     Cueves    and 
Specials. 

Mean  Value  H^  i^er  foot   of    Straight   30-In.  Pipe,  with  Normal  Flow 
=  0.000117   F-. 


Disturbing  cause. 

Total  Excess  Hf  Meas- 
ured    IN    Feet     of 
Straight  Pipe. 

Apparent  Error  IN 
Fig.  90.    No  Cor- 
rections    FOR    & 
OR  Z. 

(1) 

By  last  re- 
duction. 

By  Fie.  90. 

(3) 

Feet. 

(4) 

Percent- 
age. 

(5) 

30-in.  gate 

15.62 

3.12 
36.06 
52.16 
74.99 

125.65 

188.43 
243.39 

30  X  10-in.  Y,  or  30  x  d-in.  cross,  or  two  30  x 
6-in  tees 

6-ft.  radius  =    2.4-diameter  radius  curve. . . . 

lO-ft.       "      =    5           "             "           "    .... 

15-ft.       "      =    6            "              "           "    .... 

25-ft.  radius  =  10-diameter    radius    curve  1 
with  small  compound  —  .5.7-radiuscurve,  | 
reversing  and    joined    by    136.79  ft.   of  f 
tangent J 

60-ft.  radius  =  24-diameter  radius  curve.] 
with  40-ft.   radius  =  16-diameter  radius  1 
curve,  reversing  and  joined  by  73.58  ft.  ( 

31.40 
34.60 
83.00 

155.00 

—4.66 
-17.56 
+8.01 

+29.35 
+114. G7 
+139.21 

•■•-i4> 
-50.8 
+9.6 

+18.9 
+37.9- 

Two  long  compound  —  16-diameter  radius] 
curves,  reversing  and  joined  by  198.59  ft.  1 
of  tangent,  and  one  30  x  30-in.  Y  in  first  [ 
curve J 

+36.4 

As  is  shown  in  the  last  column  of  Table  No.  89,  Avhile  the  qualita- 
tive results  in  the  original  paper  are  sustained,  the  quantitative  results 
are  altered  materially,  and  Column  2  may  be  taken  as  giving  the  most 
reliable  values  of  excess  resistance  obtainable  from  the  experiments. 
The  only  source  of  ei-ror  in  the  last  computations  seems  to  lie  in  the 
assumed  relation  between  30  x  6-in.  crosses  and  30  x  10-in.  Y's,  which 
error,  if  it  exists,  will  produce  but  a  small  change  in  the  final  values, 
as  the  total  amount  of  the  loss  z  is  only  3.12  ft.,  and  if  it  be  assumed 
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that  the  Y  causes  twice  the  resistance  due  to  the  cross,  the  greatest      Messrs. 
change  occurs  when  the  value  for  the  latter  remains  3.12  ft.,  the  Y  Hubbell  ami 
becomes  6.24  ft.,  and  the  gate  is  reduced  to  9.38  ft.,  an  amount  con-     Fenkell. 
siderably  below  what  judgment  would  ascribe.*     Whatever  errors  may 
exist  in  the  piezometric  indications  at  Points  2,  3  and  4  can  only  affect 
the    last   four   determinations  of  Table  No.  89,  and,  as   already  said, 
probably  do    not    aflfect  materially   those   of   either  the  60-ft. -40-ft. 
radius,    or    the  25-ft.    radius-small  comjaound  sections.      These  final 
results  establish  a  much  more  rapid  increase  in  the  excess  between  2^ 
and  4  diameters  than  did  the  direct  observations,  which  increase  in 
the  latter  case  was  more  than  sufficient  to  counteract  any  gain  due  to 
the  shorter  lines  connecting  two  points,  as  a  simple  computation  will 
show. 

To  connect  two  i^oints  100  ft.  from  the  P.  I.  of  tangents  at  right 
angles : 

B  =  6 
diameters. 

Tangent  length. 188.00 

Curve  length 9.42 

Total 197.42 

Loss,  as  straight  pipe 197.42 

Curve  excess. 74.99 

Total 272.41  250.44  235.03 

The  resistance  is  here  represented  in  units  of  the  resistance  in  1  ft. 
of  straight  pipe. 

The  next  phase  of  the  question  to  be  considered  is  that  of  the  cost 
of  the  several  lines. 

Cost  of  Construction. — ^The  question  of  the  relative  cost  and  advan- 
tages of  long  versus  short  curves,  in  practical  work,  has  been  alluded 
to  by  Mr.  Campbell,  and,  later,  Mr.  Gould  (page  272),  "thinks  that, 
other  things  being  equal,  the  practical  decision  will  always  be  in  favor 
of  the  shortest  line,"  a  proposition  that  all  will  grant,  but,  in  this 
case,  other  things  are  by  no  means  equal,  as  will  be  shown. 

That  no  misunderstanding  may  exist,  the  following  is  taken  from 
page  3  of  the  paper : 

"  The  writers  do  not  pretend  by  any  means  to  have  exhaiisted  the 
subject,  and,  as  these  investigations  cover  only  curves  of  90'^,  and  do 

♦With  this  assumption  the  remaining  excesses  become:  6-ft.  radius  =  42.29^  :  10ft. 
radius  =  .52.16a  ;  15-ft.  radius  =  R8.74a ;  small  compound  +  25-ft.  radius  =  125.65a  : 
60-ft.  radius  -|-  40-ft.  radius  =  191.54a  :  two  large  compounds  +  30-in.  Y  =  249.62a  ; 
and  b  =  214.81a  to  219.19a,  or  approximately  as  before,  the  principal  changes  being  in 
the  6-ft.  and  15-ft.  radius  curves,  and  none  appearing  in  the  10ft.  and  the  small  com- 
pound sections. 


7?  =  4 

i?  =  2.4 

diameters. 

diameters. 

.192.00 

195.2 

6.28 

3.77 

198.28 

198.97 

198.28 

198.97 

52.16 

36.06 

363  DISCUSSION    ON"    FLOW   OF    AVATEK    IN    PIPES. 

Messrs.      not  I'eacli  the  curves  of  very  long  radius  occasionally  used,  there  is 
H^betland  ^*^^^  *  ^^^'^  iiiteresting  and  extensive  field  left  i;ntoiiched." 
Fenke  .  T^\iq  use  of  curves  of  extremely  long  radius,  such  as  are  formed  by 

deflecting  straight-length  pipe,  is  generally  confined  to  places  where, 
for  tojiographical  reasons,  it  is  desirable  to  keep  at  or  near  the  hydrau- 
lic grade  line,  or  closely  conform  to  contour  lines.  In  general  water- 
works construction,  however,  curves  are  located  in  streets  and  alleys, 
where  the  width  of  available  right-of-way  is  limited,  and  the  radius 
needs  to  be  short  enough  to  allow  the  pipe  to  have  plenty  of  clearance 
at  the  street  corners. 

Without  considering  the  relative  frictional  loss  in  curves  of  various 
lengths,  discussed  above,  Table  No.  90  shows  the  relative  length  and 
cost  of  a  line  of  water  pipe  containing  two  tangents  and  one  90°  curve; 
the  beginning  and  end  of  the  line  fixed,  and,  in  all  cases,  100  ft.  from 
the  P.  I.  of  the  tangents.  As  the  length  of  the  curve  increases,  the 
lengths  of  the  tangents  decrease  somewhat. 

The  cost  of  straight  pipe  is  taken  at  ^1  per  foot,  and  that  of  curves 
at  from  $1  to  $5  per  foot. 

For  a  j)ractical  example  of  these  relative  costs,  it  may  be  stated  that 
at  Detroit,  in  1901,  7  000  tons  of  42-in.  pipe  cost  about  $23  per  ton,  and 
the  necessary  specials  cost  $65  per  ton,  or  curve  castings  cost  2.83 
times  the  equal  weight  of  straight  pipe.  Because  of  the  additional 
weight,  number  of  joints,  and  expense  in  laying,  the  curved  pipe  when 
set  cost  approximately  3.13  times  that  of  an  equal  length  of  tangent. 

It  apiJears,  therefore,  that,  without  regard  to  frictional  resistance, 
unless  the  cost  for  curves  laid  is  the  same  or  lower  than  that  for 
straight  pipe,  which  it  seldom  if  ever  is,  the  shorter  the  radius  of  the 
curve,  the  less  the  cost  of  the  work. 

Conclusion.  -In  the  light  of  the  foregoing,  the  writers  believe  Con- 
clusion ^to  be  established. 

As  to  the  correctness  of  the  statement  that  "  the  theories  and  prac- 
tices regarding  curve  resistance,  as  set  forth  in  the  hydraulic  treatises 
of  all  nations  up  to  the  present  time,  are  absolutely  incorrect  and  the 
diametric  opposite  of  the  true  conditions,"  it  is  unnecessary  and  im- 
possible to  cite  all  the  evidence  accumulated.  An  examination  of  the 
various  treatises  on  hydraulics,  contained  in  one  of  the  most  complete 
libraries  in  America,  made  before  this  paper  was  written,  failed  to 
show  in  an  Italian,  Spanish,  French,  German,  English,  Canadian  or 
American  hydraulic  textbook  or  manual,  a  single  statement  to  indicate 
that  curve  resistance  ever  decreased  with  the  radius,  and  likewise 
failed  to  show  one  in  which  it  was  not  either  directly  stated  or  clearly 
intimated  that  long  easy  curves  ofier  less  resistance  to  the  flow  of 
water  tban  those  of  shorter  radius.  Although  Mr.  Freeman's  experi- 
ments on  curves,  referred  to  herein,  have  been  in  print  more  than  ten 
years,  the  writers  have  yet  to  find  a  single  citation  of  them  in  any 
hydraulic  textbook. 
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Messrs.  CONCLUSIONS   FEOM   THE   DISCUSSIONS. 

Williams, 

Fenkell.  In  the  discussions  of  this  paper  many  points  have  been  brought 

out  in  addition  to  the  conclusions  of  the  writers,  and  some  of  the  most 

important  will  be  considered. 

Curves  Other  than  00  Degrees. — One  of  the  most  interesting  ques- 
tions, particularly  in  connection  with  Conclusion  K,  is  involved  in  the 
experiments  presented  by  Messrs.  Saph  and  Schoder,  upon  curves  of 
ISO*^,  in  which  the  radii  varied  from  9.58  to  3.84  diameters,  the  pipe 
line  being  of  2-in.  seamless  brass  tubing. 

On  first  examination,  the  results  obtained  appear  to  flatly  con- 
tradict those  of  the  Detroit  experiments,  for  neither  with  the  Pitot 
tube  nor  with  the  loss-of-head  gauges  was  there  found  any  indication 
that  either  the  distortion  or  Hf,  was  influenced  by  the  radius  of  curv- 
ature. The  explanation,  however,  is  obvious.  If,  as  concluded  by 
the  writers,  the  resistance  due  to  curves  is  largely  controlled  by  the 
distortion  produced,  and,  as  is  shown,  the  short  curve  produces  less 
distortion  than  a  long  one,  it  is  to  be  expected  that  a  curve  of  any 
radius  might  be  made  sufiiciently  long  to  produce  the  same  distortion 
as  one  of  greater  radius  but  less  angular  deflection.  This  conclusion 
is  borne  out  by  the  traverses  of  the  observers  in  the  9.58-diameter 
curve,  Fig.  124,  whereby  it  is  shown  that  very  little  distortion  takes 
place  in  the  second  quadrant,  and  explains  the  experiments  of 
Weisbach,  who  found  that  adding  90^  to  a  90°  curve  of  the  same 
radius  only  increased  the  resistance  about  40  per  cent.* 

It  appears,  therefore,  that,  in  these  180°  curves,  for  all  radii,  the 
water  received  its  full  distortion  before  leaving  them,  and,  conse- 
quently, the  resistance  of  all  was  substantially  the  same.  This  also 
accounts  for  the  right-hand  portion  of  the  locus  on  Fig.  90,  when 
properly  corrected,  as  indicated  on  page  353,  becoming  asymptotic  to 
the  axis  of  abscissas,  and  it  follows  that,  after  a  certain  radius  is 
reached  for  any  degree  of  curvature,  no,  or  very  little,  additional  loss 
will  be  introduced  by  lengthening  either  the  angular  deflection  or  the 
radius,  but  that  the  loss  will  be  percejitibly  diminished  if  either  is 
decreased.  Consequently,  short  radii  should  be  used  for  small  deflec- 
tions. Weisbach  found  that  when  a  tangent  was  introduced  between 
two  curves  turning  in  the  same  direction,  the  loss  of  head  added  by 
the  second  curve  was  increased,  which  is  as  would  be  expected,  for  as 
soon  as  the  water  reaches  the  tangent  the  distortion  begins  to  reduce 
itself  and  the  water  not  only  has  to  be  re-distorted  in  the  second  curve, 
but  energy  is  absorbed  in  the  readjustment  in  the  tangent. 

Gomhinatimis  of  Curves. — In  the  light   of  this,  it  is  by  no  means 

impossible  that  the  plan  for  joining  two  tangents,  proposed  by  Mr. 

Gould  on  page  271,  by  using  two  45°  curves  with  a  tangent  between, 

might  cause  a  greater  loss  of  head  than  the  longer  line  with  a  single 

*  See  The  Technic,  University  of  Michigan,  1899,  p.  53. 
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90^  curve.  Evidently,  in  the  case  of  two  curves  turning  in  tlie  same  Messrs. 
direction,  the  nearer  together  they  are  placed  the  less  Avill  be  the  excess  Hubbell  and 
resistance  introduced  after  the  second  conies  into  the  region  of  infln-  ^'^^^^  ■ 
ence  of  the  first,  becaiise  the  total  wort  of  distortion  is  reduced  as  they 
are  brought  closer  together.  When  the  curves  turn  in  opposite  direc- 
tions, however,  some  further  considerations  are  introduced.  If  the 
loss  of  head  due  to  cvirvature  were  wholly  made  up  of  the  resistances 
produced  by  distortion  in  the  interior  of  the  stream,  it  would  then 
make  no  difference  whether  curves  reversing  direction  were  near  together 
or  far  apart,  but  it  seems  quite  evident,  from  Fig.  122,  that  the  average 
velocity  next  the  wall  in  curve-distorted  flow  is  greater  than  in  normal 
flow,  and  hence  the  loss  of  head  due  to  friction  on  the  pipe  wall  must 
be  greater,  so  that  while,  so  far  as  the  internal  work  is  concerned,  the 
energy  expended  in  a  pair  of  reversing  curves  would  be  the  same 
Avhether  they  were  near  or  wide  apart,  the  loss  due  to  this  added  fric- 
tional  resistance  is  reduced  when  the  slow  rearrangement  of  velocities 
in  the  tangent,  with  its  prolonged  distorted  flow,  is  cut  out  by  placing 
the  curves  close  together.  This  conclusion  seems  to  be  borne  out  by 
the  experiments  of  the  writers  on  the  pairs  of  reversing  curves,  as 
presented  in  Table  No.  89,  where  it  is  seen  that  the  losses  for  the  25-ft. 
radius  and  the  small  compound  curve  are  not  twice  those  for  the  15-ft. 
radius  curve,  though  the  radius  of  the  small  compound  is  14.15  ft.  It 
might  be  assumed,  perhaps,  that  this  meant  that  the  25-ft.  radiiis  curve 
was  of  a  radius  such  that  the  loss  of  head  was  decreasing  and  might 
continue  to  do  so  for  larger  radii  thereafter,  were  it  not  that  the  data 
for  the  next  i^air  of  similarly  situated  curves,  the  60-ft.  and  the  40-ft. 
radius  ones,  show  the  loss  to  be  still  increasing  as  the  radius  increases. 
The  first  pair  of  curves  in  the  30-in.  line  is  complicated  by  the  presence  of 
the  30  X  30-in.  Y,  with  branch  pointing  up  stream,  it  being  placed  thereto 
feed  into,  not  out  of,  the  experimental  line.  In  this  position  it  would  be 
<3xpected  to  produce  a  maximum  effect,  and  it  is  possible  to  approximate 
that  effect  from  the  data.  The  mean  radius  of  the  two  large  compound 
curves  is  the  same  as  that  of  the  40-ft.  radius  curve,  and  if  it  is  assumed 
that  the  resistance  due  to  the  60-ft.  radius  is  the  same  as  that  due  to 
the  40-ft.  radius,  by  subtracting  the  excess  loss  in  the  second  pair  of 
curves  from  that  of  the  Y  and  the  two  curves  in  the  first  section,  a  lim- 
iting value  of  the  excess  due  to  the  Y  is  obtained.  This  value  is  seen 
to  be  equal  to  the  resistance  of  54.96  ft.  of  straight  pipe,  or  about  the 
same  as  that  of  the  10-ft.  radius  curve,  or  of  three  gates  and  four  30  x 
10-in.  Y's,  according  to  the  values  in  Table  No.  89.  The  60-ft.  radius 
curve  probably  does  introduce  more  resistance  than  the  40-ft.  radius 
curve,  and  other  complications  tend  to  make  it  quite  evident  that  this 
value  is  somewhat  too  great  for  the  30  x  30-in.  Y- 

Relation  of  Curve  Resistance  in  Lai-ye  and  Small  Pipes. — Were  obser- 
vations available  on  the  intermediate  tangents  of  the  12-in.  pipe  line 
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Messrs.      of  the  writers,  it  would  probably  be  possible  to  trace  the  relation 

Hubbelland  between  the  diameter  of  the  pipe  and  the  curve  resistance,  but,  as  the 

Fenkell.     g^rve  results  on  the  12-in.  pipe  are  somewhat  in  error,  although  no 

criticism  stands  against  the  tangent,  it  seems  unwise  to  attempt  it.  To 

undertake  to  go  from  the  90°  curves  in  30-in.  pipe  to  the  180'^  curves  in 

2-in.  pipe  without  an  intermediate  step,  seems  to  be  too  wide  a  jump. 

The  relations  used  in  Fig.  90,  based  on  a  reduction  of  all  resistances 
to  an  equal  length  in  diameters,  the  writers  now  regard  as  misleading 
to  some  extent,  and,  therefore,  in  this  closing  discussion,  they  have 
adhered  to  the  simple  excess  resistances  found  in  each  case,  which, 
when  i^roperly  measured,  should  be  the  same,  whatever  the  length 
used  after  the  full  effect  has  been  realized. 

Mr.  Brinckerhoft",  page  272,  presents  a  theory  of  curve  effect  which 
is  about  as  wide  of  Mr.  Tutton's  assumed  conditions  of  flow  in  straight 
pipe  as  two  propositions  well  could  be,  and,  while  the  writers  are  not 
very  strongly  inclined  to  the  latter,  neither  are  they  quite  ready  to 
accept  the  former.  At  one  time,  one  of  them  was  disposed  to  explain 
certain  phenomena  on  the  theory  of  a  spiral  motion,  but  in  spite  of 
attempts  to  locate  such  motion,  no  direct  experimental  evidence  of  its 
existence  has  yet  been  obtained,  and,  though  the  writers  consider  that 
Mr.  Brinckerhofi's  theory  is  ingenious  and  possibly  correct,  they  are 
not  prepared  to  indorse  it. 

Piezometer  Errors. — Of  all  the  points  presented  in  this  paper  or  its 
discussions,  probably  none  is  more  important,  from  the  experimental 
standpoint,  than  the  erroneous  indications  of  piezometers  under  con- 
ditions of  abnormal  flow.  This  was  suggested  by  one  of  the  writers 
in  connection  with  the  Ogden  Experiments,*  and  was  further  discussed 
by  him  in  an  articlef  in  which  it  was  shown  that  Darcy's  famous  pipe 
experiments  were  thus  affected  at  some  points  to  such  an  extent  as  to 
call  down  upon  them  the  severe  criticism  of  the  late  Hamilton  Smith, 
Jr.,  M.  Am.  Soc.  C.  E.,J  but  that,  had  the  observations  simultaneously 
taken  at  the  middle  of  the  pipe  line,  where  normal  conditions  existed, 
been  utilized,  no  such  criticism  could  have  been  made.  Many  experi- 
ments have  doubtless  been  affected  similarly,  and  this  is  undoubtedly 
the  cause  of  the  val•il^ble  action  of  the  Venturi  meter  in  the  experi- 
ments already  discussed  (page  3.38).  The  increased  resistances  due  to 
the  distortions,  thus  exhibiting  themselves  at  pipe  entrances,  quite 
l^robably  may  account  for  part  of  the  difference  in  the  results  quoted 
by  Mr.  Mills  regarding  a  12-in.  curve  experiment,  from  those  of  the 
writers.  Mr.  Mills  (page  205)  shows  that  in  his  experiment  the  losses 
were  greater  than  are  shown  by  the  writers,  while  all  corrections  that 
seem  to  be  warranted  in  the  writers'  data  would  reduce  their  excesses 
still  further.     The  curve  used  by  Mr.  Mills  was  near  the  inlet  of  his 

*  Transactions,  Am.  Soc.  C.  E.,  Vol.  xliv,  page  65. 

t  Journal  of  the  Association  of  Engineering  Societies,  March,  1901,  page  177. 

t  "  Hydraulics,"  page  358. 


Fenkell. 
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line,  and,  very  probably,  may  have  given  a  high  resistance  on  account      Messrs. 
of  the  distortion  of  the  stream  entering  it.  Hubbelland 

Temperature  Effects. — The  data  regarding  the  influence  of  temjjera- 
ture,  presented  by  Messrs.  Saph  and  Schoder,  page  313,  open  up  a 
very  interesting  subject.  Examining  the  12-in.  experiments  of  the 
writers,  part  of  which  were  made  in  November,  and  i)art  in  June,  evi- 
dence of  the  influence  of  temperature  is  found,  though  the  data  are 
insufficient  to  determine  its  extent.  In  another  investigation,  one  of 
the  writers,  in  experiments  involving  discharges  of  water  amounting 
to  200  cu.  ft.  per  second,  has  encountered  what  was  interpreted  as  an 
effect  due  to  temperature,  and  its  influence  upon  the  discharge  of 
small  weirs  has  been  investigated  and  demonstrated.  Such  effects 
may  even  be  traced  in  some  of  the  weir  experiments  of  the  late 
James  B.  Francis,  Past-Presideat,  Am.  Soc.  C.  E  The  writers,  there- 
fore, agree  with  the  observers  that  this  element  cannot  be  always  safely 
overlooked. 

Capillary  Effects  in.  Diff'erential  Ganfies. — The  discussion  i^resented 
by  Mr.  Fisher,  page  288,  in  reply  to  Mr.  Wisner's  question  regarding 
the  influence  of  the  diameter  of  glass  tubes  upon  piezometric  indi- 
cations, is  another  valuable  contribution  to  experimental  data.  The 
question  is  one  that  has  frequently  arisen  in  practice,  and  caused  the 
writers  considerable  speculation  before  their  experiments  were  com- 
Ijleted.  The  results  obtained  by  the  experimenter  are  fully  sustained 
by  so  much  of  the  writers'  work  as  bears  upon  the  subject. 

Critical  Velocities,  Internal  Motion  and  Pulsations. — The  discussions 
of  this  paper  contributed  by  Messrs.  Thrupp,  Seddon,  Tutton,  Bazin, 
Horton,  Henry  and  Brinckerhoff,  leading  as  they  do  into  the  realm  of 
molecular  forces,  require  for  their  proper  consideration  a  treatment  far 
transcending  the  limits  permissible  here. 

Professor  Osborne  Reynolds*  has  shown  that  when  water  flows 
through  pipes  of  small  diameter,  uj)  to  J  in.,  at  least,  at  very  low 
velocities,  the  loss  of  head  varies  as  the  first  power  of  the  velocity,  and 
that  then  the  flow  takes  place  in  straight  lines,  but  that,  at  a  certain 
more  or  less  constant  velocity,  this  filamental  flow  breaks  down  and 
the  loss  of  head  thereafter  varies  as  a  higher  power  of  the  velocity  than 
the  first.  The  experiments  of  Poiseuille,  Hagen,  Jacobson  and  Hazen 
show  that  when  water  flows  through  capillary  tubes  or  fine  sands, 
where  it  is  prevented  from  taking  up  internal  motions,  because  the 
area  of  the  cross-section  of  the  stream  is  almost  molecular,  that  H^ 
varies  very  nearly  as  the  first  power  of  V.  All  reliable  experiments  on 
record  show  that  as  the  diameter  decreases  the  exponent  of  V,  in  Hj.  = 
m  V"-,  decreases,  as  has  been  shown  for  the  lines  investigated  in  this 
paper:  30-in.,  H^=m  V^;  16-in.,  Hj.  =  m  P"'-^";  12-in.,  H,.  ^  m  F*-^^; 
and  2-in.  brass,  Hj,=^  m  V^'''^\  from  a  possible  limit  of  V^.  In  other 
*  Philosophical  Transactions,  London,  1883. 
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Messrs.      words,  the  more  the  chance  for  internal  resistance,  the  higher  the  ex- 
Williams 
Hubbell  and  ponent  of  V.     To  the  writers,  then,  the  variation  of  the  exponent  of  Fis 

Fenke  .  ^^  index  of  the  character  of  the  flow,  and  when  that  'beeomes  greater 
than  unity,  straight-line  flow  is  over,  or,  the  critical  velocity  of  Pro- 
fessor Reynolds  is  past.  If,  then,  these  internal  motions  are  capable 
of  so  increasing  the  rate  of  loss  of  head,  it  is  evident  that  in  them  the 
controlling  conditions  of  the  laws  of  flow  are  to  be  looked  for,  rather 
than  in  the  surface  resistances.  But,  beyond  this  first  critical  velocity, 
there  appear  to  be  others  where  peculiar  phenomena  appear,  for  it 
has  been  observed  that  with  the  •2-iu.  brass  jjipe  used  by  the  writers, 
below  certain  velocities,  piezometers  near  the  inlet  gave  astonishingly 
low  and  variable  readings,  as  compared  with  those  farther  down  the 
line,  and  yet  the  exponent  of  V  for  the  down -stream  section  was 
apparently  the  same  as  at  higher  velocities  where  there  was  no 
evidence  of  erratic  performance.  The  location  of  this  critical 
velocity  might  be  anywhere  from  0.3  to  0.7  ft.  per  second.  At  a 
certain  other  velocity,  about  2.6  ft.  per  second,  there  has  been 
observed  a  violent  pulsation  of  the  stream  in  this  pipe,  apparent  in 
Pitot  tube  gauges,  jsarticularly  when  connected  to  point  and  ring,  but 
not  so  noticeable  on  resistance  gauges,  both  sides  of  which  were  con- 
nected to  ring  piezometers.  At  this  velocity  it  is  very  difficult  to 
observe  with  the  tube,  but  at  slightly  lower  and  slightly  higher  veloci- 
ties the  disturbance  ceases.  The  supply  of  this  line  comes  from  a 
tank,  the  inlet  of  which  is  controlled  by  a  float-valve,  and  there  exists 
no  means  of  transmitting  a  vibration  from  the  mains,  which  are  them- 
selves fed  from  a  reservoir,  to  the  experimental  line.  The  pulsation 
evidently  originates  in  the  line  itself,  probably,  in  miich  the  same 
manner  as  a  tone  is  produced  in  an  organ  pipe. 

The  writers  have  often  felt  that  the  subject  of  Hydraulics  has  not 
yet  attained  to  the  dignity  of  a  science,  but  is  really  Mttle  more  than 
an  art,  and  that  it  is  only  by  the  most  conscientious  experimenting, 
and  the  most  scrupulous  presentation  of  the  facts  thus  obtained,  that 
it  can  be  advanced  along  the  proper  lines.  They  entered  upon  this 
investigation  with  no  theories  to  either  sustain  or  demolish,  and  were 
simply  looking  for  truth.  It  may  be  of  interest,  in  connection  with  Mr. 
Bering's  remarks  on  the  analogy  between  the  results  brought  out  by 
the  writers  and  the  experience  with  railroad  curves,  to  state  that  these 
experiments  were  first  suggested  to  the  writers  by  the  chapter  on 
curve  resistance  in  Wellington's  "Railway  Location,"  and  though 
the  suggestion  had  to  lie  dormant  for  fully  ten  years,  the  determina- 
tion to  make  the  expei'iments  only  awaited  the  opiJortunity. 

In  closing,  the  writers  wish  to  express  their  appreciation  of  the 
thoroughly  scientific  spirit  in  which  this  jjaper  has  been  received  and 
discussed,  as  well  as  of  the  many  encouraging  sentiments  of  commen- 
dation, and  i^articularly  of  the  valuable  experimental  data  which  have 
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been  added  to  it.     Some,  no   doubt,  will  criticise  them  for  theii-  de-    „??essrs. 

,      1        p         T         .  ■,  Williams, 

parture  from  the  hitherto  recognized  methods  oi  reduction  and  pre-  Hubbell  and 

sentation  of  such  data,  but  to  such  they  would  reply  that  the  formula, 
Hj.=^  m  V'\  is  a  perfectly  logical  one,  and  about  the  simiilest  that  can 
be  applied  to  the  flow  of  water;  for  those  who  wish  Chezy  coefficients, 
Tables  Nos.  37  and  38  have  been  prepared.  Others  may  wish  that  the 
theoretical  side  had  received  more  extensive  treatment,  but,  bearing  in 
mind  the  following  precept  of  an  honored  instructor  of  one  of  them: 
"No  matter  how  rational  a  theory  may  ajspear,  no  matter  how  many 
phenomena  it  may  account  for,  no  matter  how  perfectly  it  may 
harmonize  with  any  number  of  observed  results,  if  there  remains  one 
fact  whose  existence  cannot  be  harmonized  with  it,  the  theory  must 
give  way,  for  the  fact  will  not,"  they  have  felt  that  until  the  theories 
they  would  propound  were  at  least  beyond  collision  with  facts  with 
which  they  themselves  were  familiar,  they  should  confine  their  state- 
ments as  closely  as  jjossible  to  a  simple  presentation  of  experimental 
results. 

A  word  of  caution  they  would  add:  The  observations  herein  pre- 
sented are  facts;  the  interpretations  are  necessarily  theories;  the  latter 
may  change,  and  must  be  used  with  caution,  and  the  former  may  be 
only  true  for  the  particular  conditions  and  limits  under  which  they 
were  observed,  though  the  writers  see  no  reasons  at  the  jjresent  time 
for  thus  limiting  them. 
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CURRENT  METER 
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With  Discussion  by  Messrs.  Charles  H.  Miller,  Rudolph  Bering, 

Morris  R.  Sherrerd,   L.  J.  Le  Conte,  J.    B.  Lippincott, 

E.    E.    Haskell  and   Edward   C.    Murphy. 


This  paper  gives  the  results  of  a  series  of  exjaeriments  made  at 
the  Hydraulic  Laboratory,  Cornell  University,  for  the  Hydrographic 
Branch  of  the  United  States  Geological  Survey,  to  test  the  accuracy 
of  velocity  measurements  obtained  with  the  current  meter,  used  by 
different  methods.  One  series,  only,  is  used,  in  order  that  the  paper 
may  be  short.  The  fifth  series  is  selected  on  account  of  the  wider 
range  of  velocities  embraced  in  it,  and  also  because  two  meters  at  a 
time  were  used  in  the  same  discharge  section,  thus  giving  a  comparison 
of  simultaneous  meter  velocity  and  discharge,  as  well  as  meter  and 
weir  discharge. 

*  Presented  at  the  meeting  of  October  16th,  1901. 
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The  writer  lias  two  objects  in  view  in  presenting  this  paper.  The 
first  is  to  show  engineers  and  others  the  degree  of  confidence  that  may 
be  placed  in  results  obtained  with  the  current  meter,  under  favorable 
conditions;  the  other  is  to  bring  out  in  the  discussion  the  reasons  why 
some  engineers  look  with  disfavor  on  the  current  meter. 

The  Hydraulic  Laboratory  of  Cornell  University  has  been  described 
elsewhere  *  and  it  will  be  sufficient,  for  the  purpose  of  this  paper,  to 
describe  only  the  canal  in  which  the  meter  measurements  were  made. 
This  is  a  rectangular  channel  having  a  concrete  bottom  and  sides,  415 
ft.  long,  16  ft.  wide  and  10ft.  deep,  with  a  bottom  grade  of  1  in  500. 
There  are  six  rectangular  gates  at  its  iip^jer  end  and  four  at  the  lower 
end  for  regulating  the  water  sujiply.  Across  the  canal,  and  59  ft.  from 
the  upper  end,  there  is  a  bulkhead,  on  top  of  which  is  fastened  a  3.5  x 
5-in.  steel  angle-iron  forming  a  sharp-crested  or  standard  weir,  16  ft. 
long,  and  11.1  ft.  above  the  bottom  of  the  canal.  There  are  bafl9.es 
above  the  weir  for  quieting  the  water  after  it  passes  under  the  gates, 
also  one  below  the  weir  for  a  similar  purpose. 

in  this  series  of  experiments  the  elevation  of  the  water  surface  was 
measured  with  a  portable  hook-gatige  at  a  point  21^  ft.  up  stream 
from  the  weir,  and  at  two  points  164  and  304  ft.,  respectively,  below 
the  weir.  Six  readings  were  taken  at  each  of  these  jjoints  before 
passing  to  the  next  point. 

Three  current  meters  were  used :  Small  Price  meters  Nos.  351  and 
363,  and  Haskell  meter  No.  3.  They  were  held  with  an  insulated  wire 
cable  and  12-lb.  sinker,  except  in  Experiments  Nos.  5  and  7,  in  which 
the  Haskell  was  held  with  a  rod,  with  freedom  to  tip.  Two  meters  at 
a  time  were  used  in  the  same  discharge  section.  One  was  started  on 
the  south  side,  and  progressed  toward  the  north  side,  the  other  started 
on  the  north  side  and  moved  toward  the  south  side.  Thus  three 
simultaneous  discharge  measurements  were  obtained,  two  with  the 
meters  and  one  with  the  weir. 

Plate  XI  shows  Haskell  meter  No.  3  and  Small  Price  meter  No. 
363.  The  Haskell  meter  is  of  the  screw  or  propeller-wheel  type,  the 
four  helicoidal  blades  revolving  in  a  vertical  plane.  The  Small  Price 
meter  is  of  the  anemometer  type,  the  five  conical  ciips  revolving  in  a 
horizontal  plane.  The  total  length  of  the  Haskell  meter  is  21  ins.  and 
of  the  Price  meter  14  ins.  The  former  is  made  by  Ritchie,  of  Boston, 
*  Transactions,  Am.  Soc.  C.  E.,  Vol.  xliv,  p.  285,  and  Engineering  News,  March  Sd,  1899. 
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TABLE   No.  1. — Data  fok  Current  Meter  and  Weir  Comparisons. 
Series  E. 
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5.003 

2.816 

222.60 

226.37 

-1.C9 

"   351.. 

36.... 

"  nth. 

5.003 

2.834 

327.83 

-2.34 

'•  363.. 

0.65 

37. . . . 

"  nth. 

9.2.56 

1.522 

233:40 

226.38 

— 1.33 
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333.40 
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1.05 
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+0.68 

Haskell  No.  3 
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1.775 

231.49 

222.69 

+0.54 

Haskell  No.  3 
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1.803 

221.49 
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Mass.;  the  latter  is  made  by  W.  and  L.  E.  Gurley,  of  Troy,  N.  Y.,  and 
is  described  in  their  1900  catalogue. 

The  meters  were  operated  by  the  ordinary  point  method.  They 
were  held  at  from  5  to  8  points  in  the  8  verticals,  1,  3,  5,  7,  9,  11,  13 
and  15  ft.,  depending  on  the  depth  and  the  revolutions  of  the  meter 
wheel  counted  for  two  consecutive  periods  of  25  seconds  each  at  each 
point.  The  points  in  a  vertical  Avhere  the  meter  was  held  are  indicated 
by  the  centers  of  the  little  circles  in  the  vertical  velocity  curves  of 
Fig.  1.  This  gave  from  40  to  50  observations  of  50  seconds  each,  or  one 
to  each  2.3  sq.  ft.  of  discharge  area,  for  each  discharge  measurement. 

The  field  force  consisted  of  five  men:  Two  meter  observers,  one 
meter  recorder,  one  hook-gaixge  observer,  and  one  hook-gauge  re- 
corder. The  head  on  the  weir  was  obtained  by  subtracting  the  zero 
reading  of  the  hook  from  the  mean  hook  reading  during  the  experi- 
ment. The  weir  discharge  was  then  found  from  a  chart  j^repared  from 
Bazin's  formula  for  sharp-crested  weirs,  which  gives  the  discharge  in 
cubic  meters  for  head  in  centimeters. 

The  depth  at  the  meter  station  was  obtained  from  the  mean  surface 
and  bottom  elevations.  The  area  for  each  foot  of  dej^th  is  known  from 
previous  measurement. 

The  mean  velocity  was  obtained  from  the  vertical  velocity  curves. 
The  average  number  of  revolutions  per  second  in  the  8  verticals  at 
each  of  the  distances  above  the  bottom  was  computed  and  converted 
into  velocity  from  a  rating  table.  These  are  plotted,  using  the  veloc- 
ities as  abscissas,  and  the  distances  above  the  bottom  as  ordinates, 
and  a  smooth  vertical  velocity  curve  sketched  among  them.  These 
curves,  for  the  first  8  exjjeriments,  are  shown  in  Fig.  1.  The  mean 
abscissa  of  each  curve  was  then  computed,  which  is  the  mean  velocity 
for  the  whole  cross-section.  The  discharge  is  the  product  of  the  cross- 
sectional  area  and  the  mean  velocity. 

The  water  surface  at  the  meter  station  was  quite  rough  for  the 
higher  velocities,  being  a  succession  of  waves,  without  eddies  or 
"boils,"  and  it  was  difficult  to  measure  its  position  accurately  with 
the  hook-gauge.  To  quiet  it,  somewhat,  2x  12-in.  planks,  15  ft.  long, 
were  suspended  from  their  ends  across  the  canal  to  float  on  its  surface. 
In  Experiments  Nos.  9  to  22  two  of  these  were  used,  and  in  Experi- 
ments Nos.  23  to  50  three  were  used  66  ft.  above  the  meter  station. 
These  quieted  the  surface  somewhat,  but  distorted  the  vertical  velocity 
curves. 
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The  results  of  tlie  computations  of  these  50  discharge  measure- 
ments  are  given  in  Table  No.  1.  The  headings  of  the  columns  are 
self-explanatory.  It  is  to  be  noted  that  the  sign  before  the  numbers 
in  Column  7  is  the  sign  of  the  correction  to  be  applied  to  the  meter 
discharge  to  reduce  it  to  the  corresponding  weir  discharge.  Column  7 
shows  a  comi^arison  between  corresponding  meter  and  weir  discharges, 
and  Cokimn  9  a  comparison  between  corresponding  meter  discharges. 
In  Experiments  Nos.  1  to  20  the  comparison  is  between  the  Small  Price 
meter  No.  363  and  the  Haskell  meter.  In  Exj^eriments  Nos.  21  to  38 
the  comparison  is  between  the  two  Small  Price  meters,  and  in  Experi- 
ments Nos.  39  to  50  it  is  between  the  Small  Price  meter  No.  351  and  the 
Haskell  meter. 

It  is  seen  that,  in  general,  the  diiference  between  any  two  corre- 
sponding meter  and  weir  discharges  is  greater  than  that  between  the 
corresjaonding  meter  discharges.  This  is  to  be  expected,  as  errors  in 
the  calibration  of  the  weir,  in  the  velocity  observations,  in  the  rating  of 
the  meter,  and  in  measuring  the  head  and  depth,  affect  the  former; 
while  only  errors  in  observing  velocity,  and  in  the  rating  table,  affect 
the  latter.  In  no  case  does  a  meter  discharge  differ  from  the  corre- 
sponding weir  discharge  by  5%,  and  in  no  case  is  the  difference  between 
corresponding  meter  discharges  5%  of  the  discharge. 

The  results  of  these  comparisons  have  been  put  in  the  condensed 
form  shown  in  Table  No.  2. 

TABLE   No.  2.— Condensed   Kesults  op  Compakison  of  Meter  and 
Weik  Discharge.     Sebies  E. 


1 

W  a 

Name  of  Meter. 

Percentage    of    Difference   Be- 
tween    Meter    and   Weir    Dis- 
charge. 

Percentage    of     Dif- 
ference   Between 
Simultaneous   Meter 
Discharges. 

1 

Mean.* 

Range. 

Mean. 

1 

1  to  20 

Haskell  No.  3 

Small  Price  No.  363 
"  351 
"  363 
"    351 

Haskell  No.  3 

—4.73 
—3.87 

0.00 
+0.01 

—0.33 
-0.76 
-1.38 
-1.56 

-2.78 
+0.40 

— i.73to    +2.86 
-3.87   "    +1.27 
-1.89  "    -0.13 
-2.77  "    +0.23 
-4.60   "    -2.07 
+0.85  "    -0.27 

1  to  20 
21  to  38 

3.85 

0.34 

J  *0.29  1. 
Itl.60) 

2.51 

31  to  38 
39  to  50 

-2.77+0.23 
4  60     5!  fw 

1.68 

0.31 

1*0.18  1 

1  to.9o  r 

1.37 

39  to  50 

-fO.85 

-0.37 

4.67 

1.80 

1t3.22r 

2.87 

*  Having  regard  to  the  sign. 
+  Without  regard  to  the  sign. 
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The  mean  "  having  regard  to  the  sign  "  is  obtained  by  summing  the 
positive  and  negative  differences  and  dividing  the  differences  of  these 
sums  by  the  number  of  positive  and  negative  differences. 

PERCENTAGE  OF  DIFFERENCE   BETWEEN   METER  AND  WEIR   DISCHARGE. 


SMALL  PRICE  METER  NO    351. 
O   E-xperiments  Nos.  21,  23,  25,  27,  29,  31,  33,  35  &  37. 
#  "  "     40,  41,  44,  46,  48  &  50. 
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SMALL  PRICE  METER  NO.  363. 
O    E.\perinients  Nos.  22,  21,  26,  28,  30,  32,  34,  30,  &  38. 
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HASKELL  METER  NO.  3 
O   E.KptTinients  Nos.  1,  3,  5,  7,  9,  11,  13,  15,  17  &  19. 
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Velocity,  in  Feet. 
Fig.  2. 


There  appears  to  be  a  constant  error  in  the  Small  Price  meter  work 
of  Experiments  Nos.  39  to  50,  on  April  12th.  The  velocities  shown  by 
it  on  that  day  appear  to  be  about  2%  larger  than  they  should  be.  This 
could  hardly  be  due  to  a  reduction  of  friction  in  the  meter,  nor  could 
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it  be  due  to  error  in  the  time,  as  the  watch  used  was  keeping  good  time 
before  and  after  this  date,  and  the  apparent  error  extends  through  the 
whole  day's  work. 

Omitting  farther  consideration  of  Experiments  Nos.  38  to  50  in  this 
comparison,  for  the  reason  above  stated,  it  is  seen  that  the  mean  dif- 
ference between  the  meter  and  weir  discharge  is  0.33%  for  the  Haskell, 
and  0.76%  for  the  Small  Price  meter  in  Experiments  Nos.  1  to  20; 
and  1.38%  for  the  Small  Price  No.  351,  and  1.56%  for  the  Small  Price 
No.  363  in  Experiments  Nos.  21  to  38.  The  mean  difference  between 
two  corresponding  meter  discharges  is  0.29%  for  Experiments  Nos.  1 
to  20  and  0.18%  for  Experiments  Nos.  21  to  38. 

Limiting  the  comparison  still  farther  to  the  two  Price  meters  only, 
in  Experiments  Nos.  21  to  38  it  is  seen  that  in  eighteen  consecutive 
discharge  measurements  of  this  canal  made  with  the  two  Price  meters, 
the  mean  velocity  ranging  from  1.5  to  3.0  ft.,  and  the  depth  from  4.8 
to  9.2  ft.,  the  greatest  difference  between  any  two  simultaneous  meter 
discharge  measurements  is  1.68%,  the  mean  difference  is  0.9%,  and 
the  mean  difference  having  regard  to  sign  is  0.18  per  cent.  Is  it  not  a 
reasonable  conclusion  to  draw  from  these  tests  that  discharge  can  be 
measured  with  a  Small  Price  meter,  under  favorable  conditions,  with 
an  error  of  not  more  than  1  per  cent.  ? 

The  degree  of  accuracy  of  ordinary  river  discharge  measurements 
made  with  a  meter  is  necessarily  less  than  in  this  canal,  and  varies  with 
the  character  of  the  discharge  section.  A  good  discharge  section,  in 
which  the  bed  is  smooth,  permanent,  and  without  obstructions,  which 
has  a  good  measurable  velocity  in  all  parts  of  it,  at  low  as  well  as  high 
stages,  has  no  shallow  parts  at  low  stage,  and  is  far  enough  away  from 
river  bends,  mill  dams,  and  other  disturbing  causes  to  be  out  of  their 
influence,  is  difiScult  to  find.  When  it  is  found  it  may  not  be  selected 
on  account  of  cost  of  maintenance. 

In  river  gauging  it  is  the  accurate  measurement  of  the  volume  flow- 
ing per  day  and  per  month  that  is  desired.  Single  discharge  measure- 
ment is  only  one  of  the  factors  on  which  this  depends.  Daily  flow  is 
found  from  a  discharge  curve  giving  the  relation  between  discharge 
and  river  stage,  and  on  the  daily  fluctuations  in  the  stage.  The  accu- 
racy of  the  discharge  curve  depends  on  the  accuracy  of  the  individual 
discharge  measurements,  the  permanence  of  the  river-bed,  the  posi- 
tion of    the  gauge,   and  the  accuracy  of  the  gauge  readings.     The 
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accuracy  of  river  stage  fluctuation  measurements  depends  on  the  kind 
of  instrument  used  for  this  purpose,  its  position,  and  the  frequency 
and  accuracy  of  the  observations. 

It  is  thus  seen  that  the  accuracy  of  the  current  meter  discharge 
measurements  plays  only  a  comparatively  small  part  in  the  accuracy 
of  measurement  of  stream  flow.  Is  it  fair,  then,  when  the  monthly 
flow  is  found  to  be  in  error,  to  blame  the  meter  for  it  and  say  it  is  "  no 
good  ■'?  The  only  fair  test  of  the  accuracy  of  current  meter  work  is 
one  similar  to  that  made  in  this  canal.  When  it  is  seen  that  in  eight- 
een discharge  measurements  made  on  three  days,  by  two  persons  with 
two  of  these  meters,  with  a  considerable  range  of  depths  and  veloci- 
ties, the  greatest  difference  between  any  two  made  at  the  same  time  is 
less  than  1.1%,  and  the  mean  difference  is  less  than  1%,  the  great 
value  of  this  instrument  for  measuring  velocity  is  evident. 

In  carrying  on  this  investigation  the  writer  desires  to  acknowl- 
edge his  indebtedness  to  F.  H.  Newell,  M.  Am.  Soc.  C.  E., 
Chief  Hydrographer  of  the  U.  S.  Geological  Survey,  for  his  hearty  co- 
operation, and  his  permission  to  use  in  this  paper  some  of  the  data 
obtained;  to  Professor  E.  A.  Fuertes,  M.  Am.  Soc.  C.  E.,  Director  and 
Dean  of  the  College  of  Civil  Engineering,  Cornell  University,  for  the 
use  of  the  Hydraulic  Laboratory,  chronograph,  computing  machine, 
current  meter,  and  electric  register,  and  for  his  kindly  interest  in  the 
work;  to  Professor  Gardner  S.  Williams,  M.  Am.  Soc.  C.  E.,  in  charge 
of  the  Hydraulic  Laboratory,  for  many  valuable  suggestions,  and  for  the 
use  of  a  chart  for  converting  head  on  the  Cornell  University  standard 
weir  into  cubic  meters;  to  Mr.  C.  E.  Torrance,  Scholar  in  Civil  Engi- 
neering; to  the  members  of  the  Senior  Class  in  Civil  Engineering,  and 
to  Mr.  C.  D.  Cass,  Assistant  Mechanician  of  the  College,  for  cheerful 
assistance. 
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Chakles  H.  Millek,  M.  Am.  Soc.  C.  E.  (by  letter).— It  was  with  Mr.  Miller, 
miicli  interest  that  the  writer  read  this  paper,  and  it  is  to  be  hoped 
that  it  will  have  the  effect  desired  by  the  author,  namely,  to  bring  out 
the  reasons  why  current  meters  are  believed  to  be  unreliable.  The 
writer,  after  a  wide  experience,  iarmly  believes  that,  under  the  condi- 
tions usually  existing  in  river-discharge  work,  and  with  the  proper 
amount  of  care,  results  are  obtained  that  are  within  5%  of  the  true 
values.  After  fruitless  efforts  to  account  for  sudden  changes  or 
a2)i3arent  errors  in  the  workings  of  current  meters  from  day  to  day, 
it  is  gratifying  to  note  that,  under  the  favorable  conditions  stated  in 
the  paper,  "there  apj^ears  to  be  a  constant  error  in  the  Small  Price 
meter  work  *  *  *  on  April  12th."  This  difference,  without  a 
doubt,  is  due  to  some  change  in  the  meter  itself,  and  not  to  any  error 
in  the  work  of  observing;  and  is  something  that  may  be  expected  at 
any  time.  Had  a  rating  of  this  meter  been  made  on  that  day,  the 
change  might  have  been  indicated;  but  it  is  quite  likely  that  it  would 
not  have  shown  a  sufficient  difference  from  previous  ratings  to  account 
for  all  of  the  change,  thus  leaving  the  same  unexplained.  Very  often,  a 
meter  will  work  this  way  for  several  days  or  even  a  week,  and  then 
suddenly  drop  back  to  its  old  standard. 

The  writer  had  charge  of  some  experimental  work  on  the  Missis- 
sijjpi  River  at  New  Madrid,  Mo.,  about  a  year  ago,  having  two  Price 
meters  and  one  Haskell  meter.  These  were  rated  and  worked  in  pairs 
at  all  times,  thus  presenting  a  good  opportunity  for  comparisons. 
Having  left  the  service  before  fully  completing  the  reductions,  and 
not  having  any  of  the  reports  or  figures  on  hand  (the  same  not  having 
been  jjublished  as  yet),  this  discussion  will  be  but  general  in  charac- 
ter. The  final  figures  in  several  instances  will  show  slightly  greater 
differences  in  discharge  than  5,*',,',  but  jt  is  believed  that  this  is  mainly 
due  to  the  fact  that  the  observations  were  taken  from  a  skiff,  which,  it 
was  afterward  found,  was  not  of  sufficient  stability  to  insure  results 
from  which  an  accurate  comparison  could  be  made,  many  of  the 
observations  having  been  taken  during  windy  weather.  To  find 
what  effect  the  movement  of  the  skiff  would  produce,  it  was  securely 
anchored,  during  calm  weather,  in  a  current  running  between  2  and 
3  ft.  per  second.  The  Haskell  meter  was  lowered  from  one  side  of 
the  skiff  and  one  of  the  Price  meters  from  the  other  side,  both  to  the 
same  depth  (about  5  ft.).  The  registrations  or  revolutions  of  each, 
for  periods  of  from  5  to  10  minutes,  were  noted;  then,  for  similar 
periods  of  time,  the  skiff  was  caused  to  rock  from  one  side  to  the 
other  at  short  intervals,  and  the  registrations  recorded,  the  movement 
of  the  skiff  giving  to  the  meters  a  vertical  motion  of  from  1  to  2  ft. 
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Mr.  Miller.  Under  this  motion  the  revolutions  of  the  Price  meter  increased,  while 
those  of  the  Haskell  meter  decreased,  but  in  a  less  proportion  than 
the  increase  of  the  Price  meter,  showing  that  the  error  due  to  insta- 
bility of  support  is  greater  in  the  Price  than  in  the  Haskell  meter. 
Lack  of  time  prevented  more  extended  observations,  and  in  differ- 
ent velocities  of  current,  which  probably  would  have  evolved  some 
fixed  difference  due  to  the  different  construction  of  the  meters  in  ques- 
tion. 

During  the  observations  mentioned,  all  possible  care  was  exercised 
to  eliminate  errors,  as  far  as  the  comparison  between  the  meters  was 
concerned.  By  means  of  an  automatic  register  for  the  Haskell  meter, 
an  ordinary  relay  (the  ticks  of  which  were  counted)  for  the  Price 
meter,  and  a  stop  watch,  it  was  possible  for  one  observer  to  do  the 
work,  and  this  was  adhered  to  at  all  times. 

It  was  while  making  these  observations  that  the  writer  noted  the 
difference  in  the  workings  of  the  meters,  and  especially  of  the  two 
Price  meters  when  side  by  side,  for  it  could  then  be  noted  at  once. 
They  would  often  vary  as  much  as  '3%  without  any  apparent  cause 
whatever.  Frequent  ratings  were  made  with  great  care,  but  without 
discovering  the  cause  for  such  changes. 

With  regard  to  the  unaccountable  differences  in  discharge  between 
different  stations  on  the  same  river,  having  different  observers,  the 
writer  believes  that  it  is  partly  due  to  the  different  methods  in  rating 
the  current  meters,  or  to  the  lack  of  care  in  conforming  to  a  uniform 
method.  Along  the  Mississipiji  River  it  is  often  difficult  to  obtain  a 
proper  base  for  rating  a  meter,  and  at  times  it  is  done  in  water  of 
insufficient  dejjth,  causing  the  meter  to  be  affected  by  the  "  drag. "  Full 
and  careful  rules  for  all  ratings  should  be  formulated  and  strictly 
adhered  to. 

Another  point  which  has  often  been  noted,  and  which  is  again 
brought  out  by  the  experiments  mentioned  in  the  paper,  is  that  dis- 
charges by  current  meter  will  generally  average  a  little  more  than 
those  obtained  by  other  methods. 

"A  good  discharge  section"  cannot  be  found  on  the  Mississippi 
Eriver,  for  the  conditions  at  any  section  that  may  be  selected  will 
vary  very  much  for  different  stages  of  the  river;  and  this  factor, 
more  than  any  other,  causes  the  differences  in  discharges  between 
different  stations.  They  are  not  due  to  the  meters  being  "no 
good." 
Mr.  Hering.  EiiDOLPH  Hering,  M.  Am.  Soc.  C.  E. — It  is  a  little  suri^rising  to  the 
speaker  that,  as  a  general  proposition,  there  should  have  been  serious 
doubt  expressed  regarding  the  efficiency  of  the  current  meter.  This 
instrument,  in  its  simplest  form,  was  invented  one  hundred  years  ago, 
by  Woltman,  a  hydraulic  engineer,  in  Hamburg.  It  has  been  used 
continually  ever  since,  and  has  been  gradually  improved  so  as  to  be- 
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come  more  and  more  convenient  in  handling  and  in  reading  the  results.  Mr.  Hering. 
No  other  instrument  has  been  used  as  much  in  determining  directly 
the  velocity  of  streams. 

Like  all  measuring  instruments,  it  has  its  limitations  as  to  degree 
of  accuracy  and  range  of  applicability.  Its  value,  therefore,  should 
be  sought  only  within  such  limitations,  which  are,  for  instance,  in  a 
water  free  from  suspended  or  floating  matter,  as  the  latter  may  inter- 
fere with  the  movement  of  the  wheel  or  of  its  axle,  or  which  may 
change  its  rating.  The  accuracy  of  this  meter,  therefore,  is  naturally 
reduced  when  gauging  sewage  or  water  carrying  much  fibrous  matter; 
yet,  under  such  conditions,  the  accuracy  of  weir  measurements 
must  also  be  discounted,  to  a  certain  extent.  Further,  when  a 
stream  is  shallow,  so  that  the  wheel  is  not  entirely  submerged,  or 
when  it  is  influenced  by  local  curi'ents,  produced  by  an  irregular  bed, 
the  accuracy  of  the  wheel  suffers,  and  better  methods  of  gauging  are 
preferred.  Also,  when  the  velocity  of  the  water  is  very  slight,  a 
current  meter  is  not  the  projser  instrument  to  use,  because  the  force 
impelling  the  wheel,  due  to  the  velocity  of  the  passing  water,  does  not 
difi'er  much  from  that  which  is  necessary  to  overcome  the  frictional 
resistance  of  the  apparatus.  This  force,  therefore,  is  less  distinguish- 
able, and  the  velocity  less  capable  of  accurate  measurement,  by  the 
Tevolutions  of  the  wheel. 

For  very  shallow  streams  and  for  those  in  which  the  velocity  is  very 
slight,  that  is,  not  more  than  about  6  ins.  j)er  second,  and  where  the 
water  carries  much  suspended  matter,  the  current  meter  should  not 
be  used.  Under  these  conditions,  a  weir  measurement  would,  unques- 
tionably, give  more  reliable  and  more  accurate  results.  For  deeper 
and  larger  streams,  and  where  the  current  is  swift,  a  meter  will  give  a 
high  degree  of  accuracy,  and  the  expense  of  measuring  water  by  its 
aid  is  usually  much  less  than  by  building  a  weir.  "Where  existing 
dams  are  used,  it  is  also  questionable  whether  current  meters  will  not, 
under  some  conditions,  give  more  accurate  results. 

It  might  be  added  that  weir  measurement  is  a  more  recent  practice 
than  the  use  of  the  current  meter.  Not  until  the  late  James  B.  Francis, 
Past-President,  Am.  Soc.  C.  E.,  established  suitable  coefficients,  at 
Lowell,  nearly  fifty  years  ago,  could  a  weir  formula  be  used  under  proj)er 
conditions  for  cases  demanding  a  high  degree  of  accuracy.  Since  then, 
there  have  been  develoijed  still  other  accurate  methods  of  measuring 
the  quantity  of  flowing  water,  particularly  in  j)ipes,  each  method  having 
its  sjjecial  sphere,  within  which  it  has  advantages  over  the  others. 

MoKKis  K.  Shebrerd,  M.  Am.  Soc.  C  E. — Within  the  limits  men-  Mr.  Sbenerd 
tioned  by  the  author,  viz.,  5%,  the  sjjeaker  has  had  quite  implicit 
faith   in   the   accuracy  of  current  meters  when  carefully  used.     No 
doubt,  the  reason  why  weir  measurement  is  so  much  oftener  adopted 
is  because  of  the  ease  with  which  a  river  can  be  measured  at  different 
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Mr.  Sherrerd.  stages  by  its  use.  Obviously,  if  the  current  meter  is  used  (as  is  often 
done  to  advantage  where  no  dam  exists),  it  is  necessary  to  make  con- 
stant observations,  which  take  much  time  and  great  care  in  order  to 
get  anything  like  the  accuracy  obtained  from  weir  measurements  made 
on  a  dam  having  a  fairly  level  ci-est;  and,  as  the  form  of  the  cross-sec- 
tion of  any  stream  changes  with  the  rise  and  fall  of  the  water  surface, 
numerous  additional  observations  would  be  necessary  to  obtain  the 
flow  by  the  use  of  a  current  meter,  while  only  one  reading  for  each 
change  would  be  required  on  a  dam  or  weir. 

In  the  velocities  recorded  in  Nos.  7  and  8,  in  Fig.  1,  a  peculiar 
result  seems  to  have  been  obtained  with  two  meters  when  used  near  the 
surface  of  the  water.  It  will  be  noticed  that  the  two  velocity  curves 
cross  each  other  at  a  point  less  than  1  ft.  from  the  surface;  that  is, 
according  to  the  diagram,  the  Haskell  meter  gives  a  much  higher  veloc- 
ity near  the  surface,  while  the  Price  meter  seems  to  give  a  much  lower 
one.  Possibly  the  construction  of  the  meters  accounts  for  this  varia- 
tion. The  upper  portion  of  the  vanes  of  the  Haskell  meter  may  have 
been  just  above  the  surface  of  the  water,  while  the  other  meter,  revolv- 
ing in  a  horizontal  plane,  could  be  kept  entirely  submerged,  the  axis  of 
each  meter  being  at  the  same  elevation. 

The  author  says : 

"  The  mean  abscissa  of  each  curve  was  then  computed,  which  is  the 
mean  velocity  for  the  whole  cross-section.  The  discharge  is  the  product 
of  the  cross-sectional  area  and  the  mean  velocity." 

It  would  seem  to  be  necessary  to  divide  the  cross-section  into  hori- 
zontal layers  and  take  a  mean  velocity  for  each  horizontal  layer  to  get 
the  quantity.  Perhaps  that  is  what  the  author  means,  using  horizontal 
layers  of  uniform  thickness.  These  horizontal  layers,  however,  should 
be  quite  numerous  in  order  to  insure  accurate  results. 
Mr.  LeConte.  L.  J.  Le  Conte,  M.  Am.  Soc.  C.  E.  (by  letter). — The  writer  is  an 
admirer  of  the  accuracy  of  current-meter  work,  within  projjer  limits. 
This  admiration  is  based  on  20  years  of  observation  and  experience 
with  these  instruments,  ixnder  all  kinds  and  conditions  of  river  and 
tidal-current  work.  Long  experience  has  naturally  brought  out  the 
strong  and  weak  points,  as  adapted  to  every-day  practice.  It  is 
proper  to  state  that  the  writer's  experience  has  been  largely  con- 
lined  to  the  propeller  types  of  meters,  with  two  and  four  blades. 

The  good  results  shown  by  the  author's  experiments  prove  con- 
clusively the  value  of  meter  work,  as  he  says,  "  under  favorable  con- 
ditions," all  of  which  is  perfectly  true;  but,  exactly  at  this  point,  the 
engineer's  troubles  begin  to  develop.  A  very  large  percentage  of  all 
the  river  gaixging  he  has  to  make  is  not  imder  favorable  conditions. 
During  low  stages  of  the  river  the  flow  is  quiet,  the  stream  lines  are 
practically  parallel  and  are  at  right  angles  to  the  cross-section,  the 
meter  work  is  generally  good  and  the  results  inspire  complete  confi- 
dence.    Unfortunately,  when  the  flood  waters  begin  to  come  down. 
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the  whole  character  of  the  stream  flow  changes;  so  much  so,  that  the  Mr.  LeConte. 
general  down-stream  velocity,  which  is  desired,  is  indescribably 
mixed  up  with  other  turbulent  velocities,  which  are,  of  course, 
entirely  independent  and  of  no  particular  interest  or  value  for  gaug- 
ing purposes.  The  meter,  by  nature,  cannot  discriminate,  and,  conse- 
quently, makes  a  record  which  may  be  called  a  heterogeneous  mixture 
of  all  the  velocities  coming  to  it,  no  matter  what  their  direction  may 
be  with  reference  to  the  cross-section.  Inasmuch  as  the  engineer 
wants  absolutely  nothing  but  the  down-stream  velocity  at  right  angles 
to  the  cross-section,  the  question  arises:  "How  can  he  get  it  from 
such  a  meter  record?  "  This  important  question  has  been  on  the  tapis 
for  some  time  past,  and,  apparently,  is  destined  to  stay  a  while 
longer. 

The  writer  has  given  much  time  and  thoiight  to  trying  to  devise 
some  simple  method  of  determining,  approximately,  the  changes  in 
the  coefficient  due  to  different  degrees  of  turbulence,  or  "boiling" 
action,  of  the  flowing  waters.  Some  standard  of  comparison  had  to  be 
adopted,  and  the  loaded-pole  float  Avas  selected  as  the  best  device 
for  turbulent  stream  flow.  By  simultaneous  observations  with  meters 
and  pole-floats  there  can  be  obtained  a  series  of  modified  coefficients, 
which  are  adapted  to  any  particular  site  for  all  stages  of  river  dis- 
charge. The  results  thus  obtained  are  not  altogether  satisfactory, 
but,  nevertheless,  are  decidedly  better  and  more  rational  than  those 
obtained  by  the  general  use  of  the  standard  coefficients  based  on  small- 
scale  exi^eriments  or  canal  currents. 

If  the  engineer  is  to  be  confined  to  the  iise  of  the  canal  coefficients, 
then  it  is  evident  that  the  current  meter  will  be  very  limited  in  its 
adaptability. 

J.  B.  LippiNCOTT,  M.  Am.  Soc.  C.  E.  (by  letter).— Having  had  Mr.iLippincott. 
occasion  during  the  past  four  years  to  use  current  meters  of  various 
types,  the  writer  has  made  an  effort  to  test  their  accuracy  when- 
ever practicable,  in  order  to  determine  whether  their  rating  had 
changed,  and  to  form  some  general  idea  as  to  the  amount  of  dejiend- 
ence  that  can  be  placed  upon  them.  Numerous  tests  have  been  made 
by  others  with  current  meters  under  conditions  that  were  ideal,  or 
nearly  so,  to  determine  their  accuracy,  but,  in  the  ordinary  i:)ractice 
of  an  engineer,  the  conditions  encountered  are  frequently  far  from 
perfect. 

The  following  tests  were  made  under  such  conditions  as  were 
encountered  at  various  places  in  California.  All  tests  are  given,  except 
one,  on  which  occasion  known  errors  existed. 

Where  the  meter  is  compared  with  a  weir,  and  shows  a  difference 
from  the  volume  determined  by  the  weir  computation,  it  does  not  at 
all  necessarily  follow  that  the  weir  is  correct  and  the  meter  wrong. 
Under   perfect  conditions,  the  weir  measurement   is  believed  to   be 
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Ir.  Lippincott.  better  than  the  meter  measurement,  but  it  has  been  the  writer's 
experience  that  there  are  relatively  few  perfect  weirs  in  the  South- 
west. Usually,  where  a  weir  is  located  in  a  canal  or  river,  the  bay 
rapidly  silts  up,  and  the  inner  depth  below  the  lip  becomes  insuffi- 
cient. A  high  velocity  of  approach  in  the  water  results  therefrom, 
and  has  to  be  taken  into  consideration  in  the  computations.  In  the 
writer's  judgment,  when  this  velocity  of  ajjproach  exceeds  1  ft.  per 
second,  the  theoretical  head  corresponding  thereto,  which  has  to  be 
added  to  the  measured  head,  as  used  in  the  Francis  formula,  gives  a 
result  below  the  truth.  When  this  velocity  i-eaches  2  ft.  per  second, 
the. error  is  serious,  frequently  exceeding  10  jjer  cent.  It  has  been 
observed  that  the  meter  measurements  nearly  always  show  slightly 
more  water  than  the  weir  measurements,  particularly  where  small 
volumes  are  measured.  It  is  believed  that  this  is  because  the  slowest 
film  of  water  around  the  perimeter  of  a  channel  cannot  be  measured  by 
meter.  It  is  believed  that  for  small  volumes  of  water  the  smaller 
meter  gives  a  more  accurate  resiilt  than  the  large  meter,  as  it  more 
nearly  can  be  placed  in  this  slowest  portion  of  flow. 

Generally  speaking,  where  the  meters  check  each  other,  under 
favorable  conditions,  or  check  good  weir  measurements,  within  5%, 
the  work  has  been  considered  sufficiently  accurate.  Where  the  error 
exceeds  5%  the  meter  has  been  re-rated.  It  is  believed  that,  ordi- 
narily, the  meter  measurements  will  check  good  weir  measurements 
within  3%,  and  that  the  meters  hold  their  rating  for  several  years 
without  change,  provided  they  are  handled  carefully  and  oiled. 

It  is  quite  customary,  in  measuring  a  stream,  to  raise  and  lower 
the  meter  through  the  section  measured.  "With  meters  of  the  Haskell 
make,  with  proijeller-shaped  blades,  this  can  j^roperly  be  done,  and  is 
the  better  method;  but,  with  meters  having  conical-shaped  cups,  the 
vertical  movement  given  to  them  by  this  process  accelerates  the  revo- 
lution, and  gives  erroneous  results.  This  can  easily  be  demonstrated 
by  raising  and  lowering  a  meter  of  this  class  in  still  water. 

1. — January  10th,  1897.     Azusa-Duarte  Division  Box, 
on  San  Gabriel  Kiver,  California. 

Large  Price  Electric  Meter  No.  67 19.93  second-feet. 

Weir;  Francis    formula;   velocity  of  approach,  1.6 

ft.  per  second   19.97        "         " 

Weir;  Bazin  formula 21.50        "         " 

The  meter  measurement  was  made  in  the  weir  bay,  which  is  a 
rectangular  fliime.  The  floor  of  the  bay  was  covered  with  sand.  The 
depth  of  water  was  about  2  ft.,  and  velocity  observations  were  taken 
at  mid-depth  only,  so  that  the  meter  measurement  probably  shows 
slightly  too  much  water. 

At  the  weirs,  the  depth  below  the  lip  to  the  sand  was  0.5  ft.  The 
head  on  the  weirs  was  0.75  ft.,  the  velocity  of  approach  being  1.6  ft. 
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per  second.     Tlie  Francis  formula  was  corrected  for  this.     The  side  Mr.  Lippincotfr, 
contractions  of  the  weirs  were  poor,  but  were  allowed  for. 


2.— June  9th,  1896.     Kern  Eiver,  California,  at  First  Point  of 
Measurement. 
Large  Haskell  Meter;  A.  K.  Warren,      observer.  ..     3  221  second-feet. 
F.  McCray,  "       ...     3  280 

"      Price  "        J.  B.  Lippincott,       "      ...     3  004 

The  river  at  this  point  is  345  ft.  broad,  with  a  shifting  sandy  bed. 
Measurements  were  made  synchronously  from  a  foot-bridge,  each 
observer  having  previously  rated  his  own  meter.  The  first  two  obser- 
vations were  made  by  raising  and  lowering  the  meters,  and  the  third 
by  taking  the  top,  middle  and  bottom  velocities.  The  Price  meters 
cannot  be  raised  and  lowered  without  accelerating  their  revolutions. 


3. — February  10th,  1897.     Caloway  Canal,  on  Kern  Eiver. 

Large  Haskell  Meter;  A.  K.  Warren,  observer 317.4  second-feet. 

"      Price  "        J.  B.  Lippincott,       "     314.0 

Bottom  of  channel  sandy,  but  not  shifting.     Same  methods  used 
as  in  No.  2.     This  is  a  better  gauging  station  than  No.  2. 


4.— May  24th,  1897.     Vineland  Tunnel,  at  San  Gabriel  Eiver, 
California. 

Large  Price  Electric  Meter  No.  67 1.88  second-feet. 

Weir;  Francis  formula;  velocity   of  approach,  0.8 

ft.  per  second 1.90        "         " 

Meter  measurement  in  rectangular  flume  above  weir.     Weir  good. 


5. — November  19th,  1896.    Weir  of  West  Los  Angeles  Water  Company, 
near  Los  Angeles,  California. 

Large  Price  Electric  Meter  No.  67.  .  .  .^ 7.29  second-feet. 

Small     "  "  "       "12 7.60        " 

Weir;  Francis  formula;  velocity  =  1ft.  per  second.  7.47        "         " 

"      Bazin  formula 7.38       "         " 

Meter  measurement  in  flume  above  weir. 


6. — Buena  Vista  Eeservoir,  Los  Angeles,  California.  Test  of  Large 
Price  Electric  Meter  No.  67. 
A  canal  in  earth  discharges  into  a  small  rectangular  concrete 
reservoir  with  vertical  sides  at  this  point.  The  discharge  of  the  canal 
was  determined  carefully  by  volumetric  measurements,  and  the  meter 
measurements  were  compared  therewith.  The  volume  was  about  10 
cu.  ft.  per  second. 
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Mr.  Lippincott.  May  21st,  1897.     Test,  raising  and  lowering  meter.     4:.44:%  excess. 
"     21st,     "        Top,     mid-depth      and     bottom 

velocities 2.01%"        '« 

"     26tli,    "        Test,  raising  and  lowering  meter .     ^-17%        " 
"     26th,    "        Top,      mid-depth     and     bottom 

velocities 4.05%"  deficiency. 

In  the  test  of  raising  and  lowering  the  meter,  the  rate  of  movement 
was  J  ft.  per  second.  It  was  believed  that  this  would  give  results  in 
excess  of  the  true  flow.  The  section  of  the  canal  was  free  from  weeds 
and  large  stones,  but  it  was  an  earthen  canal. 

7. — June  6th,  1899.     Measurements  at  weir  "/,"  on  Los  Angeles 
Eiver,  California. 

Small  Price  Acoustic  Meter 18.56  second-feet. 

Weir;  Francis  formula 18.64       "         " 

The  weir  was  a  good  one,  with  the  depth  below  the  Up  more  than 
twice  the  head  on  the  weir,  and  with  a  velocity  of  approach  of  less 
than  I  ft.  per  second.  About  100  ft.  below  the  weir  the  river  was  run 
through  a  rectangular  wooden  measuring  flume,  where  the  meter 
measurements  were  made. 

May  18th,  1900.     Measurements  at  the  same  place  as  No.  7. 

Meter 16.92  second-feet. 

Weir 16.75       " 

June  6th,  1900.     Measurements  at  the  same  place  as  No.  7. 

Meter 15.60  second-feet. 

Weir 15.88       " 

8. — August,    1899.       Meter     measurements    at     the    above-described 
measuring  box  compared  with  said  weir. 

Large  Price  Electric  Meter  No.  99 2%  excess. 

"74 6%       " 

Small      "  "  "         "137 2%      " 

9.— April  21st,  1897.     Verde  Eiver,  at  Fort  McDowell,  Arizona. 

Large  Price  Electric  Meter  No.  67 1  336  second-feet. 

"69 1328 

Channel  broad  and  sandy. 

10. — January  24th,  1898.     Los  Angeles  Eiver,  at  Bridge  1. 

Large  Price  Electric  Meter 31.64  second-feet. 

Weir 31.41       " 

Meter  measurement  made  in  rectangular  measuring  flume.  Weir 
fairly  good. 
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11. — January  24th,  1898.     Los  Angeles  Eiver,  at  Bridge  2.  Mr.  Lippincott. 

Large  Price  Electric  Meter 55.45  second-feet. 

Weir .55.92 

Same  conditions  as  No.  10. 

E.  E.  Haskell,  M.  Am.  Soc.  C.  E.  (by  letter). — The  author  has  Mr.  HaskeU. 
made  the  writer  somewhat  of  an  interested  party  to  his  paper,  and, 
while  he  is  greatly  interested  in  the  results  exhibited,  and  in  the  sub- 
ject in  general,  he  does  not  feel  like  taking  all  the  credit  for  the  meter 
on  Plate  XI  that  bears  his  name.  The  only  part  of  it  that  he  can 
recognize  as  his  own  design,  or  that  ever  came  from  the  shops  of 
Messrs.  E.  S.  Ritchie  and  Sons,  of  Brookline,  Mass.,  the  makers  of  his 
current  meters,  is  the  wheel.  The  remainder  of  it  is  of  poor  design, 
-and,  certainly,  is  not  attractive  in  appearance. 

The  first  requisite  of  a  good  current  meter  is  that  it  shall  offer  the 
minimum  of  resistance  to  the  free  flow  of  water;  secondly,  it  must 
liave  strong  directive  properties;  that  is,  a  rudder  large  enough  to 
make  the  wheel  head  instantly  to  a  change  of  direction  of  current. 

A  close  examination  of  Plate  XI  will  show  that  the  meter  has 
been  given,  for  a  sinker,  a  lead  or  iron  weight,  the  longest  axis  of  which 
is  forward  of  the  line  of  support  of  the  meter,  where  it  acts  in  direct 
opposition  to  the  rudder  of  the  meter  wheel.  Again,  this  sinker  has 
been  placed  within  about  2  ins.  of  the  wheel,  where  it  will  cause  a  dis- 
turbance of  the  water  in  close  proximity  to  it.  This  sinker  has  been 
given  no  rudder,  a  feature  which  stands  in  striking  contrast  with  the 
Price  current  meter  (also  on  Plate  XI),  and  also  in  striking  contrast 
with  the  writer's  meters,  as  shown  in  the  authorized  illustrations.  The 
standard  and  the  manner  of  making  the  suj^porting  and  electric  con- 
nections are  clumsy  in  appearance  and  clumsy  in  fact.  The  author, 
in  presenting  this  meter  in  this  connection,  undoubtedly  overlooked 
the  fact  that  it  had  been  remodeled.  Had  more  careful  attention 
been  paid  to  details  of  construction  in^this  remodeling,  a  better  meter 
would  have  been  the  result. 

The  resiilts  of  the  author's  comparisons  of  current-meter  and  wire 
discharges  are  of  special  interest  from  the  point  of  furnishing  a  direct 
test  of  the  accuracy  of  work  done  with  current  meters.  In  the 
majority  of  cases  it  is  an  expensive  operation  to  apply  a  rigid  test  to 
work  of  this  character,  and,  in  consequence,  one  is  seldom  if  ever 
made.  It  is  the  writer's  firm  conviction  that,  if  more  tests  could  be 
applied,  the  results  would  be  to  the  credit  of  the  meter;  but  the  latter 
statement  should  be  qualified  by  saying  that  the  meter  must  be  of 
good  design,  well  made,  well  rated,  well  cared  for,  and  used  by  a 
careful,  painstaking  observer. 

If  one  wishes  to  make  a  careful  study  of  the  form  of  the  discharge 
curve  of  a  river,  regardless  of  its  size,  the  current  meter  offers  the 
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Mr.  Haskell,  cheapest  and,  in  the  writer's  opinion,  the  most  satisfactory  means  for 
obtaining  the  data. 

The  writer  has  but  little  confidence  in  cup-wheel  meters  for  general 
river  gauging,  except  when  used,  as  in  the  present  case,  from  a  firm 
support.  It  was  his  loss  of  confidence  in  them  that  led  him  to  take  a. 
hand  in  the  design  and  construction  of  one  of  the  propeller-wheel 
type.  Charles  H.  Miller,  M.  Am.  Soc.  C.  E.,  in  his  discussion  of  this, 
paper,  points  out  their  defect,  and,  to  the  writer,  it  is  a  matter  of 
regret  that  Mr.  Miller  was  not  in  a  position  to  give  the  results  of  his 
experiments.  The  present  forms  of  cup-wheel  meters  over-register  if 
used  from  an  unstable  support,  such  as  a  boat.  When  tipped  to  a. 
comparatively  small  angle  with  the  direction  of  the  current,  they  give 
a  marked  increase  in  the  number  of  revolutions  of  their  wheels  for  the 
same  velocity  of  the  water.  The  cause  for  this  increase  is  not  hard  to 
find.  The  tilting  of  the  meter  changes  the  area  and  the  form  of  th& 
wheel  which  is  presented  to  the  current  pressure,  and,  in  consequence^ 
its  normal  rating  equation  no  longer  api^lies.  Mr.  Miller  states  that  the 
registrations  of  the  Haskell  meter  decreased  when  used  from  the  rock- 
ing boat,  but  in  a  less  proportion  than  those  of  the  Price  meter.  Pro- 
peller-wheel meters  under-register  when  tilted,  but  in  a  very  much  less 
proportion  than  cui3-wheel  meters,  for  the  same  angle  of  tilt.  Anyone 
who  wishes  can  readily  satisfy  himself  in  regard  to  this  point  by  rating 
simultaneously  these  two  forms  of  meters.  Attach  each  to  separate- 
vertical  rods,  far  enough  apart,  so  that  they  can  in  no  way  interfere 
with  each  other;  rate  them  when  left  free  to  obey  the  action  of  their 
own  rudders,  and  note  the  resiilts.  Next  fasten  each  meter  so  that  its 
longitudinal  axis  makes  an  angle  of  5°  with  the  horizontal — otherwise 
perfectly  free — rate  them,  and  note  the  results.  Fasten  them  at  angles 
of  10°,  15°,  20°  and  25°,  rating  them  at  each  position,  and  note  the 
results.  The  writer  is  confident  that  this  method  will  give  all  the  data, 
required  for  a  thorough  consideration  of  the  subject. 

The  accuracy  with  which  the  discharge  of  a  stream  can  be  measured 
with  current  meters  is,  in  the  writer's  opinion,  dependent  ui3on  the 
size  and  character  of  the  stream  and  the  completeness  of  the  programme 
of  work.  The  author's  results  show  the  precision  attained  in  his 
comparisons,  with  his  programme,  which  was  a  comparatively  simple 
one.  A  little  more  attention  paid  to  a  better  determination  of  the 
velocity  curves  should  readily  reduce  the  residuals,  for  the  measure- 
ment of  the  flow  of  so  small  a  canal,  to  less  than  ^  of  1  per  cent.  The 
Niagara  River,  and  similar  streams  of  comparatively  permanent  regi- 
men, can  be  measured,  with  residuals  not  exceeding  2%  of  their  flow. 
The  discharge  of  the  Lower  Mississippi  River,  with  its  ever-changing 
conditions,  can  be  measured,  with  residuals  not  exceeding  5^o  of  its  flow. 

Mr.  Murphy,        Edwaed  C.  Mukpht,  Assoc.  M.  Am.  Soc.  C.  E.   (by  letter). — The 
writer  is  pleased  to  learn  that  those  who  have  used  the  current  meter 
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for  years  believe  that  "  under  the  conditions  usually  existing  in  river-  Mr.  Murphy, 
discharge  work,    and  with  the  proper   amount    of  care,    results   are 
obtained  that  are  within  5%  of  the  true  values." 

Among  "favorable  conditions  "  the  writer  would  not  include  the 
shallow  depths  and  low  velocities,  mentioned  by  Mr.  Hering,  or  flood 
discharge,  referred  to  by  Mr.  Le  Conte.  The  writer's  current-meter 
and  weir-discharge  comparisons  for  low  velocities*  show  clearly  that, 
for  velocities  of  less  than  1  to  |  ft.  per  second,  the  meter  discharge  is 
less  than  the  corresponding  weir  discharge,  and  this  difference 
increases  rapidly  as  the  velocity  decreases. 

He  is  well  aware  of  the  fact  that  on  some  streams  it  is  difficult  to 
find  a  good  discharge  section,  and  also  that  a  section  may  be  a  good 
one  for  some  river  stages,  and  a  very  poor  one  for  others.  Ordi- 
narily, it  is  the  extreme  stages  that  give  trouble;  fortunately,  these  do 
not  often  occur.  It  frequently  happens  that  two  sections  not  very  far 
apart  can  be  used  to  advantage,  one  being  favorable  for  discharge 
measurements  at  low  river  stages,  the  other  for  higher  stages. 

He  has  no  means  of  knowing  whether  what  he  has  called  an  error, 
in  the  Small  Price  meter  work  of  April  12th,  was  due  to  a  change  in  the 
rating  of  the  meter  on  that  day,  as  suggested  by  Mr.  Miller,  or  to  some 
other  cause.  If  it  was  due  to  a  change  of  rating,  it  serves  to  empha- 
size the  fact  that  frequent  ratings  are  necessary  when  a  high  degree  of 
accuracy  in  current-meter  work  is  desired. 

Mr.  Sherrerd  has  called  attention  to  the  fact,  noticed  by  the  writer 
about  a  year  ago  while  using  two  kinds  of  meters  at  a  time,  that  the 
Small  Price  meter  indicated  a  velocity  less  than  the  triie  velocity 
when  held  near  the  surface  of  the  water.  The  writer  has  measured 
the  velocity  near  the  surface  simultaneously  with  the  Small  Price 
meter,  the  Haskell  meter,  surface-floats,  and  loaded  6-in.  cubical 
floats.  These  experiments  show  clearly  that  when  the  Small  Price 
meter  is  held  with  its  center  within  1  ft.  of  the  surface,  and  the 
moving  head  wholly  submerged,  the  velocity  shown  by  it  is  less  than 
the  true  velocity.  The  error  is  about  the  same,  whether  the  meter  is 
held  with  a  cable  and  is  free  to  tip,  or  is  held  rigidly  with  a  rod. 

Mr.  Sherrerd  inquires  as  to  the  necessity  for  dividing  the  cross- 
section  into  horizontal  strips,  and  taking  a  mean  velocity  for  each 
horizontal  layer,  to  get  the  mean  velocity  in  the  section.  This  is  not 
necessary,  inasmuch  as  the  cross-section  is  a  rectangle. 

Let  -Fi,  F2,   F^,   etc. ,  be  the  areas  of  horizontal   strips,  of  equal 
width,  of  the  total  discharge  area; 
v^,  V2,  v^,  etc.,  the  mean  velocity  in  these  strips; 
i^the  total  discharge  area; 
v^  the  mean  velocity  in  this  area; 

and  Q  the  discharge,  in  cubic  feet  per  second. 

*  To  be  published  as  "  Water  Supply  and  Irrigation  Paper,  No.  62,"  United  States 
Geological  Survey. 
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Mr.  Murphy.        Then  Q  =  F^  V i -j-  F.^  v.^ -\-  F-^  v^  +  .  .  .  +  F^  v„. 

As  the  strips  are  of  equal  width,  and  the  canal  section  is  rectangu- 
lar, F^  =  F.^  —  F^,  etc.,  and 

Q  =  Fi  {vi  +  t\2  +  ?73  +  .  .  .  -(-  v„)  =  F^  nv^  =  Fv„^. 

That  is,  the  discharge  is  equal  to  the  product  of  the  discharge  area 
by  the  mean  abscissa  of  the  vertical  velocity  curve  of  that  area. 

In  the  closing  paragrai:)h  of  his  discussion,  Mr.  Le  Conte  calls  atten- 
tion to  the  fact  that  in  the  use  of  the  current  meter  the  engineer  is  at 
the  present  time  limited  to  canal  coefficients.  The  tests  of  accuracy 
of  current-meter  work  have  thus  far  been  made  in  canals  where  the 
conditions  could  be  easily  controlled  by  the  experimenter,  and  the 
conditions  affecting  accuracy  easily  described.  It  is  highly  desirable, 
but  very  difficult  and  expensive,  to  make  similar  tests  on  rivers.  The 
writer  has  under  way,  on  a  small  scale,  a  study  of  the  relative  accu- 
racy of  current-meter  methods  as  applied  to  streams  of  moderate  and 
small  size,  and  hopes  in  the  near  future  to  be  able  to  throw  some 
additional  light  on  this  subject. 

The  writer  cannot  agree  with  Mr.  Lippincott,  that  "  current  meters 
hold  their  rating  for  several  years  without  change,  provided  they  are 
handled  carefully  and  oiled."  His  experience  is  that,  with  the  best 
of  care,  the  small  meters  change  their  rating,  and  need  frequent  re- 
rating.  This  change  may  be  due  to  either  increase  or  decrease  in 
friction.  The  change  in  rating  may  not  be  very  noticeable  for  the 
higher  velocities,  but  is  very  noticeable  for  the  lower  ones. 

The  writer  is  pleased  to  have  on  record  the  meter  and  weir,  and  the 
meter  and  meter,  comijarisons  made  by  Mr.  Lipjiincott.  He  thinks, 
however,  that  a  full  description  of  all  the  conditions  under  which 
the  comparisons  were  made  (cross-section,  greatest,  least  and  mean 
velocity;  distance  of  section  from  weirs,  piers,  bends  or  other  disturb- 
ing influences)  and  methods  used  (to  measure  depths,  surface  fluctua- 
tions, revolutions  of  meter  wheel,  and  for  computing  discharge) 
should  be  given.  The  value  that  an  engineer  will  attach  to  such  com- 
parisons depends  on  his  knowledge  of  the  accuracy  of  measurement 
of  each  factor  on  which  the  discharge  depends. 

The  writer's  experience  with  the  "integration  method  "  is  that  it 
is  not  as  accurate  as  the  "point  method."  Some  of  his  discharge 
measurements  by  the  zigzag  integration  method  check  the  corre- 
sponding weir  discharge  closely,  while  others  do  not.  The  vertical 
velocity-curve  work  shows  that  fluctuations  in  velocity  near  the  bottom 
are  greater  than  at  any  other  place  in  a  vertical,  and  hence  the  bottom 
velocity  (with  the  center  of  the  meter  ^  ft.  above  the  bottom)  is  not  a. 
good  function  to  use  in  measuring  discharge. 

The  writer  desires  to  disclaim  any  intention  of  making  any  person 
an  "interested  party  "  to  his  paper.  He  has  avoided  in  this  paper  a 
detailed  comparison  of  results  by  different  meters.     The  meter  referred 
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to  by  Mr.  E   E.  Haskell  came  to  bim  under  the  name  "  Haskell  meter,"  Mr.  Murphy. 

and  he  has  referred  to  it  by  this  name.     It  has  been  used  suspended  with 

a  cable,  with  the  revolving  head  near  to  the  lead  sinker,  in  order  to 

obtain  velocities  as  close  to  the  bottom  as  possible.     It  has  also  been 

held  with  a  rod,  without  a  sinker,  in  which  case  the  axis  of  the  meter 

•was  parallel  to  the  axis  of  the  canal,  independently  of  the  riidder. 

It  was  not  the  aim  to  use  extreme  accuracy  in  these  tests.  With 
greater  care  taken  to  maintain  a  constant  depth,  and  more  time  spent 
in  measuring  the  velocity  in  each  vertical,  a  slightly  greater  degree  of 
accuracy  would  have  been  attained.  What  was  wanted  was  the  degree  of 
accuracy  attainable  by  different  methods  of  operating  meters  when 
operated  quickly  in  a  simple  manner. 

Mr.  Haskell  states  that,  "  A  little  more  attention  paid  to  a  better 
determination  of  the  velocity  cvirves  should  readily  reduce  the  resid- 
uals for  the  measurement  of  flow  of  so  small  a  canal  to  less  than  ^  of 
1  per  cent."  In  Mr.  F.  C.  Shenehon's  report  to  Mr.  E.  E.  Haskell  on 
his  ratings  of  current  meters,  in  connection  with  measurements  of  dis- 
charge of  the  Niagara  Eiver,*  the  following  statement  may  be  found: 

"This  latter  was  stretched  over  five  days  in  an  attempt  to  trace  the 
cause  of  what  has  appeared  elsewhere  as  a  diurnal  variation  of  the 
rating  constants.  The  several  days,  however,  failed  to  show  any  con- 
siderable change,  and  the  observations  almost  deny  what  is  clearly  indi- 
cated throughout  all  the  two-meter  work,  and  what  other  ratings  made 
by  myself  and  other  observers  show  to  be  a  fact.  This  variation  of  1  or 
2%  on  either  side  of  a  mean  rating  line  is  baflling  in  the  extreme." 

If  there  is  an  uncertainty  in  observed  velocity  of  1  to  25*0,  clue  to 
daily  changes  in  the  meter  constants  of  a  genuine  Haskell  meter,  there 
appears  to  be  very  little  hope  of  reducing  the  residuals  of  flow  of 
"even  a  small  canal "  to  less  than  1  or  2  per  cent.  If  the  meter  work 
on  the  Niagara  River  "  clearly  indicates  "  a  daily  variation  of  1  or  2% 
in  the  meter  constants  (as  stated  above),  and  a  consequent  possible 
error  of  1  or  2  ^  in  the  measured  velocity  and  discharge,  from  one 
source  of  error  alone,  how  is  it  possible  to  reduce  the  residual  errors 
to  less  than  2%  when  all  sources  of  error  are  taken  into  account? 

When  an  engineer  sees,  from  his  ratings  of  current  meters,  that 
there  may  be  an  error  of  1  to  2",)  in  his  velocity  measurements,  from 
daily  changes  in  the  meter  constants,  is  he  justified  in  incurring  the 
expense  necessary  to  attain  extreme  accuracy  in  some  details?  Is  "a 
chain  stronger  than  its  weakest  link?  "  Why  make  some  links  very 
strong,  when  it  is  known  that  others  are  necessarily  weak? 
*  Annual  Report  of  Chief  Engineer,  U.  S.  Army,  1900,  p.  5338. 
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With  Discussion  by  Messks.  Clemens  Heeschel,  I.  P.  Church, 
Edward  C.  Murphy  and  Charles  H.  Tutton. 


In  the  paper  bj  Messrs.  Gardner  S.  Williams,  Clarence  W.  Hub- 
bell  and  George  H.  Fenkell,t  among  other  propositions,  the  theory 
is  advanced  that  the  true  form  of  the  velocity  curve  of  the  water  flow- 
ing in  a  pipe  is  an  ellipse.  In  the  discussion  which  followed  that 
paper,  the  writer  presented  a  new  theory  of  the  viscous  flow  of  liquids, 
and,  assuming  that  the  pressure,  as  measured  by  the  difi'erence  in 
heights  observed  in  two  circumferential  piezometers,  could  be  consid- 
ered as  aj^plying  over  the  entire  cross-section  of  the  pipe,  deduced 
therefrom  that  the  true  velocity  curve  is  an  ellipse. 

*  Presented  at  the  meeting  of  December  18th,  1901. 
tPage  1  of  this  volume  of  Transactions. 
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In  the  present  paper  the  same  theory  will  be  applied  to  open 
channels,  and  an  attempt  will  be  made  to  solve  determinately  the 
much-discussed  but  never-answered  question,  of  why  the  maximum 
velocity  is  found  below  the  surface  in  such  channels.  The  other  dis- 
cussion forms  but  a  particular  case  of  the  present;  therefore,  even  at 
the  risk  of  being  tiresome,  some  of  the  statements  therein  made  will  be 
repeated  here,  but  they  will  be  miich  more  fully  developed,  in  order 
to  make  the  explanation  complete.     Others,  again,  must  be  modified. 

As  a  preliminary  step,  let  it  be  assumed  that  uniform  motion 
exists  in  the  stream,  meaning  by  this  that  the  motion  along  each  fillet 
is  uniform  and  parallel  to  the  longitudinal  axis  of  the  stream,  and  that 
the  total  resistance  to  motion  is  composed  of  two  entirely  different, 
yet  mutually  dependent,  classes  of  resistance,  one  being  the  so-called 
friction  along  the  bed  and  sides  of  the  stream,  the  other,  the  internal 
resistances  in  the  liquid  itself,  or  the  so-called  viscosity. 

The  method  generally  used  in  the  textbooks  of  to-day,  in  devel- 
oping a  formula  for  the  flow  of  a  liquid  in  open  channels,  is  to 
consider  the  mass  of  liquid  as  a  body  of  invariable  volume  sliding 
down  an  inclined  plane  under  the  action  of  its  own  weight,  this 
assumption  being  the  foundation  of  the  v  =  c  \/  R  S  formula.  The 
usual  interpretation  of  this  supposition  is  so  restricted  that  it  gives 
correct  results  only  in  the  case  when  the  axis  of  the  curve  which 
represents  the  curve  of  mean  velocity  is  found  in  the  free  surface. 
The  maximum  velocity  would  then  be  found  in  this  axis,  but,  as  a 
matter  of  observed  fact,  the  maximum  velocity  is  seldom  or  never 
found  there.  One  of  the  objects  of  this  paper  is  to  prove  that  this  is 
necessarily  so,  which  can  be  done  by  extending  the  generality  of  in- 
terpretation of  the  above,  or  by  an  entirely  independent  method. 

The  First  or  Ordmary  Method.— The  usual  method  of  treating  this 
problem  may  be  stated  as  follows:  In  a  stream  in  which  the  surface 
A  B,  and  bed,  CD,  are  parallel  (Fig.  1),  let  4  ,  ^ 

a  mass  of  fluid  of  density  /j  be  flowing  with        ^2«j'         ~^'^^^-i^  i 
uniform  motion,    then,    if  a   prism   be  con-     ~~'W^  l\  p~ 

sidered  of  width  unity,  length  I,  and  dej^th  '^Z  "~~~~~--~r-j^-lL 

z,  its  weight   TF  will  be  pglz.    On   such   a  ^^./ 1       '^'  ^ 

prism,  referred  to  axes  jDarallel  and  perjien- 
dicular  to  the  free  surface,  the  end  pressures 
Po  and  p  are  equal,  being  respectively  equal  at  equal  depths,  and  hence 
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annul  each  other.  The  normal  pressures,  N^  on  the  surface  and  N  on 
the  bed,  need  not  be  considered,  as  fluid  friction  is  supposed  to  be 
independent  of  normal  pressure;  therefore,  ii  B  A  E=  a\>e  the  angle 
which  the  surface  makes  with  the  horizontal, 

W sin.  a=  WS=^pglzs 
would  be  the  component  of  the  weight  of  this  body  of  fluid  in  the 
direction  of  motion,  which  must  be  in  equilibrium  with  the  friction 
on  the  bed,  or  the  viscosity  between  plane  layers  (modified  by  their 
motion)  at  a  depth  z  from  the  free  svirface. 

The  writer  objects  to  this  statement,  and,  most  emphatically  so,  to 
the  limitation  "from  the  free  surface,"  which,  although  not  always, 
expressed,  is  always  understood.*  This  "component  of  the  weight  "  is 
an  erroneous  statement  of  the  case,  necessitated  by  the  axes  used,  and 
it  is  the  use  of  this  expression  which  has  caused  confusion.  The  writer 
considers  that  this  component  applies,  not  to  the  aggregate  mass  as 
measured  from  the  free  surface,  but  to  each  individual  and  elementary 
fillet  whatever  its  position;  in  other  words,  that  this  comijonent  repre- 
sents a  uniform  pressure,  p  g  I  s,  over  the  entire  end,  A  B,  of  the  prism, 
and  is  the  same  per  unit  of  area  over  any  fillet 
wherever  located,  and  that  p  g  s  I  z  results,  Y\ 

simply  because  of  this  pressure  being  taken      *  ^~~~~~^~~^^^     \p 

over  an  aggregate  of  area  z,  not  because  it  is      b~ ^1*^ 

at  any  fixed  depth  below  the  free  surface  or     ^  ho-i  sinro"~~~~-— -^^  Ip 

below  any  other  point,  but  because  of  the 

Fig.  2. 
number  of  fillets  considered. 

The  Other  Method.  — Barnouilli's  Theorem  states  that  in  any  stream, 

such  as  represented  in  longitudinal  section  in  Fig.  2  h\  A  B  C  D,  that 

at  the  two  end  sections,  A  B  and  C  I), 

l^  +  »  +  *»  =  ^+i+"- 

provided  the  motion  be  uniform,  the  fluid  be  incompressible  and  fric- 
tion be  disregarded;  in  other  words,  the  sum  of  the  velocity,  jiressure 
and  potential  heads  is  constant.  In  the  figure  the  arrows  marked  p^^ 
and  p  represent  the  atmospheric  pressure,  which  is  constant,  and 
therefore  equal.  The  depths  of  liquid,  A  B  and  C  D,  are  equal,  the 
top  and  bed  slopes  being  parallel,  hence  the  totals  of  the  pressures 
developed   by  the  weight  of  the  water  are  equal.      As,  by  supposi- 

*Dupuit  ("Mouvement  des  Eaux,"  p.  3),  specifically  states  this.    He  also  quotes 
Prony  to  the  same  effect. 
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tion,  the  velocity  is  uniform,  therefore  the  velocity  heads  must  be 

equal.      In   order,   then,  that   Bernouilli's   Theorem  be  true,  as  the 

velocity  and   pressure  heads  annul  each   other,  the  potential   heads 

must  be  equal.     Now,  the  potential  head  in  this  case  would  be  the 

height  of  the  bed  of  the  stream  above  any  arbitrary  horizontal  plane 

of  reference,  necessarily  horizontal  as  gravity  acts  in  vertical  lines. 

Taking,  then,  this  plane  through  the  point  D,  h  would  be  zero,  but  h^, 

instead  of  becoming  zero  with  it,  becomes  equal  to  I  sin.  ex.     Then,  as 

hg  has  not  disappeared  with  It,  it  follows  that  resistances  must  exist, 

and  also,  in  order  that  the  motion  be  uniform,  these  resistances,  as 

developed   in  the  stream  and  along  its  beds  and  sides,  must  be  in 

equilibrium  with  this  head;  in  other  words,  the  motive  force  is  due 

to  a  column  of  water  I  sin.  a  high,*  acting  over  the  end  section,  A  B, 

of  the  stream,  and  it  is  this  pressure,  applied  to  the  end  of  each  and 

every  individual  fillet,  which  is  in  equilibrium  with  the  viscous  and 

frictional  resistances.     This  pressure  in  the  line  of  direction  of  motion 

would  he  p  g  I  sin.  a  over  each  individual  fillet  of  the  entire  end 

section;  or,  if  the  fillet  have  an  area  a,  it  would  he  p  g  I   sin.  a  a, 

immediately   reverting  to  the  form  of   the  weight   of  the  fillet,  but 

showing  in  this  case  that  the  particular  position  of  the  fillet  has  no 

bearing  on  the  question,  but  that  p  g  I  sin.  a  is  an  end  pressure,  the 

equation  taking  the  form  of  weight  simply  because  it  is  multiplied  by 

the  area  of  the  fillet. 

There  are  other  ways  of  proving  this,  but,  believing  it  to  be  sufii- 

ciently  demonstrated  by  the  preceding,  there  results  the  following 

hitherto  unnoticed  law: 

Law. — The  catise  of  motion  in  a  liquid  is  due  to  pressure  on  the 

end  section,  which  pressure  is  that  due  to  a  head  of  liquid  measured 

by  I  sin.  a,  uniform  over  the  section,  and  normal  in  direction  to  the 

line  of  action  of  gravity,  being  also  the  same  on  a  plane  normal  to  the 

line  of  flow,  by  a  well-known  principle  of  fluid  motion. 

The  above  pressure  applied  over  a  given  area  a  is  equivalent  to  the 

weight  of  a  mass  of  liquid  of  length  /  and  area  a;  nevertheless,  it  is  the 

pressure  on,  and  not  the  weight  of,  the  liquid  fillet  itself,  that  causes 

the  motion.     This  is  in  strict  conformity  with  the  process  used  in  the 

previous  discussion,  while  the  ordinary  assumption  is  not. 

*  Particular  attention  is  called  to  this,  as  showing  that  motion  results  from  th  3  surface 
slope,  the  bed  slope  having  nothing  to  do  with  it.  It  is  believed  that  this  was  first 
claimed  in  1836  by  M.  Pierre  Vauthier,  Ingenieur  en  Chef  des  Ponts  et  Chauss6es. 
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Viscous  Resistance. — Next  consider  the  resistances  due  to  viscosity. 
In  the  previous  discussion  it  was  simply  stated,  "let  it  be  assumed 
that  what  has  been  called  the  '  rate  of  distortion  '  of  the  liquid,  varies 
not  only  in  direct  ratio  to  the  distance  of  the  filament  from  the  center 
of  the  tube,  but  also  with  the  velocity  of  that  filament."  This  but 
partially  expresses  the  general  law,  and  a  criticism  by  Mr.  James  A. 
Seddon*  leads  the  writer  to  suppose  that  this  statement  jjroved  to 
be  misleading.  To  place  the  matter  in  a  clear 
light,  the  following  explanation!  is  given: 

"Suppose  a  liquid   to   be   flowing   between 
two  plates  (Fig.  3),  and  F  be  the  force  neces-  ^ig  3 

sary   to   move    it,    A    being    the    area    of    the 

plate  over  which  the  force  acts.  Further,  suppose  the  force  to 
vary   uniformly    with   its   distance   from    one   of    the   plates.      Then 

F  =f  A,  in  which/ is  proportional  to  — ,  or  if  e  be  the  coefficient  of 

viscosity,/ =  e  — ,  and/ will  be  the  'rate  of  distortion  '  of  the  liquid." 

Writing  this  in  the  form/=  e— — ,  it  is  seen  that  — —   is   simply 

a  ratio,  and  this  is  Navier's  supposition  for  viscous  resistance,  adopted 
by  all  writers  on  capillary  flow,  as  Helmholtz,  Stokes,  Lamb,  Bassett 
and  others,  and  which,  developed,  results  in  the  parabolic  theory  of 
flow.     The  writer  assumes  that /varies  also  with  the  velocity  of  the 

filament,  or/  =  e  — j — ,  then,  ii  A  Bhe  a  thread  of  maximum  velocity, 
whether  it  be  in  the  center  of  a  cylinder,  in  the  surface  of  a  stream,  or 
anywhere  else  in  the  stream,  the  stress  on  any  other  fillet,  per  unit  of 

V  dv 


length,  will  be  e 


d  z 


in  which  z  is  the  distance  of  the  filament  con- 


sidered from  the  axis  of  maximum 
velocity.  From  the  foregoing 
definition,  this  must  be  measured 
by  P^. 

Gen&i^al  Formula.  —  Let  the 
shaded  portion  in  Fig.  4  represent 
a  vertical  longitudinal  section  of  a 
portion  of  a  stream  supposed  to  be 
of  indefinite  width,  and  let  the  thickness  of  the  prism  considered. 


*  Transactions,  Am.  Soc.  C.  E.,  Vol.  xlvii,  p.  238. 

t  Due,  in  part,  to  Messrs.  Deeley  and  W^olff,  in  The  Engineer  of  January  1st,  1897. 
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i.  e.,  perpendicular  to  the  plane  of  the  paper,  be  taken  as  unity.     Also 

assume  co-ordinate  axes,  one  of  which  lies  in  the  free  surface  and  the 

other   perjiendicular   to   it,  the    origin  being  taken  at   0.     Suppose, 

further,  that  a  thread  or  plane  af  maximum  velocity  exists  at  a  depth 

Z  from  the  surface  of  the  stream.     The  distance  of  any  filament  from 

this  axis  may  then  be  referred  to  the  surface  by  writing  z  —  Z  for  z  in 

the  equations  deduced  with  the  axis  of  maximum  velocity  as  one  of 

the  co-ordinate  axes.     The  resultant  i^ressure  on  any  point  of  the  end 

section  of  the  stream  has  been  shown  to  be  that  due  to  a  column  of 

water  of  height  /  sin.  a,  or  s  I  in  the  direction  of  motion,  where  s  has 

the  ordinary  signification  of  difference  in  level  between  end  sections 

divided  by  their  distance   apart;   that  is  to  say,  the  fall  per  unit  of 

length.     The  pressure  on  the  end  of  any  prism  will  then  he  p  g  s  I,  and 

the  area  of  an  aggregation  of  such  prisms  being  z  —  Z,  as  referred  to 

the  surface,  as  the  width  has  been  assumed  to  be  unity,  the  total 

pressure  will  be 

P9sl{z-Z) (1) 

The  viscous  resistances  will  cause  the  consecutive  prisms  of  fluid, 
jDarallel  to  the  axis  of  maximum  velocity,  to  slide  upon  each  other  inde- 
pendently of  the  sliding  of  the  total  mass  upon  its  bed,  in  such  a  manner 
that  the  development  of  the  motion  per  unit  of  time  (usually  a  second), 
or  what  has  been  termed  in  the  previous  discussion  the  "velocity  solid," 
can  be  represented  by  the  lighter  portion  C  B  F H  0,  in  which  G  B  F  0 
represents  the  motion  of  the  entire  prism  A  C B  E  along  the  bed  of  the 
stream,  and  which  is  resisted  by  friction  on  the  bed  only,  and  0  F  H 
rei^resents  the  excess  of  motion  due  to  the  liquid  prisms  sliding  ixpon 
each  other  during  that  unit  of  time,  or  the  variation  in  motion  caused 
by  the  viscous  resistances. 

Velocity  Carve. — Consider,  first,  the  viscous  resistances  which  cause 
the  velocity  curve. 

Assuming  that  the  viscous  resistances  between  filaments  per  unit  of 

area  is  proportional  to  e.  — - — ,  in  which  e  represents  the  so-called 
coefficient  of  viscosity,  and  which  expresses  that  the  viscosity  varies 
both  with  the  velocity  and  with  the  rate  of  distortion  of  the  liquid  as 
referred  to  the  axis  of  maximum  velocity  ;  also,  considering  e  of  the 
same  nature  as  the  frictional  coefificient  in  so  far  that  it  may  be  repre- 
sented as  a  force,  and  introducing  a  factor  1>™  to  take  into  considera- 
tion the  actual  depth  of  the  stream,  the  frictional  resistance  over  the 
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length  I  between  consecutive  filaments  at  the  distance  z  from  the  thread 

of  maximum  velocity  will  be  p  o  D'"  I  e  — ^  ",    — '-,  or,  as  referred  to 

2g         dz 

the  surface  of  the  stream,  and  observing  that  d  {v^  -\-  v)  =  d??, 
Adding  this  to  (1),  the  equation  of  equilibrium  results 

whence  vdv  = 1_  (2_Z)  rf  (2— Z). 

2  o  s 
Writing  c  for  — ^  ,  and  integrating, 

v^  =  —  c(z—  Z)'. 

But,  when  z  =  Z,  v  becomes  the  maximum  velocity,  V,  or 

V^~v^==c{2  —  Z)^ (2) 

and  when  z  =  D,  assuming  no  slip  due  to  viscous  resistances,  v  =  0,  or 

^^,  V'  =  c{D-Z)' (3) 

From  this,  c  =  y^: — ^^j,  which  value,  substituted  in  (2),  gives,  after 
{V — Z) 

easy  reductions, 

V''   ^  {D  —  Zf~       ^' 

showing  the  curve  of  velocity  to  be  an  ellipse,  the  semi-axes  of  which 
are  maximum  velocity  and  the  distance  of  that  maximum  velocity  from 
the  bed  of  the  stream. 

This  may  be  said  to  apply  strictly  only  to  that  portion  of  the  curve 
below  the  axis  of  maximum  velocity.  To  simi^lify  the  discussion,  as 
the  actual  resistance  between  water  and  air  is  unknown,  it  will  be 
assumed  as  a  liquid  resistance,  and  that  the  same  curve  holds  above 
the  axis  of  maximum  velocity. 

To  simplify  the  results,  let  Z  =  ?i  2),  thus  expressing  the  depth  of 
axis  as  a  percentage  of  total  depth,  also  let  F,  =  surface,  V  =  maxi- 
mum, F^2)  ==  mid-depth,  and  11'  =  mean,  velocity  in  the  elliptic 
head,  z^  being  the  depth  of  the  mean  velocity. 

Making  2  =  0  in  Equation  (2),  v  becomes  V^,  and 

V'^  —  V^-^c^^-^cD-n- (5) 

Prom  (3)  V-  =c[D  —  Z)'  =  c  D''  (1  —  nf (6) 

Subtract  (5)  from  (6)     v;^  =  c[{D—  Zf  —  Z"]  =  c  Z»Ml  —  2  «) (7) 

_r  _        l  —  n 

Vs"  VT=^^ ^^^ 
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For  the  mean  velocity  in  the  elliptic  head 

C7'=^r   vdz=.-^r    V  7,2  —  c{{z—Z^)  —  Z^]  d z 
Jo  *^    o 

^dV  '^r  V{B-Zf-[z-Zf  dz 

J    o 
integrating  which 

U'  =  D^~\  I  n  y' 13127.  +  [l-nf  (|  +  sin."'  j-^)   [  .  (9) 

which  will  be  abbreviated  by  placing 

1]    nyY:z^n  +  {i-.nf{^  +  sm.-'^^   \  =  M (10) 

when  it  becomes  U'  =  V~c  D  31. (11) 

The  depth  of  this  mean  velocity  is  found  by  placing  this  value  in 
the  place  of  v  in  Equation  (4),  then  substituting  the  value  of  V  from 
Equation  (6),  and  there  results 

Z^  =  n±:  V  {I  —  nf  —  3P (12) 

For  mid-depth  velocity  there  is  found  in  the  same  manner 

^^D^-^  V~c  ^V  2,-4:71. : (13 

It  must  be  remembered  that  all  of  that  which  precedes  under  this 
heading  relates  solely  to  the  elliptic  head. 

Motion  Aloyig  the  Bed. — For  the  portion  C  0  B  F,  in  which  the 
velocity  is  not  only  uniform,  but  equal  in  each  fillet,  and  the  motion  of 
which  is  resisted  by  the  friction  on  the  bed  alone,  if  the  ordinary  as- 
sumption be  made  that  the  resistances  are  proportional  to  the  square 
of  the  velocity,  the  equation  of  equilibrium  per  unit  of  length  will  be, 
/"being  the  frictional  resistance  expressed  as  a  force, 

^  9 


^.  =  ^^i>s 


whence  v„  =  sA'f    ^  ^ ^^^^ 

This  equation  would  obtain  if  the  mass  of  liquid  to  which  it  applies 
were  considered  as  a  body  sliding  down  an  inclined  plane. 

General  Equations  for  Flow. — In  the  value  of  c  in  Equations  (5)  to 
(13)  the  different  forms  of  equation  arising  from  giving  m  values  other 
than  unity  have  been  shown  in  the  previous  discussion.  It  may  also 
be  stated  that  a  change  in  this  value  would  only  change  the  absolute 
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value  of  £  without  affecting  the  area  of  the  curve  0  M  F  or  the  total 
volume  in  the  elliptic  head.  Assuming  then  m  =  1,  replacing  c  by  its 
value  in  Equation  (11),  and  adding  it  to  (14),  there  results,  for  total 
mean  velocity  in  the  vertical  considered. 


and  similarlv  for  the 


£,-=y27Ts{^i  +  3/Jf[ (16) 

the 

Total  surface  velocity  =  y  2g  D  s\  A—  +  yl  — 27i  J—  I  •  ■  •  -(16) 
Total  maximum  velocity  =  ^  2g  D  S  \      \ f-  (1  — *0 >.  j—  I  •  •  •  (1'^) 

Total  mid-depth  velocity  =  ^  2g  DS  |     ^  +  ^  y3_4«      i-  I  (18) 

Depth  of  mean  velocity  =  7i  zh  y  (1  —  n)'^  —  JiP (19) 

Equations  (15)  to  (19)  comprise  the  fundamental  formulas  for  the 
flow  of  water  in  a  vertical  section  of  a  stream  of  indefinite  width,  and 
define  the  velocity  curve.  The  values  of  the  diflferent  elements  will 
be  found  in  Table  No.  1. 

Momentum  and  Kinetic  Energy.  — Consider  next  the  change  in  mo- 
mentum and  kinetic  energy  of  this  stream  as  compared  with  the  same 
had  all  the  fillets  the  mean  velocity  [T.  This  discussion,  which  is  a 
model  for  clearness  of  jsresentation,  is  taken  from  Flamant's  "  Hy- 
draulique." 

In  any  stream  let  a  be  the  area  of  the  transverse  section,  d  a  be  an 
element  of  the  same,  m  the  mean  local  velocity  corresponding  to  this 
element,  which  velocity  is  supposed  to  be  parallel  to  the  general 
direction  of  motion,  or  so  nearly  so  that  the  deviation  in  direction  may 
be  neglected,  and  ZJthe  velocity  in  the  whole  section  defined  by  the 
equation, 

U  =  —  /     u  d  a, 

the  integral  being  taken  over  all  of  the  elements  d  a  of  the  section. 
Galling  Q  the  total  discharge  per  unit  of  time,  and  d  Q  its  element, 

there  results 

(/  Q  =  u  d  a. 


and 


Ua^  j    uda (20) 
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TABLE  No.  1. — Elements  of  Elllptical  Head,  also  Giving 
Momentum  and  Kinetic  Enekgy. 


S 

si 

1 

1 

s 

^ 

^ 

4. 

^j 

(1) 

(2) 

(3) 

(4) 

(5) 

(6) 

-0.200 

1.200 

1.1832 

1.9494 

0.0827 

0.6027 

—0.175 

1.175 

1.1619 

1.9235 

0.0823 

0.6042 

—0.150 

1.150 

1.1402 

1.8974 

0.0830 

0.6059 

—0.125 

1.125 

1.1180 

1.8708 

0.0817 

0.6077 

-0.100 

1.100 

1.0954 

1.8439 

0.0815 

0.6096 

—0.075 

1.075 

1.0724 

1.8166 

0.0812 

0.6117 

-0.050 

1.050 

1.0488 

1.7888 

0.0810 

0.6140 

-0.025 

1.035 

1.0247 

1.7607 

0.0808 

0.6164 

0.0 

1.000 

1.0000 

1.7320 

0.0806 

0.6190 

0.025 

0.975 

0.9747 

1.7029 

0.0805 

0.6218 

0.050 

0.950 

0.9487 

1.6733 

0.0804 

0.6249 

0.075 

0.925 

0.9219 

1.6432 

0.0803 

0.6383 

0.100 

0.900 

0.8944 

1.6134 

0.0803 

0.6319 

0.125 

0.875 

0.8660 

1.5811 

0.0802 

0.6360 

0.150 

0.850 

0.8367 

1.5492 

0.0803 

0.6404 

0.175 

0.825 

0.8062 

1.5166 

0.0804 

0.6453 

0.200 

0.800 

0.7746 

1.4833 

0.0806 

0.6507 

0.225 

0.775 

0.7416 

1.4491 

0.0810 

0.6567 

0.250 

0.750 

0.7071 

1.4142 

0.0814 

0.6634 

0.275 

0.725 

0.6708 

1.3784 

0.0819 

0.6710 

0.300 

0.700 

0  6325 

1.3416 

0  0836 

0.6795 

0.325 

0.675 

0.5916 

1.3038 

0.0835 

0.6890 

0.350 

0.650 

0.5477 

1.3649 

0.0846 

0.6999 

0.375 

0.625 

0.5000 

1.2247 

0.0861 

0.7123 

,  0.400 

0.600 

0.4472 

1.1832 

0.0881 

0.7363 

0.425 

0.575 

0.3873 

1.1402 

0.0906 

0.7434 

0.450 

0.550 

0.3162 

1.0954 

0.0939 

0.7607 

0.475 

0.525 

0.2236 

1.0488 

0.0990 

0.7836 

0.500 

0.500 

0.0000 

1.0000 

0.1073 

0.8095 

(»-) 


0.0001 
0.0378 
0.0737 
0.1076 

o!l674 
0.1905 


0.8667 
0.8537 
0.8405 
0.8371 
0.81.34 
0.7995 
0.7854 
0.7710 
0.7563 
0.7413 
0.7260 
0.7103 
0.6943 
0.6778 
0.6610 
0.6436 
0.6257 
0.6073 
0.5883 
0.5684 
0.5478 
0.5363 
0.5035 
0.4795 
0.4538 
0.4354 
0.3937 


p- 

s;' 

(9) 

(10) 

0.0893 

-0.0269 

0.0882 

-0.0267 

0.0873 

-0.0266 

0.0863 

-0.0266 

0.0853 

—0.0366 

0.0843 

—0.0266 

0.0831 

-0.0365 

0.0830 

-0.0365 

0.0808 

-0.0364 

0.0795 

-0.0364 

0.0781 

-0.0363 

0.0767 

-0.0362 

0.0753 

—0.0361 

0.U736 

-0.0359 

0.0719 

-0.0258 

0.0701 

-0.0256 

0.0683 

-0.0353 

0.0663 

-0.0251 

0.0641 

-0.0347 

0  0630 

—0.0244 

0.0597 

-0.0238 

0.0574 

-0.0231 

0.0553 

—0.0233 

0.0530 

-0.0314 

0.0518 

-0.0303 

0.0513 

—0.0189 

0.0530 

-0.0167 

0.0590 

-0.0176 

0.0808 

-0.0364 

+ 
(11) 


1.3406 
1.2378 
1.3351 

i;2363 

1.3239 

1.3195 

1.2158 

1.2131 

1.3081 

1.2038 

1.1994 

1.1947 

1.1898 

1.1846 

1.1793 

1.1735 

1.1676. 

1.1615 

1.1553 

1.1493 

1.1434 

1.1377 

1.1350 

1.1346 

1.1393 

1.1595 

1.2158 


Comparing  the  momeBttim  and  kinetic  energy  of  tiiis  stream  with 
what  it  would  be  if  all  the  fillets  had,  in  place  of  their  individual 
velocities,  u,  the  mean  velocity,  U,  and  calling  the  weight  of  a  unit  of 
volume  of  the  liquid  5,  the  mass  flowing  in  a  unit  of  time  across  the 

element  d  a  will  be  —  d  Q,  and  the  momentum  and  kinetic  energy 

9 
corresponding  to  the  liquid  passing  through   that  element  will  be, 

respectively, 

—  d  Q  u,  and  —  d  Q  -^. 

Replacing  d  Q  by  its  value,  u  d  a,  and  summing  these  quantities 
over  the  entire  section,  the  resulting  momentum  and  kinetic  energy 
will  be 


-  I       ir  d  (t,  and  x—    /      ii^  d  a, 
J    a  ^9  J  a 
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while,  bad  these  fillets  the  mean  velocity  U,  the  corresponding  quan- 
tities would  have  been 

~   QU,    and    ^  Q  U\ 

or,  placing  for  Q  its  value  U  a, 

—  U-  a,    and    -—-  L^  a. 
9  ^9 

Comparing  for  momentum  the  quantities    C  u^  d  a  and   ?7^  a,  and 

for  kinetic  energy  the  quantities  C  re'  d  a  and  W  a,  let  n■^  be  the  excess,. 

positive  or  negative,  of  the  individual  velocity  u  of  any  fillet  over  the 

mean  velocity  U,  that  is 

u  =  u+y, (21) 

Then  u^  ^  U-  +  2  U  u^  +  n^- (22) 

?/5  ^u^j^ZU-  Ml  +  3  C7  u{  +  »/ (23) 

Now  multiplying  (21)  by  d  a  and  integrating  over  the  entire  section  a 

y^^  u  d  a  =  U  a  -{-  J"„  u^  d  a, 
which,  from  the  definition  of  mean  velocity  (20),  gives 

/a  «i  ^  «  =  0 
Multiplying  (22)   and  (23)  by  d  a,  integrating  and  substituting  this; 
result, 

J"  ?<-  (/  a  ^^  [J-  a  -\-    p  »|-  d  a, 

f  u^  da=  C7^  a  -f-  3  U  f  u^^  d  a  -^  f  ?</  d  a, 
consequently,  the  ratio  of  the  actual  momentum  to  that  which  corre- 
sponds to  the  mean  velocity  is 

firda_          fu^^da 
U^  a     -     ~^      U^-  a    ^  ^ 

and  the  ratio  of  the  kinetic  energies 

-£4^=1  +  3^^^%!^^ (25) 

which  will  here  be  represented  by 

1  -f-  ?/  and  1  -J-  3  7/  -j-  K,  respectively (26) 

Flamant  considers  k  negligible,  but  here  it  will  not  be  so  considered. 
This  discussion  establishes  the  remarkable  fact  that  on  account  of  the 
inequality  of  velocity  in  the  fillets,  both  the  momentum  and  the  kinetic 
energy  of  the  stream  are  greater  than  they  would  be,  had  all  the  fillets 
the  same  velocity. 
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Applying  these  princiiales  to  the  problem  under  consideration,  and 
remembering  that  m  =  1,  it  has  been  shown  that 

and  _ 

£/i  =  y  c  it/ 

whence 


Substituting  Z  =  n  D,  multiplying  by  d  z,  and  changing  the  limits  of 
integration  from  D  and  0  to  1  and  0, 

U^a  =  [v,  +  Uyf  =  c  (1  4-  M)  \  provided  /  =  f. 
It  will  be  quite  as  general  to  consider  the  elliptic  head  only,  at  present, 
in  which  case  U^  a  ^=  c  JSP 

then,  by  a  simple  integration, 

7  =  3^.(2-3..)-! (28) 

and  similarly 

"  =  li^^  ^^ ""  +  ^  "■  -  ^^  +  VM^  (^  -  ^  '^^*  +  ^-  •  ^^^^ 

l  +  3r;  +  ^  =  ^.(l-»0^  +  4^3    (l-2< (30) 

Application  to  a  Stbeam  of  Indefinite  Width. 
Relation  of  f  to  e. — The  formula  for  mean   velocity  in   a   vertical 
section  has  been  shown  to  be 

U=^YJD-S{^^+M^^) (31) 

in  which  M  is  dej)endent  on  the  po^sition  of  the  axis  of  maximum 
velocity.  Should  the  case  exist  when  /  =  f ,  it  is  readily  seen  that  M 
expresses  the  ratio  of  the  mean  velocity  in  the  elliptical  head  to  the 
velocity  v^,,  this  latter  velocity  being  taken  as  1. 

Assume,  as  a  first  illustration,  that  the  maximum  velocity  in  the 
elliptic  head  is  equal  to  the  velocity  v,^.  Then  the  two  portions  of 
velocity  in  Equation  (17)  are  equal, 

whence  e  =  /  (1  —  «)" 
and  the  viscous  resistances  can  only  equal  the  frictional  resistances 
when  n  =  0,  or  when  the  axis  of  maximum  velocity  is  in  the  surface 
and  2,j  =  0.619  D.     This  is  the  condition,  and  the  only  one,  to  which 
the  ordinary  assumption  of  a  body  sliding  down  an  inclined  plane  is 
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applicable.     All  its  formulas  result  from  making  «  =  0  in  Equations 
(15)  to  (19);  and,  from  Eqviation  (10),  J/ would  become  -r-- 

Supi^ose,  as  a  second  case,  and  a  common  case  of  observation,  that 
the  mean  velocity  in  the  head  is  two-thirds  of  that  of  v^  (which,  by  the 
way,  is  similar  to  the  pipe  formula),  then,  in  Equation  (31)  there  must 

exist  the  relation  -rr.j-^  =  ^^ .    — ,  whence  /  =       -^^. 

If  /  =  F.,  then  must  result  M  =  |.  But,  from  Table  No.  1,  this 
value  of  J/ corresponds  to  a  depth  of  axis  at  two-tenths  nearly,  and 
2„  =  0.651  B. 

If,  as  a  third  case,  the  maximum  velocity  lies  at  0.1  depth,  then,  if 
f  =  £,  the  mean  velocity  in  the  head  is  equal  to  0.726  v„,  or,  the  maxi- 
mum velocity  in  the  head  equals  0.9  v^,  with  z„  ==  0.632  D. 

From  these  and  similar  results  the  following  general  deductions 
are  apparent. 

1.— Pulsation,  or  rise  and  fall  of  mean  and  maximum  velocity  in 
rivers,  is  caused  by  the  variation  of  temperature  in  the  water,  which 
causes  different  degrees  of  viscosity  between  the  filaments,  and  the 
pulsations  themselves  are  due  to  the  struggle  for  equality  between  the 
resistances  due  to  viscosity,  and  those  due  to  fluid  friction  in  the  bed 
and  sides  of  the  stream. 

2. — It  follows  that  the  axis  of  maximum  velocity  is  not  always 
necessarily  in  the  geometrical  center  of  a  pipe.* 

3. — If  viscosity  be  constant  for  a  given  temperature,  it  woiild 
follow  that  in  a  rough  channel  the  elliptic  head  would  be  relatively 
longer  than  in  a  smooth  channel,  although  the  total  motion  would  be 
less,  not  understanding,  in  this  connection,  roughness  as  creating 
eddies  and  absorbing  energy,  but  rather  one  the  coefficient  of  friction 
of  which  is  higher. 

Eelation  of  Mean  to  Mid-Depth  Velocity. — Considering/  =  e,  the  three 
cases  above-named  give  nearly  the  same  result  in 
V  1  +  M 


In  Case  1,  n  ■■ 
2,  n 


ViD        l  +  iys- 

—  4:71 

=  0,       M^^, 

Eatio  =  0.9568 

=  0.2,    M  =  l, 

"      =  0.9573 

=  0.1,    M  =  0.726, 

"       =  0.9557 

*  "Experiments  at  Detroit,  Mieli.,  on  the  Effect  of  Curvature  Upon  the  Flow  of 
Water  in  Pipes."    Transactions,  Am.  Soc.  C.  E.,  Vol.  xlvii,  pp.  31  and  67. 
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Major  Alexander  Mackenzie,  in  his  "Current  Meter  Observations 
in  the  Mississippi,"  in  which  the  curves  were  determined  by  simul- 
taneous observations  on  six  meters  in  a  vertical,  found  for  his 
average  result:  Eatio  =  0.958. 

But,  should  /  not  equal  e,  this  ratio  would  be  far  from  constant. 

It  follows  that  the  5-ft.  depth  rule  of  Humphreys  and  Abbot,  and 
also  all  rules  depending  on  single  surface-velocity  observations,  are 
but  approximate. 

Application  to  Channels  of  Limited  Width. — While  not  difficult  to 
form  the  elementary  equations,  which,  under  the  present  theory, 
would  take  the  general  form 


/v  d  V         V  d  v\  ,„,         „>, 


they  would  in  general  be  very  difficult  to  integrate,  and,  as  the 
hydraulic  radius  can  be  substitixted  for  I)  in  the  'formulas  as  here 
given,  within  the  limits  of  practice,  and  without  exceeding  the  allow- 
able error  of  observation,  such  development  will  not  be  here 
attempted. 

Transverse  Curves. — All  transverse  curves  will  evidently  be  of  a 
general  elliptic  form,  modified  by  the  conditions  in  the  last  paragraph, 
usually  having  two  different  branches  in  natural  streams,  meeting 
tangentially  over  the  curve  of  maximum  velocity,  and  will  be  largely 
influenced  by  the  figure  of  the  bed,  as  has  been  announced  by  all 
careful  experimenters.  Major  Cunningham,  in  his  "Eoorkee  Experi- 
ments," considered  them  to  be  quartic  ellipses. 

Justification  of  the  Elliptic  Form  by  Experiment. — As  it  is  easy  to  mul- 
tijsly  comi^arisons,  there  will  be  but  one  curve  figured  here.  This  is 
taken  at  random  from  Major  Mackenzie's  "  Current  Meter  Observations 
in  the  Mississii^pi, "  being  his  No.  24,  which  gave  the  result  of  reading 
six  meters  operated  simultaneously  for  27  consecutive  minutes,  regis- 
tered electrically,  and  which,  if  the  wi'iter  errs  not,  were  undertaken 
as  a  result  of  the  discussion  on  the  paper*  by  the  late  James  B. 
Francis,  M.  Am.  Soc.  C.  E.,  entitled  "On  the  Cause  of  the  Maximum 
Velocity  of  Water  Flowing  in  Open  Channels  being  below  the  Surface." 

The  calculations  involved  in  the  foregoing  are  as  follows :  The  maxi- 
mum velocity  is  evidently  around  a  depth  of  3.6  ft.  Assume  vi  =  0.175 
or  3.78  ft.     Then  z„  =  0.6453  D  =  13.938  ft.     For  n  =  0.175  and  f  =  e. 


Transactions,  Am.  Soc.  C.  E.,  Vol.  vii,  pp.  109, 
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Ui  =  0.678  i\,  and  also  V^^^.^^^^  equals  1.825  v,,  =  2.401,  whence  v„  = 
1.315,  from  which  V  =  1.086.  Placing  this  in  Equation  (4),  with 
D  =  21.6,  and  adding  v^.  to  each  result,  the  last  column  of  Table 
No.  2  results. 

TABLE  No.  2. 


D. 

Experimental  result. 

Mackenzie's  deductions. 

Present  theory. 

0 

3.6 
6.6 
9.6 
12.6 
15.6 
18.6 
21.6 

■2;40i 
3.375 
2.370 

2.271 
2.103 
1.646 

2.361 
2.401 
2.394 
2.352 
2.267 
2.096 
1.846 
0.94 

2.374 
2.401 
2.386 
2.341 
2.260 
2.128 
1.918 
1.315 

Mean 
Mid-depth 

2.186 
2.328 

2.206 
2.312 

CURVE  OF  KINETIC  ENERGY 

IN  A  STREAM  OF  UNLIMITED  WIDTH. 

ELLIPTICAL  THEORY.       "HEAD"   ONLY. 


Mackenzie  found  n  =  0.2,  nearly,  or  4.2   ft.,  with  2„  =:  14.32   ft. 
Humphreys  and  Abbot's  rule  gave,  for  value  of   U,  2.260  ft.      Here, 
without   trial   curve   or    preparation,  the    calculation  gives  as  close 
results   as   the    more   elaborate 
method,  having  for  data  simply 
the  total  depth  of  the  stream, 
together  with  the  value  of  the 
maximum  velocity  and  its  depth. 
Although  the  formula  is  a  slope 
formula,     the     curve     may     be 
quickly  determined  from  a  few 
observations 

Relation  of  Momentum  and  Kinetic  Energy. — In  Fig.  5  is  plotted  the 
curve  of  kinetic  energy  due  to  variation  of  velocity  in  the  head  only, 
for  a  stream  of  unlimited  width,  as  calculated  in  Table  No.  1,  the 
abscissas  being  the  depth  of  axis  expressed  in  jjarts  of  depth,  and  the 
ordinates  the  values  of  the  kinetic  energy,  1  -}-  3  7/  -}-  x. 

This  curve  shows  that  the  kinetic  energy  of  the  stream  decreases 
as  the  axis  lowers,  and  the  position  of  this  axis  has  been  shown  to  de- 
pend upon  the  relation  between  viscosity  and  the  bed  friction,  31  ex- 
pressing the  ratio  of  the  mean  velocity  in  the  head  to  that  of  v,^, 
assuming  that  the  resistance  at  the  surface  is  the  same  as  that  be- 
tween the  fluid  fillets.     As  the  kinetic  energy  is  thus  shown  to  de- 
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■crease  as  the  axis  falls,  it  can  be  stated,  although  the  limits  are 
ill-defined,  that: 

On  account  of  the  principle  of  the  least  expenditure  of  energy,  and 
Tinder  normal  conditions  as  to  temperature  of  water  and  bed  friction, 
the  axis  of  maximum  velocity  should  be  found  below  the  surface,  but 
should  never  exceed  about  0.4:'25  depth,  the  actual  depth  depending 
solely  upon  the  relation  of/ to  s. 

The  value  of  77  in  Table  No.  1  should  be  multiplied  by  the  square 
of  the  ratio  of  the  mean  velocity  in  the  head  to  the  total  mean  velocity, 
and  that  of  >i  by  the  cube  of  the  same,  or,  what  is  the  same  thing  when 

/  =  £,  by   (  Y"- — jr.)     and  (  ,)    ,  respectively,  for  the  true  values 

2 
of  ?;  and  n.    Thus,  in  the  second  illustration,  when  31  =  ^,  taking/  =  s, 

it  is  readily  found,  that 

»  =0.193;  ?7„  =  0.5534;  F=  0.4466;  v,-,+  F=l;  C' =  0.9223;  f.^i  =  0.3689. 

Then    (^imy  =0.16  and- (nil)     =0.064,  whence,  as  from  Table 

No.  1,  r/  =  0.0682  and  k  =  —  0.0253,  the  correct  values  become, 
u  =  0.0682  X  0.16  =  0.0109;  h  =  0.0253  X  0.064  =  —0.0016;  and 
I  -^S  T?  -{-  n  =  1.0311  instead  of  1.1793,  as  in  the  table,  which  is  the 
least  energy  that  could  be  developed  under  the  conditions,  as  com- 
pared with  that  developed  by  the  stream  had  all  the  fillets  the  mean 
velocity  U.  It  is  apparent  from  the  curve  of  energy  that  this  is  less 
than  it  would  have  been  were  the  maximum  velocity  in  the  surface. 

General  Remarks. — Whatever  the  form  of  the  cur\«e  of  velocity  may 
be,  and  some  of  the  preceding  deductions  are  independent  of  this  form, 
or  of  the  writer's  particular  assumption  as  to  viscosity,  it  seems  as  if 
it  should  possess  two  properties:  Its  branches  should  be  tangent  over 
the  point  of  maximum  velocity,  and  it  should  terminate  tangentially 
to  the  bed.  It  would  seem  that  a  curve  abruptly  cut  off"  at  the  bed 
should  sliiJ  along  it.  It  is  hard  to  conceive  the  fluid  torn  ajjart  as 
would  be  required  by  parabolas,  hyperbolas,  etc.,  although,  on  the 
supposition  here  made  that  /  =  £,  the  resistances  would  insensibly 
glide  into  each  other.  The  ellipse  seems  to  be  the  proper  curve,  as 
other  essential  requisites  are  lacking  in  the  circle.  Navier's  theory  re- 
quires a  parabola.  The  writer  expressed  the  belief  (but  will  not 
strongly  insist  upon  it)  that  the  Poiseuille  coefficient  of  viscosity  was 
based  on  an  improper  theory,  for  the  reason  that  the  experiments  were 
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carried  on  with  capillary  tubes,  and  it  was  thought,  when  the  remark 
was  made,  that  the  coefficient  found  was  rather  that  of  friction  on  the 
sides  of  the  pipe  than  that  of  viscosity,  capillary  attraction  practically 
annulling  the  "  dome." 

This  theory  and  that  in  the  previous  paper  can  readily  be  made  to 
apply  to  orifices  and  weirs,  as  well  as  to  pipes  and  channels,  avoiding  the 
necessity  of  "  coefficients  of  contraction."  For  instance,  in  a  circular 
orifice  with  sharp  edges,  v^  would  be  necessarily  zero.  The  volume  in 
the  elliptic  head,  and  consequently  Q,  would  then  be,  as  a  maximum, 
Q  =  |v/2  g  h,  the  area  being  unity.  This  would  be  modified  by  s 
only.  Assuming  a  coefficient  of  velocity  of  0.985,  there  is  obtained 
§  =  0.6566  \/ 2  ^  A,  agreeing  exactly  with  Boussinesq's  deduction  by 
an  intricate  method  of  approximation,  v^  would  not  be  0  in  the 
standard  tube,  hence  Q  would  be  greater.  This,  however,  is  foreign 
to  the  subject. 

Final  Summary. — The  foundation  of  this  paper  is  the  discovery  of 
the  law,  hitherto  not  recognized,  that  the  motion  of  fluids  is  the 
result  of  pressure  on  the  end  section,  and,  consequently,  each  indi- 
vidual fillet  moves  under  the  action  of  a  force  which  is  equal  to  its 
weight,  but  is  applied  at  its  end,  and  owes  nothing  to  the  weight  of  the 
fillets  surrounding  it.  Consequently,  an  axis  of  maximum  velocity 
may  be  established  at  any  point  in  the  section  around  which,  or 
parallel  to  which,  the  fillets  may  flow  with  the  same  velocity. 

With  definite  air  resistance,  the  curve  might  be  modified  above  this 
axis,  but,  considering  this  resistance  as  a  fluid  resistance,  the  curve 
of  velocity  may  be  referred  solely  to  viscosity  and  bed  friction,  with 
the  results  as  hereinbefore  given. 

The  assumption  as  to  the  law  of  \dscosity  gives  a  form  of  equation 
such  that  the  laws  of  motion  may  be  readily  traced,  and  seems  to  agree 
well  with  experiment,  and  while  many  careless  readers  may  see  in  the 
results  nothing  but  the  v  :=  c  ^M  S  formula,  no  similarity,  except  as  to 
form,  will  be  found  if  they  will  follow  the  line  of  reasoning. 

It  may  be  stated  that  in  the  case  of  a  bed  so  smooth  that/  becomes 
0,  the  first  term  of  Equation  (15)  would  be  neglected  as  indeterminate, 
the  viscous  resistances  still  remaining  as  a  resistance  to  flow,  revert- 
ing to  a  case  somewhat  similar  to  a  sharp-edged  orifice  in  which  the 
velocity  lies  entirely  in  the  elliptic  head  and  t\j  is  zero. 

This  discussion  does  not  apply  to  floods  where  constant  surface 
supplies  are  added  to  the  stream. 
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It  may  be  finally  stated  that  Bernotiilli's  Theorem  was  fouglit 
bitterly  before  it  was  finally  accepted  as  established.  This  may  be, 
but  the  writer  sees  no  other  way  to  prove  the  actual,  established  fact, 
which  all  the  theory  in  the  world  cannot  controvert,  that  the  axis  of 
maximum  velocity  in  an  open  stream  is,  in  the  great  majority  of  cases, 
below  the  surface. 

It  will  undoubtedly  be  asked,  "If  the  motive  force  is  not  due  to 
the  weight  of  the  liquid  itself,  where  does  it  come  from?  "  The  reply 
to  this  is,  that  it  is  due  to  atmospheric  pressure.  It  has  been  assumed 
that  the  resistance  between  the  air  and  the  moving  liquid  is  of  the 
nature  of  viscosity,  that  is  to  say,  that  the  air  in  contact  with  the 
liquid  surface  moves  with  it,  in  contradistinction  to  the  immovable 
bed.  But  it  does  not  follow  that  the  upper  layers  of  air  follow  any 
such  law.  Replacing,  therefore,  the  atmospheric  pressure  on  the 
surface  by  the  height  shown  by  barometers  of  the  same  kind  of  liquid 
as  that  considered,  the  barometers  at  the  two  ends  of  the  section 
would  act  independently,  and  the  difference  in  pressure  would  be 
equal  to  the  height  of  a  column  of  the  liquid  considered,  due  to  the 
slope  of  the  surface.  This  considers  a  channel  as  a  jjipe  with  one 
fixed  and  one  movable  wall.  The  resistance  overcome  is  measured  by, 
but  not  caused  by,  the  weight  of  water  contained  in  it.  The  ordinary 
assumption  would  then,  strictly,  require  the  axis  of  .maximum  velocity 
to  be  always  above  the  surface. 

In  one  or  two  instances,  the  writer  has  simj^ly  said  weight,  when 
"  component  of  the  weight  in  the  direction  of  motion"  should  have 
been  used,  but  trusts  the  context  will  render  the  meaning  plain,  and 
avoid  confusion. 
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DISCUSSION. 

Mr.  Herschel.  Olemens  Hekschel,  M.  Am.  Soc.  C.  E.  (by  letter). — Civil  Engi- 
neering has  been  defined,  by  what  is  generally  accepted  as  the  best 
definition  extant,  as  "  the  art  of  directing  the  great  sources  of  power  in 
Nature  for  the  use  and  convenience  of  man."  Let  this  stated  object  of 
the  art  at  any  time  disapi)ear  or  become  secondary;  let  an  investigation 
cease  to  hold  primarily  in  mind,  and  fixedly  tend  toward  "  the  use  and 
convenience  of  man, "  and  the  discussion  at  once  passes  from  the  domain 
of  civil  engineering  to  that  of  pure  science,  and  from  that  of  civil  engi- 
neers to  that  of  savants  or  physicists.  This  is  not  saying  that  the 
pursuit  of  science  for  science's  sake,  or  as  a  form  of  recreation,  has  not 
a  proper  jilace  in  the  world's  development,  but  in  this  same  world  in 
which  printing  has  now  become  so  cheap  or  ready  of  accomplishment, 
and  in  which  so  much  is  in  fact  printed,  it  behooves  civil  engineers  to 
stand  ready  to  apply  the  touchstone  of  utility,  or  at  least  of  the  direct 
tendency  toward  j^roximate  utility,  to  any  article  they  may  meet,  if 
they  wish  to  recognize  and  select  their  very  own. 

The  hydraulic  engineer  has  presumably  offered  him  as  much  purely 
scientific  dissertation  as  any  other  member  of  the  greater  profession  of 
engineering,  and  yet  stands  in  great  need  of  work  directly  tending  to 
advance  his  especial  art,  and  it  is  as  deploring  a  diversion  of  admirable 
forces  from  his  own  line  of  work  to  that  of  pure  science,  or  of  specu- 
lation, that  he  must  view  so  much  that  is  printed  on  hydraulic 
subjects. 

These  remarks  have  been  instigated  by  the  search  among  engi- 
neers just  now  for  such  things  as  "  velocity  curves  "  within  pipes,  and 
in  open  channels,  when  the  real  "use  and  convenience  of  man," 
demands  rather  more  and  better  means  for  measuring  quantities,  and 
when  it  has  been  repeatedly  shown  that  the  search  for  curves  of  velocity 
does  not  lead  to  means  of  gauging  streams  of  water.  At  the  same  time, 
means  of  measurement  already  devised  are  calling  loudly  for  further 
experiment  to  perfect  them,  and  the  use  and  convenience  of  man  would 
also  welcome  better  such  means  to  supplant  those  now  practiced,  if 
such  can  be  devised.  Savants  there  are  a  plenty,  and  there  is  no  especial 
demand  for  engineers  to  encroach  ujion  their  specific  domain.  But  if 
they  do  choose  this  line  of  work,  let  it  be  recognized  as  not  being 
engineering. 

Again:  Whenever  the  engineer  neglects  to  have  direct  and  proximate 
utility  in  mind,  it  appears  to  tend  to  aff"ect  the  correctness  of  his 
premises.  Especially  does  this  appear  to  be  true  in  hydraulics,  where 
for  fifty  years  or  more  we  have  had  "fillets,"  and  "filaments,"  and 
"  sliding  friction,"  and  "  curves  of  velocity,"  dinned  into  the  student  of 
engineering,  until  the  engineer  has  been  led  by  the  savants  to  live  and 
think  in  and  of  a  world  of  water  that  has  no  existence,  and  now  cannot, 
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without  the  spur  of  an  endeavor  primarily  to  be  useful  to  his  fellow  Mr.  Herschel. 
man,  shake  off  the  allurements  of  an  intoxicating  mere  pursuit  of  yet 
more  science.  This  may  be  illustrated  from  the  i:>aper  under  dis- 
cussion, although  the  writer  hastens  to  state  that  he  thinks  it  no 
worse  in  this  respect  than  very  many  others;  yes,  no  worse  than 
most  others  of  the  present  day,  and  he  wishes  to  apologize  to  the 
author  of  the  paper  referred  to,  for  having  selected  his  particular  essay 
as  the  one  to  furnish  the  immediate  object  of  the  present  adverse 
criticism.  It  is  a  most  admirable  discussion  in  itself,  and  would  be  a 
step  toward  progress,  except  that  it  lacks  foundation,  by  reason  of  false 
premises,  like  the  others  spoken  of. 

"As  a  i)reliminary  step  (says  the  author),  let  it  be  assumed  that 
uniform  motion  exists  in  the  stream,  meaning  by  this  that  the  motion 
along  each  fillet  is  uniform  and  parallel  to  the  longitudinal  axis  of  the 
stream,  and  that  the  total  resistance  to  motion  is  composed  of  two 
entirely  different,  yet  mutually  dependent,  classes  of  resistance,  one 
being  the  so-called  friction  along  the  bed  and  sides  of  the  stream,  the 
other,  the  internal  resistances  in  the  liquid  itself,  or  the  so-called 
viscosity." 

Upon  which,  the  writer  ventures  to  affirm  that  there  is  no  use  of 
reading  any  further.  Any  edifice  built  on  such  a  foundation  needs  but  a 
breath  to  cause  it  to  crumble  into  the  dust.  No  such  described  fluid  ex- 
ists on  the  face  of  the  earth,  and,  conversely,  no  formula  thus  developed 
can  be  applicable  (unless  by  empiricism)  to  fluids  found  on  the  earth. 
Water  no  more  flows  in  lines  parallel  to  the  axis  of  the  stream,  no  more 
slides  along  in  layers  represented  by  the  customary  "velocity  curves  " 
and  having  the  resistance  of  viscosity  between  those  layers,  then  would 
the  contents  of  a  feather  bed  floating  down  the  street  in  a  gale  of  wind. 
Of  this  we  have  recorded  experimental  proof,  and  anybody  can  repeat 
the  experiment,  or  go  out  into  the  open  and  acquire  conviction  by 
looking  at  water  flowing  in  a  canal;  or  observe  it,  mixed  with  amber 
dust,  flowing  through  a  glass  tiibe.  Eeferring,  in  this  connection,  to 
the  writer's  treatment  of  the  general  subject  now  under  consideration,* 
the  following  extract  will  describe  the  experimental  proof  above  spoken 
of,  that  water  flowing  in  a  closed  conduit  cannot  properly  be  described 
as  flowing  in  concentric  rings  or  layers. 

"In  the  December,  1893,  number  of  the  Transactions,  Am.  Soc. 
C.  E.,  is  an  article  by  G.  H.  Benzenberg,  M.  Am.  Soc.  C.  E.,  on  the 
'  Sewerage  System  of  Milwaukee  and  the  Milwaukee  Eiver  Flushing 
Works.'  This  able  engineer,  after  completing  the  discharge-sewer 
12  ft.  in  diameter  and  2  531:  ft.  long,  for  the  latter-described  works, 
was  anxious  to  know  its  volume  of  discharge  under  various  conditions. 
As  both  ends  of  it  are  submerged,  he  hit  upon  the  expedient  of 
measuring  the  velocity  of  the  water  through  it  by  injecting  suddenly 
two  ounces  of  red  eosine,  dissolved  in  one  quart  of  water,  into  the 
sewer  at  one  end,  and  noting  the  discharge  of  this  colored  water  half 

*"115  Experiments  on  the  Carrying  Capacity  of  Large,  Riveted,  Metal  Conduits," 
John  Wiley  &  Sons,  1897,  Chapter  vii. 
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Mr.  Herschel.  a  mile  farther  down-stream.  He  was  enabled  to  do  this  with  accuracy, 
because  'the  color  was  readily  perceptible  at  the  outlet,  and  was 
never  distributed  over  a  length  of  more  than  7  to  9  ft.,  being  about  i 
of  1%  of  the  length  of  the  tunnel,  the  center  of  which  was  taken  as 
the  jjoint  observed.  The  compactness  of  the  coloring  matter  showed 
that  the  velocity  was  practically  uniform  at  all  points  in  the  cross- 
section  of  the  tunnel,  which  again  in  itself  was  very  u.niform  through- 
out the  entii-e  length  of  the  tunnel.'  Nevertheless,  a  4  x  6  in.  block 
18  ins.  long  was  found  spiked  to  the  interior  on  inspection  of  the 
tunnel  the  next  spring. 

Let  us  add  that  in  these  ten  experiments  of  discharge  the  mean 
velocity  ranged  from  3.9  to  6.9  ft.,  and,  that  nothing  might  be  lacking 
to  prove  the  ordinary  conditions  of  flow,  that  the  computed  coefheient 
in  ?5  =  c  .y^  ranged,  with  the  velocity,  from  122.7  to  137.3.  Here 
we  have  the  truth  about  flowing  water,  and  a  truthful  representation 
of  how  it  flows.  A  body  of  it  equal  in  length  to,  say,  half  the  diameter 
of  the  pipe  stays  together,  though  riddled  and  seething  with  internal 
motion,  for  tbe  distance  of  half  a  mile,  or  for  from  6  minutes  4  seconds 
to  10  minutes  52  seconds,  and  no  doubt  for  a  much  longer  space  and 
time  in  actual  practice  in  straight  channels." 

Suppose  that  there  had  been  a  "  scale  of  velocities  "  and  "velocity 
curves  "  in  this  sewer,  such  as  are  generally  supposed  to  exist  and  are 
pictured  in  books  and  essays;  and  make,  for  purposes  of  illustration, 
the  reasonable  assumption  that  the  maximum,  mean  and  minimum 
velocities,  as  usually  determined,  had  been  6,  5  and  4  ft.  per  second ; 
then  in  passing  over  2  534  ft.  of  conduit,  the  colored  head  of  the 
center  "filament"  would  have  passed  the  down-stream  goal  in  422 
seconds.  At  that  moment  the  colored  heads  of  the  filaments  of 
minimum  velocity  would,  however,  have  traversed  only  1  688  ft.,  and, 
consequently,  we  should  have  had  a  paraboloid  of  revolution  846  ft. 
long,  colored  by  the  red  eosine,  whei'eas,  Mr.  Benzenberg  states  that, 
"the  color  *  *  *  was  never  distributed  over  a  length  of  more 
than  7  to  9  ft. " ;  that  the  coloring  matter  was  compact,  and  that  its 
observation,  diffused  throughout  a  mass  of  water  of  that  length, 
served  perfectly  to  determine  the  mean  linear  velocity  of  the  mass. 

Now  then,  investigators  of  hydraulic  problems  miist  either  pro- 
duce a  stream  of  water  long  drawn  out,  after  the  fashion  of  molasses 
candy  at  a  "candy-piilling,"  as  they  have  represented  them,  or  else 
they  shoiild  stop  talking  about  straight-line  filaments  and  their 
accompanying  "velocity  ciirves,"  and,  above  all,  should  cease  to  put 
the  idea  of  such  filaments  and  curves  into  the  premises  of  their 
investigations,  and  then  use  these  premises  as  the  basis  for  the  deter- 
mination of  formulas.  They  should  also  cease  to  make  these  fancied 
curves  the  object  of  their  investigations,  when  working  as  civil  engi- 
neers, for  it  has  been  abundantly  shown  by  150  years  of  such  work 
that  such  investigations  are  mere  recreations,  and  do  not  lead  to 
methods  of  gauging  or  to  formulas  for  computing  the  discharge  of 
water.  They  cannot  be  useful,  because  they  are  the  mere  products  of 
fancy,  and  have  no  existence  at  any  one  moment  of  time. 
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The  truth  of  the  matter  probably  is,  that  a  particle  of  water  at  one  Mr.  Herschel. 
moment  on  the  circumference  of  the  tube  section,  is,  a  fraction  of  a 
second  later,  in  the  axis  of  the  tube,  and  I  second  later  may  be  on  the 
circumference  again,  and  these  subsidiary  currents  of  water  constantly 
impinge  against  the  walls  of  the  tube,  to  be  thence  repelled,  and  again 
repelled  elsewhere  from  the  tube,  the  whole  mass  meanwhile  moving 
in  the  direction  of  the  current,  and  it  is  probably  during  or  by  reason 
of  this  process  of  the  impinging  of  these  subsidiary  currents  against 
the  walls  of  the  channel,  that  the  varying  retardation  of  different  sur- 
faces of  tubes  is  produced.  This  would  also  explain  why  experiments 
made  with  geometric  cylinders,  are  of  but  limited  application  to  j)ipes 
such  as  are  found  in  practice,  with  joints,  branches,  gates  and  similar 
irregularities,  and  why  general  laws  cannot  be  derived  from  experi- 
ments conducted  on  irregularly  formed  conduits;  and  may  produce  in 
the  mind  the  necessary  conception,  for  purposes  of  grasping  the  whole 
situation,  of  the  uniform  averages  of  a  multitude  of  chance  effects 
having  been  mistaken  for  the  uniform  action  of  the  physical  law  of 
flowing  water. 

Take  10  000  names  from  the  New  York  City  directory,  and  let  their 
owners  shoot  at  a  target  at  200  yds.,  and  they  will  score  a  certain 
number  of  points.  Then  take  10  000  more  such  names,  and  the  same 
process  will  result  in  practically  the  same  score.  But  this  does  not 
establish  any  law  of  projectiles  or  of  gunnery;  only  the  law  of 
averages  of  chance  results.  Similarly,  the  presence  of  nearly  the 
same  component  of  velocity  parallel  to  the  axis  of  the  channel,  at  any 
jjoint  in  the  cross-section  of  a  stream  of  water,  at  consecutive  intervals 
of  time,  does  not  represent  physical  law,  only  the  law  of  averages 
applied  to  chance  effects.  And  "  curves  of  velocity  "  are  still  less 
recognizable  as  symptoms  of  natural  law. 

Again,  why  seek  for  "curves  of  velocity"  and  pass  from  them  to 
the  determination  of  quantity,  when  quantity  of  discharge  is  the  true 
aim  and  object,  and  may  be  sought  directly?  No  one  would  think  of 
torturing  a  |-in.  pipe,  and  the  flow  of  water  through  it,  and  writing- 
voluminous  reports  of  a  season's  operations  of  a  party  of  engineers 
on  siTch  a  pipe,  to  determine  its  discharge,  but,  instead,  would  put  on 
a  meter.  Precisely  the  same  thing  can  be  done  these  fifteen  years  in 
the  case  of  pipes  of  any  diameter,  and  for  a  mere  fraction  of  the  cost 
incurred  by  any  other  process  of  determining  such  discharges*.  A 
self-recording  apparatus  permits  of  keeping  a  perpetual,  continuous 
record  of  such  discharges ;  surely  enormously  better  for  all  practical 
purposes — for  any  j)urpose  tending  to  the  use  and  convenience  of 
man — than  a  solitary,  few,  pictured,  imaginative  gaugings  by  means  of 
Pitot  tubes  or  current  meters. 

*  "  115  Experiments  on  the  Carrying  Capacity  of  Large,  Riveted,  Metal  Conduits," 
John  Wiley  &  Sons,  1897,  Note  C.  Merriman's  "  A  Treatise  on  Hydraulics,"  John  Wiley 
&  Sons,  1895;  Article  71.     Transactions,  Am.  Soe.  C.  E.,  November,  1888. 
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Mr.  Hersche!.  The  liytlraiilic  method  used  in  the  Venturi  meter,  above  referred 
to,  is  also  applicable  to  the  determination  of  weir,  and  of  orifice,  dis- 
charges, and  in  the  writer's  opinion  should  be  adopted,  to  the  exclu- 
sion of  all  ordinary  coefficients  now  iised,  to  determine  such  dis- 
charges. An  article*  on  this  subject  by  the  writer,  entitled:  "The 
New  Hydraulics,"  is  referred  to,  in  connection  with  this  discussion. 

It  argues  for  the  abandonment  of  the  mixture  of  hydrostatics  and 
of  hydraulics  now  followed  in  weir  and  orifice  discharge  gaugings, 
and  for  the  substitution  of  measurements  to  be  based  wholly  on  the 
hydraulic  data  obtainable  in  each  case.  Thus:  instead  of  seeking 
for  a  water  height  to  be  taken  as  the  equivalent  of  "still  water" 
up  stream  from  a  weir,  or  taking  this  water  height  at  a  designated 
point  in  a  designated  manner,  and  then  correcting  it  by  computa- 
tion for  "velocity  of  ajjproach,"  let  the  eff'ective  water  height  be 
indicated  hydraulically,  or  by  water  in  motion,  and  already  prop- 
erly affected  by  the  shape  of  the  weir  edge,  etc. ;  in  other  words, 
let  it  be  indicated  by  piezometer  tubes  set  in  the  j^lane  of  water 
discharge,  as  has  been  done  in  a  preliminary  and  tentative  man- 
ner by  Inspector  General  Bazin,t  and  commended  by  him  for  future 
experiments. 

A  set  of  experiments  on  the  discharge  of  nozzles,  J  made  by  John 
R.  Freeman,  M.  Am.  Soc.  C.  E.,  is  of  similar  character,  and  there, 
again,  the  observations  were  made  on  the  hydraulic  data  of  the  case, 
not  on  its  hydrostatics.  All  coefficients  found  by  means  of  this  method 
of  observation,  whether  for  the  Venturi  meter,  by  water-pressure ' 
tubes  set  in  the  body  of  the  crest  of  a  weir,  or  as  in  the  case  of 
nozzle  discharge,  have  a  very  much  smaller  range  of  values,  that 
is,  are  very  many  less  in  number,  than  usually  found  at  the  pres- 
ent day,  when  the  hydrostatic  conditions  of  the  case  are  taken  into 
account. 

The  same  would  no  doubt  be  true  for  the  cases  of  any  and  all  forms 
of  discharge  through  orifices,  the  computation  of  which  is  now  nigh 
wholly  imjDracticable,  so  numerous  are  the  recorded  coefficients,  and 
so  still  more  numerous,  nevertheless,  are  the  peculiar  cases  coming 
up  for  computation. 

The  determination  of  the  new  coefficients  described  in  this  article  is, 
therefore,  much  to  be  desired,  in  the  interests  of  an  advance  in  the 
pursuit  of  hydraulics  as  a  part  of  civil  engineering,  and  promises  to 
lead  to  many  new  discoveries. 

The  fact  is,  that  the  world  to-day  has  a  surplus  of  experiments 
recorded  in  it.  After  centuries  of  striving  after  the  attainment  of  ex- 
perimental knowledge,  and  for  the  introduction  of  the  experimental 

*  Engineering  News,  November  10th,  1898. 

t  Annales  des  Fonts  et  Chaussees,  2d  Trimestre,  1898. 

t  Transactions,  Am.  Soc.  C.  E.,  Vol.  xxi,  p.  303;  Vol.  xxiv.,  p.  493. 
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method  in  study,  there  has  come  an  abuse  of  the  experimental  method  Mr.  Herschel . 
of  acquiring  knowledge.  Herbert  Spencer  has  said  somewhere  that : 
"The  value  of  an  experiment  depends  ui^on  the  skill  of  the  experi- 
menter," and,  he  might  have  added  also,  upon  his  general  and  execu- 
tive discernment  and  abilities.  Unless  a  stop  be  put  to  the  piling  up 
of  the  records  of  experiments  undertaken  without  correct  aim,  and 
with  mistaken  zeal  in  wrong  directions,  the  facts  of  Nature  will 
soon  be  much  more  readily  arrived  at,  in  any  desired  direction,  by  seek- 
ing them  directly  from  Nature,  than  by  looking  for  them  in  tomes  of 
human  lore.  Indeed,  that  day  has  already  come  to  many  an  earnest 
seeker  for  objects  of  practical  worth;  for  many  an  engineer  seeking  to 
advance  his  art  for  the  use  and  convenience  of  man. 

To  resume: 

Engineers  are  the  votaries  of  an  art,  which  has  for  its  object  the 
furthering  of  things  and  methods  that  serve  for  the  use  and  convenience 
of  man. 

They  should  make  that  object  the  aim  of  the  direct  tendency  of 
their  work,  and  the  criterion  of  its  fitness  for  the  exercise  of  their 
energies.     There  is  ample  work  of  that  kind  waiting  to  be  taken  up. 

Any  diversion  from  it,  in  lines  of  purely  scientific  recreation,  or  of 
the  satisfying  of  curiosity,  belongs  in  the  domain  of  physicists,  and 
engineers  are  interlopers  in  it,  and  wasters  of  their  much-needed 
energies  in  their  own  particular  field. 

The  perfection  of  methods  for  the  gauging  of  streams  of  water  in 
pipes  and  channels  is  such  a  field  that  calls  for  the  labors  of  the  civil 
engineer. 

It  cannot  be  furthered  by  disquisitions  on,  or  experiments  on 
"curves  of  velocity"  in  such  streams  of  water,  and  such  curves  of 
velocity  do  not  exist  as  the  result  of  i^hysical  laws. 

The  search  for  formulas  of  flow  of  water  in  channels,  to  be  effective, 
must  be  conducted  with  a  true  foreknowledge  of  the  natvire  of  such 
flow,  and  too  much  care  cannot  be  taken  in  basing  such  a  search  and 
such  computations  on  jDremises  that  are  absolutely  unimpeachable. 

In  practical  hydraulics,  experiments  "with  channels  of  geometrically 
perfect  form  yield  results  that  are  only  approximately  applicable  to 
the  more  or  less  irregular  channels  that  are  met  with  in  practice; 
and  experiments  made  with  irregular  channels  do  not  yield  results 
that  are  closely  applicable  to  channels  of  only  slightly  differing 
imperfections,  nor  to  the  development  of  general  laws. 

I.  P.  Church,  Assoc.  Am.  Soc.  C.  E.  (by  Jetter). — The  author  has  Mr.  Church, 
evidently  adopted  as  the  basis  of  treatment  the  "  laminar  hypothesis," 
or  assumption  of  flow  in  pleme  layers  parallel  to  the  bed  (in  this  case 
of  uniform  motion  of  water  in  a  rectangular  channel  of  great  width), 
each  layer  moving  parallel  to  the  bed  with  a  constant  velocity,  v„  -{-  v; 
where  v^  is  the  velocity  of  the  bottom  layer  (or   "  filament  ")  and  v  the 
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Mr.  Church,  excess  of  the  velocity  of  any  layer  over  that  of  the  bottom  layer.  It  is 
well  known  that  this  hypothesis  gives  but  an  imperfect  representation 
of  the  reality,  but  it  has,  nevertheless,  been  adopted  by  many  writers  as 
a  convenient  rude  approximation  to  the  facts. 

It  is,  of  course,  a  rigorous  consequence  of  this  hypothesis,  by  the 
laws  of  mechanics,  that  the  layer  of  maximum  velocity  must  be  at  the 
surface  of  the  water  unless  there  is  an  up-stream  wind  {i.  e.,  up  stream 
relatively  to  the  surface  layer,  which  is  itself  in  motion) ;  also  that  the 
internal  fluid  pressure  is  constant  at  any  given  depth,  z  below  the  sur- 
face, so  that  the  end-pressures,  parallel  to  the  bed,  on  the  two  ends  of 
a  portion  of  a  layer,  of  length  /  and  width  unity,  are  equal,  leaving 
the  component  (parallel  to  the  bed)  of  the  weight  of  this  portion  to 
balance  the  (difi"erence  between)  frictions  exerted  on  this  body  by  the 
adjacent  layers.  Since  the  motion  of  this  portion  of  a  layer  is  uniform 
and  rectilinear,  the  components  of  all  the  forces  acting  on  it  neutralize 
each  other,  taken  parallel  to  any  axis  whatever;  but  an  axis  parallel  to 
the  bed  is  most  convenient,  since  it  avoids  bringing  into  play  the 
pressures  normal  to  the  ujiper  and  lower  forces  of  the  body.  Other- 
wise, mathematical  elimination  would  be  necessary. 

As  regards  the  viscous  "friction  "  (or  shearing  action  diie  to  inten- 
sity of  eddying)  between  contiguous  layers,  while  Navier  and  others 

'  cl  ( V     ~\~   1) ) 

consider  it    as  proportional   to  the  angular  velocity,    — —^ ,  or 

—J—,  of  a  point  in  the  upper  surface  of  the  layer  with  respect  to  a 

point  just  underneath  in  the  lower  surface  of  the  same  layer,  the  author 
assumes  that  it  is  not  only  proportional  to  that  angular  velocity  but 
also  to  the   (excess)  velocity,  thus  following   the  line    indicated  by 

Bazin,*  that  it  should  be  proj^ortional  to  K  — ^-^ -,    where   ^  is   a 

quantity  dependent  on  the  velocity  {v^  -(-  v). 

Now,  it  is  to  be  noticed  that  what  the  author  calls  the  "  first- 
or  ordinary  method  "  when  applied  to  the  equilibrium  of  the  aggrega- 
tion of  layers  (of  width  unity,  and  length  I)  sitixated  between  the 
depth,  Z,  of  maximum  velocity  (where  the  friction  is  zero)  and  any 
other  depth,  z  (where  the  friction  is  not  zero)  (it  being  assumed,  for 
justification  of  the  use  of  the  laminar  hypothesis,  that  there  is  an  up- 
stream wind)  gives  rise  to  the  equation: 

-Fl-{.pgl{z  —  Z)  s  =  0 (32) 

in  which  s  =  slope  and  p  g  =  weight  of  a  unit  of  volume  of  water,  while 
F  denotes  the  friction  per  unit  area  on  the  under  surface  of  the  aggre- 
gation of  layers  in  question,  i.  e.,  at  a  dejDth,  z,  frorp  the  free  surface 
of  the  water.  This  is  the  same  as  the  initial  equation  of  the  author's 
treatment  (on  page  398)  and  is  identical  with  an  equation  established 
by  the  "  ordinary  method,"  given  on  page  196  of  Flamant's  "  Hydrau- 
*  As  quoted  by  Collignon  in  his  "  Hydraulique,"  p.  307. 
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lique,"  second  edition,  1900.     Flamant  deals  with  Navier's  assumption  Mr.  Church, 
for  F,  while  Mr.  Tutton  assumes  F  of  the  form  already  indicated,  and 
proceeds  with  the  mathematical  treatment. 

It  is  also  to  be  noticed  that  Un  win's  treatment  of  the  same  problem* 
is  practically  identical  with  that  of  this  paper  (the  ordinary  method 
is  used  to  establish  a  result  for  a  single  layer,  which  by  integration  is 
extended  over  any  number  of  layers).  Unwin  uses  the  Navier  form 
for  viscosity,  and  at  first  places  the  maximum  velocity  below  the  sur- 
face, remarking  later  that  if  there  is  no  resistance  at  the  surface  the 
maximum  velocity  will  occur  at  the  surface  (that  is,  he  calls  attention 
to  this  rigorous  outcome  of  using  the  laminar  hypothesis). 

Since,  then,  the  only  difference  between  the  analysis  of  the  author 
and  that  of  the  writers  above  quoted  is  the  substitution  by  the  former 
of  a  special  viscosity  factor,  F,  in  place  of  the  Navier  form,  the  writer 
is  quite  unable  to  appreciate  the  alleged  imperfection  of  the  "  ordinary 
method."  In  presenting  what  he  calls  "the  other  method, "  the  author 
has  brought  out  the  familiar  fact  that  the  loss  of  head  in  the  case  of 
uniform  motion  in  an  open  channel,  between  any  two  points  of  a  given 
filament,  is  equal  to  the  vertical  distance,  /  sin.  a,  between  the  corre- 
sponding points  in  the  surface  of  the  stream;  that  is,  it  is  equal  to  the 
*'  piezometric  fall,"  since,  for  uniform  motion  in  an  open  channel,  the 
surface  of  the  stream  plays  the  part  of  a  hydraulic  grade  line.  He  has 
also  brought  out  the  fact  that  the  uniform  motion  of  a  filament  or  layer 
in  the  present  problem  is  the  same  as  it  would  be  if  its  weight  had  no 
component  parallel  to  the  line  of  motion,  and  if  (in  addition)  the 
pressure  at  its  up-stream  end  parallel  to  the  bed  exceeded  that  at  the 
down-stream  end  by  an  amount,  p  g  I  sin.  a,  per  unit  of  end  area.  To 
such  a  statement  as  this  no  reader  woiild  take  exception,  and  probably 
this  is  all  that  is  meant  by  the  "  Law  "  on  page  991;*  but  the  author's 
language,  taken  literally,  would  seem  to  indicate  that  in  his  oiiinion  there 
actually  is  more  pressure  at  the  up-stream  end  of  a  portion  of  a  fila- 
ment than  at  the  down-stream  end;  which  is  quite  at  variance  with  the 
laminar  hypothesis. 

While  the  ellipse  as  the  vertical  velocity  curve  is  the  very  interest- 
ing outcome  of  the  special  viscosity  assumption  made  by  the  author,  the 
writer  can  see  no  reason  why  the  former  curve  does  not  stand  on  jjre- 
cisely  the  same  footing  as  the  parabola  (which  is  the  outcome  of  the 
Navier  assumption),  as  regards  any  explanation  of  the  fact  that  the 
maximum  velocity  is  not  at  the  surface  of  the  water  in  those  cases  where 
it  should  be  so  located  if  the  laminar  hypothesis  were  strictly  true. 
Such  a  case  is  presented,  for  examjile,  when  the  wind  is  down  stream 
and  has  a  velocity  equal  to  that  of  the  surface  layer;  under  which 
circumstances  it  seems  to  be  quite  generally  admitted  by  hydraulicians 
(Unwin,  Flamant,  Bazin,  Francis,  etc.,  etc.)  that  experiment  shows 
*  "  Encyc.  Brit.;"  article,  Hydromechanics,  page  496. 
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Mr. Church,  the  maximiim  velocity  (parallel  to  the  bed)  to  occur  below,  and  not  at 
the  surface.  The  conclusion  is  inevitable  that  a  satisfactory  explana- 
tion of  this  fact  must  involve  some  theory  of  internal  motion  differing 
radically  from  the  laminar  hypothesis.  Attempts  at  such  an  explana- 
tion, based  on  the  action  of  eddies  thrown  up  from  the  bottom, 
vertical  currents,  etc.,  etc.,  have  appeared  in  the  pages  of  the  Trans- 
actions of  this  Society;  for  instance,  see  the  paper  (referred  to  by  the 
author)  by  Mr.  Francis,  in  Vol.  VII,  page  109,  and  the  discussion 
following  it. 
Mr.  Murphy.  E.  C.  MuKPHY,  Assoc.  M.  Am.  Soc.  C.  E.  (by  letter). — The  writer 
has  read  this  paper  with  much  interest.  He  has  under  way  a  study  of 
vertical  velocity  curves  of  streams,  from  the  experimental  standpoint, 
and  hoped  that  the  author's  "Proposed  solution  of  some  hydraulic 
problems "  would  explain  satisfactorily  some  of  the  observed  phe- 
nomena at  variance  with  the  common  theory  of  laminar  flow.  In  this, 
however,  he  is  somewhat  disajipointed.  Some  of  the  author's  state- 
ments are  misleading,  and  the  simple  though  approximate  theory  of 
laminar  flow  is  made  to  appear  quite  complex. 

The  writer  desires  to  call  into  question  more  particularly  the 
statement  on  page  393. 

"As  a  matter  of  observed  fact,  the  maximum  velocity  is  seldom  or 
never  found  there  (at  the  surface).  One  of  the  objects  of  this  pajjer  is 
to  prove  that  this  is  necessarily  so,"  etc. 

The  writer  fails  to  see  the  proof  of  this  statement.  Admitting  that 
the  vertical  velocity  curve  is  in  some  cases  an  ellipse,  it  dpesnot  follow 
that  its  minor  axis  is  below  the  surface.  The  vertical  velocity  curves 
obtained  by  the  writer  with  current  meters,  and  also  some  of  those 
obtained  by  other  experimenters,  show  that  the  maximum  velocity  in 
open  channels  is  often  at  the  surface. 

Fig.  6  shows  vertical  velocity  curves  obtained  by  the  writer  in  the 
Oswego  River  at  Battle  Island,  N.  Y.  These  curves  are  obtained  from 
about  500  velocity  observations,  taken  August  7th,  27th  and  28th, 
1901,  with  a  small  Price  meter.  The  "point  method"  was  used,  the 
meter  being  held  at  points  from  \  ft.  to  2  ft.  apart,  from  J  ft.  above 
the  bottom  to  1  ft.  below  the  surface. 

It  is  to  be  specially  noted  that  the  maximum  velocity  is  at  the 
surface  in  each  of  these  curves.  The  change  in  the  shape  of  the  curve 
as  the  depth  increases  should  also  be  noted. 

The  theoretical  shape  of  the  vertical  velocity  curve  depends  on  the 
viscosity  of  the  liquid,  or  the  friction  between  the  parallel  laminae. 
Fig.  8  shows  a  lamina  at  a  distance  z  below  the  surface,  /is  its  length, 
(U  its  thickness,  b  its  breadth,  P  is  the  pressure  at  each  end,  w  the 
weight  per  unit  of  volume,  F  the  friction  jser  unit  area  on  the  upjjer 
surface,  and  F  -\-  d  F  the  friction  j)er  unit  area  on  the  lower  surface. 
The  force  producing  motion  is  the  weight  of  the  lamina  multiplied  by 
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Mr.  Murphy,  the  sine  of  the  surface  inclination.     (Whether  this  force  be  called  the 
component  of  gravity,  or  a  force  pioduced  by  gravity,  matters  not.) 
If  the  motion  of  the  lamina  is  uniform,  we  have 

w  b  I  sin.  adz  +  Fbl  —  b  1{F+  dF)  =0, 
or 

w  sin.  adz  —  d  F  =  0 (1) 

If  we  assume  F  ^=  k  -j-  {k  being  a  constant  called  the  coefficient  of 

viscosity).  Equation  (1)  becomes: 

w  sin.  ad  z  +  k'^  =  Q (2) 

d  z  ^ 

Taking  the  anti-derivative  of  Equation  (2)  we  have: 

u,  2  +  yt  1^  +  c  =  0 (3) 

Taking  the  anti  derivative  of  Equation  (3),  we  have: 

w  ^^  ^^-^-kV+cz+c'^O (4) 

Putting  2  =  0,  and  F=  V^  in  Equation  (4),  we  have: 

—  k  V^  =  c';  or  c'  =  —  k  V^. 
The  velocity  is  a  maximum  =  F„^  at  the  vertex  of  the  curve,  where 

(/  z 


Hence,  from  Equation  (4)  we  have: 

k  -, h  w  sm.  a 

d  z 

and  the  distance,  z',  from  the  surface  to  the  vertex  of  the  curve  is 


k  -, h  w  sin.  a  z  4-  c  —0: 

d  z 


Z'   = : (5) 

w  sm.  a 
Substituting  the  value  of  z'  in  Equation  (4),  and  simi)lifying,  we 
have: 

„  ,^  IV  sin.  a  z'    ,         sin.  a  z' "^       w  sin.  a    ,  .,  ,„^ 

v^-v.^ 2ir-+"^T— =^-2-^-^  («) 

Subtracting  Equation  (4)  from  Equation  (6)  we  have: 

V  ^^       w  sin.  a  ,  ,  9  o,         2  cz       to  sin.  a  2  ,r,^ 

^^-^=-2^^''~-''^-TT  =  ^^^'-'^ (^) 

This  curve  is  a  parabola,  the  axis  of  which  is  parallel  to  the  water 
surface,    its   vertex   being  z'   from    the   surface.     The   jjarameter  is 

^  ^     .     If  D  is  the  depth,  when  z  =  B,  V  =  0;  and  Equation  (7) 

w  sin.  a 

^         w  sin.  a ,  ,       7^.2         "*"  ^i^-  '^  ^m 

becomes  F„,  =  -^^^  (z  -  B)  ;  or        3  A:      =  {z' -  D^y 

Equation  (7)  can  now  be  written 
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If  the  viscous  resist- 
ance per  unit  of  area  is 
assumed  to  equal 

d  z 
as  the  author  has  done, 
the  result  is  Equations 
(2^)  to  (7')  which  are  de- 
rived from  Equation  (1) 
in  the  same  way  that  Equations  (2)  to  (7)  are  derived. 

w  sin.  a  d  2  -\-  k  d  iv  — —  )  =  0 

w  sin.  a  z  -\-k  — = ^  c,  =  0 

dz  ^ 

w  sin.  a  ,    ,    ,    F^    , 

0 ^  +  /t  ^  +  Ci  e  +  c'l  =  0. . 


Mr.  Miirphy. 


F  2  V^ 


F  2  _   V 


sm.  a 

w  sin.  a 


From  Equation  (7^)  we  have 

F^        w  sin.  a 

f?  +  "Ff?"^ 


k 
11}  sin.  a 


zf^l. 


,(2^) 

,(4^) 
(5') 
.(6>) 
,(7') 


(9) 

which  is  the  equation  of  an  ellipse  having  a  semi-minor  axis=  F^  and  a 

semi-major  axis  =     2i —  y 

\J  w  sin .  a     "'' 


"When  z  =  B,  V  =  0:  hence, 


k  F„, 


becomes 


{z'  -  D) 


and  Equation  (9) 


^  +  [z'-DY  =1'  ^""^  ^"  ^^^"  ^=  ^^  \|  ^  -   (J^) 


.(10) 


dv 


It  can  easily  be  seen  that  by  substituting  for  F,  -j-  and  any  func- 


tion of  F,  the  equation  of  a  vertical  velocity  curve  is  obtained. 

1  ri  ^1 
we  make  F  =  k 

^        ,,  I  (e'  -  zY 


dz 


(11) 


(^'-^)^ 

Now,  which  of  these  curves  is  the  true  one?  Why  is  the  ellipse 
the  true  one?     They  are  all  obtained  on  the  basis  of  laminar  flow. 

For  the  vertical  of  the  Oswego  Kiver  140  ft.  from  the  west  bank, 
shown  in  Fig.  6,  we  have  D  =  8  ft.,  2'  =  0,  F^  =  1.25  ft.  and 
F„.  =  1.79ft. 
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Equation  (8)  becomes,  for  this  vertical,  F^,  =  1.79  —  0.028  2^. .. .  (12) 
Equation  (10)  becomes  F^  =  l/.O  J  1  —  |J- (13) 

Equation  (11)  becomes  v}  =  2.39  {l  —    ^^ (1*) 

Table  No.  3  gives  the  values  of  the  velocity  computed  from  Equa- 
tions (12)  to  (14)  for  each  fifth  of  the  depth;  also  the  corresponding 
values  of  F^,  the  observed  velocity. 

TABLE  No.  3. 


Depth,  in 

z 
D 

F^,  in  feet. 

F^ ,  in  feet. 

F^,  in  feet. 

F^,  in  feet. 

0 

1.79 
1.71 
1.50 
1.14 
0.64 
0.00 

1.79 
1.72 
1.54 
1.27 

0.81 
0.00 

1.79 
1.74 
1.60 
1.33 
0.91 
0.00 

1.79 

One-flfth 

1.75 

Two-flfths 

1.64 

1.43 

Four-flfths.. 

1.07 

Five-fifths 

0  00 

-The  values  of  Ve,  Vp  and  V^  are  plotted  in  Fig.  7,  giving  the  curves 
ABE,  A  D  E  and  AGE,  respectively.  The  parabola  is  nearer  the 
observed  curve  than  the  ellipse  in  this  vertical,  and  F„  is  nearer  the 
observed  curve  than  the  parabola.     It  can  easily  be  seen  that  the  curve 

k   dv 


obtained   from  F 


d  z 


will    more    nearly   coincide    with    the 


observed  curve  than  the  curve  F^,. 

It  is  seen  from  Fig.  6  that  the  vertical  velocity  curves  at  160  ft.  and 
180  ft.  from  the  west  bank  resemble  closely  that  at  140  ft.,  and  that  the 
others  differ  from  this  one  more  and  more,  as  the  depth  decreases  and 
the  banks  are  ajjproached.  Evidently,  the  shajae  of  the  channel,  not 
only  in  the  immediate  vicinity  of  the  gauging  station,  but  for  a  con- 
siderable distance  above  and  below  it,  modify  the  shape  of  the  vertical 
velocity  curves. 

CHABiiES  H.  TuTTON,  M.  Am.  Soc.  C.  E.  (by  letter).— The  writer 
wishes  first  to  correct  an  error  of  statement  into  which  he  fell.  It  is 
stated  (page  394,  etc.)  that  the  pressure  in  the  end  of  any  fillet 
(implying  the  ui^per  end)  is  pgls.  This  should  have  been  p g s. 
Considering  a  filament,  the  end  pressures  upon  it,  due  to  exterior 
filaments,  balance,  as  stated  by  Professor  Church.  In  the  fillet  itself, 
when  it  is  indefinitely  shortened,  p^f  s  may  be  considered  a  j^ressure 
applied  to,  as  well  as  a  component  of  weight  of,  the  resulting  mole- 
cule. At  the  lower  end  of  a  fillet,  of  length  /,  this  would  become 
pgls.     The  resulting  equations  are  not  altered  by  this. 
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It  may  be  stated  that  while  pressure  and  weight  are  convertible  Mr.  Tutton. 
terms,  the  writer  considers  weight  to  have  no  components  except  such 
as  are  vertical,  and  what  by  consent  are  called  components  of  weight 
are  in  reality  forces  developed  by  it,  which  can  only  be  defined  by 
their  effects.  The  idea  of  the  paper  is  to  confine  attention  to  the 
fillet,  and  divest  the  argument  of  the  idea  of  weight  as  measured  from 
the  free  surface,  which  is  claimed  to  be  a  necessary  consequence  of 
the  laminar  theory,  involving  the  fact  that  the  resistance  at  the 
surface  must  be  zero. 

That  this  latter  assumption  is  false  is  shown  by  the  fact  that  the 
maximum  velocity  is  below  the  surface,  even  under  the  action  of  a 
•down-stream  wind.  This  has  been  shown  by  Boileau,  Humphreys 
and  Abbott,  Cunningham,  Ellis,  Bazin,  Price,  and  others.  It  follows, 
not  that  the  atmosphere  offers  no  resistance,  but  that  we  know  very 
little  of  its  character.  It  may  be  like  the  so-called  skin  of  the  water, 
and  be  very  great  as  comj)ared  with  the  fluid  resistance  in  the  air 
immediately  above  it,  but  Nature  shows  that  it  exists.  For  this 
reason  it  has  been  assumed  as  a  Hquid  resistance,  which  agrees  very 
well  with  experiment.  This  allows  an  axis  of  maximum  velocity 
below  the  surface,  the  depth  of  which  depends  on  the  relations 
between/ and  e.  In  the  illustrations  used  these  were  assumed  equal. 
As  a  matter  of  fact,  they  are  seldom  equal,  but  whatever  their  rela- 
tion, if  they  change  other  than  in  a  constant  ratio,  the  depth  of  axis 
will  change  with  them. 

Any  molecule  tends  to  sink  vertically  under  the  action  of  gravity, 
and  its  weight  consequently  develops  a  force  or  pressure  in  the  direc- 
tion of  flow  which  may  be  considered  as  applied  to  it.  All  forces, 
then,  necessary  to  overcome  the  resistances,  are  comprised  in  the 
molecule  itself,  and  if  its  motion  be  uniform  these  resistances  must 
be  equal  to' the  force  developed  in  the  direction  of  motion,  whatever 
that  direction  be.  As  a  logical  sequence,  in  any  river  flowing  with 
steady  (not  flood)  motion,  and  having  an  irregular  bed,  the  resistances 
in  each  section  would  be  measured  by  the  forces  as  above  mentioned 
developed  in  that  section,  whatever  the  inclination  of  the  bed.  This 
s  necessary  in  order  that  all  molecules  move  instead  of  lying  in 
istagnant  pools,  and  is  conceded  in  pipe  flow.  It  will  also  be  seen 
that  pressure  is  required  to  produce  this  effect. 

The  writer's  mode  of  expression  on  page  409  was  unfortunate. 
It  was  not  the  intention  to  assert  that  atmosjiheric  pressure,  as  dis- 
tinct from  gravity,  produced  motion,  but  to  remove  the  hydraulic 
grade  line,  so  that  such  grade  line  could  be  compared  with  that  of  a 
pipe,  exterior  to  the  liquid  in  the  pij^e. 

To  further  justify  the  elliptical  velocity  curve,  the  experiments  in 
Tables  Nos.  4  and  5  are  presented,  in  which,  however,  /  does  not 
equal  s.     No   effort  has  been  made  to  find  the  most  perfect  fitting 
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Mr.  Tutton.  curve,  but  it  is  suggested  that,  developed  on  the  laminar  theory,  they 
plainly  show  that  the  assumption  of  no  resistance  at  the  surface  is 
not  true,  and  that  forces  developed  by  weight  are  not  necessarily 
weight  itself. 


TABLE  No.    4. 


-VEKTicAii  Velocity  Cukves  at  Cakrollton,  Miss., 
1883.     W.  G.  Peice. 


See  Chief  of  Engineer's  Report,  1884,  page  2878. 
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Average  op  12 

Verticals. 

Wind  Down 

Stream. 

Average  of  16 

"Verticals. 

Wind  Up 

Stream. 

Average  of  8 

Verticals. 
Rising  River. 

Average  of  S3 

Verticals. 
Mean  of  All. 

Average  of 

21  Verticals 
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River. 
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1 
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1 
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1 
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1 
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Surface. 

5.34 

5.33 

5.72 

5.65 

5.96 

5.99 

5.49 

5.44 

2.72 

2.67 

0.1 

5.42 

5.41 

5.80 

5.74 

6.09 

6.10 

5.60 

5.54 

2.75 

2.72 

0.2 

5.44 

5.46 

5.79 

5.80 

6.14 

6.16 

5.60 

5.60 

2.75 

2.75 

0.3 

5.48 

5.48 

5.82 

5  82 

6.18 

6.18 

5.62 

5.62 

2.75 

2.75 

0.4 

5.48 

5.46 

5.75 

5.80 

6.13 

6.16 

5.60 

5.60 

2.68 

2.73 

0.5 

5.42 

5.41 

5.74 

5.74 

6.12 

6.10 

5.55 

5.54 

2.68 

3.67 

0.6 

5.36 

5.33 

5.76 

5.65 

6.03 

5  99 

5.53 

5.44 

2.59 

3.59 

0.7 

5.28 

5.18 

5.67 

5.49 

5.93 

5  83 

5.43 

5.28 

2.50 

3.47 

0.8 

5.10 

4.98 

5.48 

5.16 

5.79 

5.60 

5.24 

5.05 

2.44 

3.30 

0.9 

4.66 

4.67 

4.92 

5.23 

5.23 

4.70 

4.70 

2.04 

2.04 

1.0 

3.05 

3.81 

3.05 

3.97 

3.64 

4.22 

3.07 

3.73 

1.35 

1.34 

n 

0.30 

0.30 

0.30 

0.30 

0.25 

D.  F.  Henry's  experiments  on  the  Niagara,  St.  Lawrence,  and  St. 
Clair,  are  also  referred  to.* 

Mr.  Herschel's  remarks,  however  appropriate  to  pipes,  are  scarcely 
applicable  to  rivers  where  current  meters  must  be  used,  Venturi  meters 
and  weirs  not  being  applicable.  E.  C.  Murphy,  Assoc.  M.  Am.  Soc. 
C.  E.,  in  his  paper  on  "  Current  Meter  and  Weir  Discharge  Compari- 
sons,"! shows  that  these  two  methods  of  measurement  agree  remark- 
ably well;  yet,  when  using  a  current  meter,  velocity  curves  must  be 
considered.  He  would  be  a  poor  engineer  who  could  not  use  his  instru- 
ments, and  it  is  considered  that  the  meaning  of  these  velocity  curves 
lies  as  much  in  the  province  of  the  engineer  as  in  that  of  the  physicist. 
Sewers  have  been  tested  in  Buffalo  by  using  a  mixture  of  fluorescein 
and  sodium  hydrate,  but  without  results  comparable  to  those  of  Mr. 
Benzenberg,  and  if  his  experiment  be  considered  conclusive,  Mr. 
Herschel's  subsidiary  currents  would  appear  to  be  without  foun- 
dation. 

*  Journal,  Franklin  Inst.,  1871. 

t  Transactions,  Am.  Soc.  C.  E.,  Vol.  xlvii,  p.  370. 
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Paper  No.  914. 

THE  WATER-WORKS   OF   GUANTANAMO,  CUBA.* 

By  S.  D.  RocKENBACH,  Assoc.  M.  Am.  Soc.  C.  E. 


Tlie  town  of  Guantanamo  is  situated  15  miles  in  the  interior  from 
its  port  of  entry,  Caimanera,  with  which  it  is  connected  by  rail.  The 
bay  is  one  of  the  finest  in  Cuba.  It  was  used  as  a  base  by  the  United 
States  Navy  in  the  late  war  with  Spain,  and  probably  will  be  one  of 
the  naval  stations  to  be  selected  under  the  Piatt  amendment. 

The  country  surrounding  Guantanamo  is  one  of  the  largest  sugar- 
producing  sections,  while  the  hills  in  view  from  the  town  were  at  one 
time  dotted  with  the  houses  of  coflfee  planters.  The  natural  condi- 
tions point  to  a  bright  future  for  Guantanamo  under  a  stable  govern- 
ment. Its  population  is  7  137.  The  population  within  the  limits  of 
the  municipality  (immediate  surrounding  country)  is  28  063. 

At  the  time  of  the  ai-rival  of  the  American  troops  the  town  obtained 
its  water  from  cisterns  and  from  the  Guaso  River  as  it  runs  past  the 
town.  The  river  emerges  from  a  cave  in  the  hills  about  10  miles  from 
the  town,  and  at  an  elevation  of  about  500  ft.  above  it.  The  water, 
from  the  cavern  to  the  plain,  is  clear  and  cool,  and  ample  to  supply 
the  town,  but  soon  after  reaching  the  plain  it  is  badly  polluted  by  the 
refuse  from  the  sugar  mills  on  its  banks.  The  question  of  suitable 
water  supply  early  occupied  the  attention  of  the  United  States  Military 
Government. 

•  Presented  at  the  meeting  of  November  6th,  1901. 
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The  work  was  started  in  July,  1899,  under  the  verbal  orders  of 
General  Wood,  then  commanding  the  Department,  by  Lieut.  E.  L. 
Hamilton,  5th  U.  S.  Infantry,  Engineer  Officer;  A.  S.  Hobby,  Jr.,  Chief 
Engineer,  and  J.  D.  Wilkes,  Constructing  Engineer.  The  plans  were 
completed  and  an  estimate  for  the  work  made  on  February  28th,  1900. 
This  estimate  amounted  to  $115  822.39.  It  contemj^lated  a  small 
masonry  diversion  dam  situated  in  the  narrow  gorge  of  the  Guaso, 
42  600  ft.  from  the  town,  at  an  elevation  of  250  ft.  above  it,  and  about 
2  miles  from  the  cavern,  from  which  the  river  flows  in  a  canon,  so  that 
it  is  entirely  free  from  contamination;  a  small  settling  basin  at  the 
mouth  of  the  gorge;  a  10-in.  pipe  line  to  the  town,  and  a  distributing 
reservoir  on  the  edge  of  the  town.  On  February  10th,  1900,  Mr.  C.  A. 
Knowlton  succeeded  Mr.  Wilkes  as  Resident  Engineer  of  the  work, 
and  the  writer  succeeded  Lieut.  Hamilton  as  Engineer  Officer  on  July 
16th,  1900.  The  expenditure  to  July  1st,  1900,  amounted  to  $111  447. 18, 
distributed  as  follows: 

Material $56  772.74 

Duty 2  299.84 

Labor,  including  freight  and  hauling 52  374. 60 

Total $111  447. 18 

For  this  expenditure  the  following  work  was  done: 
{a)  The  excavation  for  the  dam  foundation  was  completed. 
{b)  Below    the  dam,  700  lin.   ft.   of  bench  for  the  pipe  line   was 
blasted  out  and  70  lin.  ft.  of  tunnel  was  driven,  all  through  lime- 
stone. 

(c)  Between  Stations  85  and  90,  500  lin.  ft.  of  bench  for  the  pipe  line 
was  blasted  out. 

(d)  The  main  pipe  line  was  laid,  with  the  exception  of  930  ft. 

(e)  Four  river  crossings  (Nos.  1,  2,  3  and  5)  were  laid. 

(/)  The  pipe  line  had  been  covered  to  a  depth  of  6  ins.  for  one-half 
its  length;  the  remainder  was  fully  back-filled. 

A  project  of  the  size  of  the  Guantanamo  work  required  the  most 
careful  reconnaissance  and  investigation.  The  uncertainty  of  the 
status  of  the  Island,  and  a  Military  control,  did  not  allow  the  necessary 
preliminary  work  on  which  to  base  an  accurate  estimate.  Machinery, 
tools  and  labor  to  make  necessary  borings  for  the  investigation  of  the 
dam  site  were  not  obtainable  at  the  time.     The  original  plans  con- 
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templated  a  small  diversion  dam  at  about  500  ft.  from  tliemontli  of  the 
gorge.  At  that  point  the  gorge  is  about  18  ft.  in  width,  and  the  walls 
are  best  adapted  for  keying  in  the  dam.  To  secure  a  solid  foundation 
for  the  dam  involved  going  to  a  depth  of  21  ft.  at  one  place.  As  the 
work  developed,  the  gorge  was  found  to  be  full  of  fissures,  and  very 
rotten,  so  that  the  plans  under  which  the  writer  found  the  dam  being 
built  required  the  following: 

Dam  at  Las  Ninfas. — The  dam  at  Las  Ninfas  is  located  at  a  point 
about  830  ft.  up  stream  from  where  the  gorge  debouches  into  the  valley, 
at  an  elevation  of  200  ft.  above  the  Barracks'  Hill  at  Guantanamo,  and 
8.6  miles  therefrom. 

The  foundation  of  the  dam  is  21  ft.  below  low  water.  From  the 
foundation  to  the  parapet  crest  the  height  is  32|  ft.,  and  the  crest 
length  from  cliff  to  cliff  is  50  ft. 

In  design  it  is  ogee-faced,  the  curve  being  a  reversed  parabola 
calculated  for  a  head  of  4  ft.  The  section  adopted  was  the  fifth  one 
designed,  and  was  the  third  one  submitted  by  Mr.  Kuowlton  to  the 
Chief  Engineer. 

The  length  of  the  low-water  spillway  is  28  ft.  and  its  depth  1^  ft. 
from  the  extreme  crest  of  the  parapet.  With  a  depth  of  more  than  1^ 
ft.  of  water  joassing,  the  length  of  the  spillway  is  37|  ft. 

Near  the  reversing  point  of  the  ogee,  and  above  the  deepest  part 
of  the  stream  bottom,  the  dam  is  pierced  by  a  30-in.  circular  waste 
sluice,  closed  with  an  iron  gate-valve  built  in  concrete  against  the 
back  face. 

On  the  west  end  of  the  dam  is  built  a  concrete  pier  rising  10  ft. 
above  the  parapet  and  projecting  2  ft.  beyond  the  back  face.  From 
the  top  of  this  pier  the  valve  of  the  intake  is  controlled  by  a  direct 
rod  to  the  hand-wheel  above,  and  the  sluice-valve  is  operated  from 
the  same  point  by  shafts  with  bevel  gears.  This  pier  occupies  a  niche 
in  the  face  of  the  clifi",  so  that  there  is  little  danger  that  it  will  prove 
to  be  an  obstruction  to  debris. 

The  original  plans  for  the  control  of  the  gate  contemplated  a  shaft, 
5  ft.  in  diameter  and  22  ft.  deep,  through  the  east  bluff.  This  bluff 
was  found  to  be  so  rotten  that  a  shaft  could  not  be  sunk  without 
lining  it,  and  the  writer  was  opposed  to  the  long  rods  and  double  set  of 
bevel  gearing  which  would  have  been  required  to  control  the  sluice 
and  the  intake  gate. 


GUANTANAMO    WATER-WORKS. 


429 


430  GUANTANAMO    WATER-WORKS. 

At  the  east  end  of  the  dam,  under  a  projecting  ledge  of  rock,  is  a 
pier  8  ft.  in  height  and  flush  with  the  clifif  face  down  stream. 

The  dam  is  built  of  hard  limestone,  quarry-faced  on  the  back,  fine- 
pointed  on  the  front  and  crandalled  on  the  coping  and  the  upper  half 
of  the  spillway  face.  Vulcanite  Portland  cement  was  used  through- 
out. A  finely  triturated  gravel  was  used  instead  of  sand  in  the  lower 
portion  of  the  dam  and  for  concrete;  on  the  upper  portion  a  coral 
sand  was  used. 

Taere  were  seventeen  streams  flowing  from  the  rock  within  the 
limits  of  the  foundation;  these  were  either  capped  or  led  in  pipes  to 
discharge  beyond  the  dam.  At  each  abutment  there  were  two  large 
seams  between  the  strata,  partially  filled  with  clay,  nearly  horizontal, 
and  5  ft.  apart.  Tunnels  were  driven  18  and  24  ft.  into  the  cliffs  and 
cutting  the  seams,  and  the  tunnels  were  then  filled  with  rubble 
masonry  in  cement.  Fig.  1  is  an  elevation  and  Fig.  2  a  cross-section 
of  the  dam.  Down-stream  and  up-stream  views  of  the  dam  are  shown 
in  Figs.  1  and  2,  Plate  XII. 

The  12-in.  intake  passes  through  the  dam  near  the  west  abutment, 
4  ft.  below  the  level  of  the  spillway,  and  the  pipe,  in  a  heavy  jacket 
of  concrete,  is  laid  on  a  bench  blasted  from  the  cliff,  and  through  a 
tunnel  70  ft.  in  length  which  pierces  a  projecting  spur  (Fig.  1,  Plate 
XIII).  Below  the  tunnel  the  pipe  lies  in  a  rock  trench  blasted  in  the 
bench,  and  is  covered  with  broken  stone.  This  portion  of  the  pipe 
rests  on  concrete  saddles,  1  ft.  square  in  plan,  built  under  each  bell. 

The  cost  of  the  dam  for  the  year  ending  June  30th,  1901,  was 
$15  655.30,  which  is  the  total  cost  except  for  the  foundation  excava- 
tion and  for  materials  used  in  the  temporary  work. 

Sand  Box  or  Settling  Basin. — The  sand  box  or  settling  basin  is 
located  on  the  river  bank  above  the  reach  of  freshets,  and  about  830 
ft.  down  stream  from  the  dam.  It  is  a  rectangular  concrete  structure, 
10  X  29  ft.  in  plan  inside  and  about  10  ft.  deep,  with  three  division 
walls  of  concrete  6  ins.  in  thickness  (Fig.  2,  Plate  XIII).  The  water 
enters  at  the  floor  level  of  the  north  end,  passes  over  the  first  parti- 
tion, under  the  second,  over  the  third,  and  is  discharged  through  a 
bellmouth  pipe  about  6  ft.  above  the  bottom. 

Sliding  doors  are  fitted  in  each  partition,  and  the  floor  slopes  from 
the  sides  to  the  center  line,  and  to  the  supply  pipe  which  can  be  used 
to  blow  out  the  deposit  in  the  basin  by  the  operation  of  two  12-in. 
valves  30  ft.  up  stream. 
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Fig.  L— Las  Ninpas  Dam:  Looking  Down  Stream,  and  Showing  the  Construction  Dam. 


Fig.  2.— Las  Ninpas  Dam:  Looking  Up  Stream. 
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The  supply  pijje  is  fitted  witli  a  sliding  automatic  cut-oif  gate,  and 
a  6-in.  overflow  pipe  is  also  provided. 

At  tlie  top  are  transverse  beams  of  railroad  steel  -which  carry  the 

flat  covering  of  2-in.  pine  plank,   through  which  pass  the  rods  for 

operating  the  flush-gates  in  the  partitions.     The  foundation  is  on  rock. 

The  total  cost  of  the  sand  box  (all  for  the  fiscal  year  ending  June 

30th,  1901)  was  $2  874.71. 

Bloiv-Off  Valve  Houses. — Eight  blow-ofi"  valve  hoiises  are  located  on 
the  pipe  line,  one  at  every  low  point  and  river  crossing.  These  are  of 
concrete  construction  throughout.  They  are  7  ft.  square,  and  the 
walls  are  7  ft.  above  ground,  with  a  plain  4-in.  cornice  and  a  pyramidal 
roof.  The  walls  are  6  ins.  in  thickness,  and  in  each  wall  there  are  two 
panels  2  ins.  deep,  making  the  thickness  of  the  panels  4  ins.  The 
concrete  roof  is  6  ins.  thick,  and  a  bar  of  1-in.  square  iron  is  built 
into  the  top  of  the  wall  all  around.  The  only  openings  are  a  drain 
of  1-in.  pipe,  and  the  door,  which  is  of  J-in.  iron  plate  with  wrought- 
iron  hinges,  and  is  fastened  with  a  brass  padlock. 
The  total  cost  of  eight  valve  houses  was  ^3  963.18. 
Air-Valve  Boxes.— There  are  seven  air-relief  valves  at  the  siimmits 
on  the  pipe  line.  Each  valve  is  placed  above  the  ground  and  con- 
nected with  the  main  by  a  2-in.  wrought-iron  pipe.  It  is  protected 
by  a  rectangular  concrete  box  covered  with  a  sloping  lid  of  J-in.  iron 
l^late  which  is  hinged  at  the  uj>per  edge,  and  lifts  like  the  lid  of  a 
trunk.  They  are  fastened  with  brass  padlocks.  All  padlocks  used 
on  the  valve  boxes  and  on  the  blow-off  houses  are  similar,  and  open 
with  one  key.  The  principal  expense  in  constructing  the  boxes  was 
for  the  iron-work,  which  cost  $35.18  each. 

The  total  cost  of  seven  air- valve  boxes  was  $354.76. 
Keeper^ s  House  at  Las  Niiifas. — The  house  for  the  gate-keeper  at 
Las  Ninfas  is  25  x  30  ft.  in  plan,  divided  into  four  rooms.  One  of 
these  is  ceiled  with  dressed  yellow  pine,  and  is  for  the  use  of  visiting 
insjiectors.  The  other  rooms  are  not  ceiled,  but  all  floors  inside  are 
of  tongued  and  grooved  yellow  loine.  The  waUs  are  of  vertical  spruce 
j)lank,  battened ;  the  roof  is  full  sheathed  with  1-in.  plank,  and  covered 
with  galvanized  iron.  A  covered  corridor  or  veranda  8  ft.  wide  on 
the  front,  and  6  ft.  wide  on  the  other  three  sides,  extends  entirely 
around  the  house.  The  veranda  floor  is  of  2-in.  pine;  its  roof  is  sup- 
ported on  4  X  4-in.  posts  with  a  light  railing  between  them.     A  ven- 
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tilator  at  the  apex  of  the  pyramidal  roof  and  a  4-in.  opening  at  the 
top  of  the  outer  walls  under  the  veranda  roof  give  good  ventilation. 
The  foundations  are  of  short  pieces  of  12-in.  cast-iron  pipe  filled  with 
concrete. 

The  total  cost  of  the  house  was  .f 956. 25. 

Ouantanamo  Bistrih'ution  Pipes. — Trenches  for  the  distribution 
pipes  in  Guantanamo  were  opened  on  February  2Cth,  1901,  and  the 
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Fig.  2. 
work  was  completed  on  May  15th,  1901.     There  were  laid  7.6  miles  of 
pipe,  as  follows: 

4-in.  pipe 16  419  lin.  ft. 

6-in.  pipe 10  038  lin.  ft. 

8-in.  pipe 8  398  lin.  ft. 

10-in.  pipe 4  638  lin.  ft. 

14-in.  pipe 625  lin.  ft. 
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Fig.  1.— Pipe  Line  and  Tunnel:  Guantanamo  WaterWc 


Fig.  2.— Settling  Basin:  Guantanamo  Water-Works. 
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Thirty-six  fire.liydrauts  were  put  in. 

Tlie  cost  was  as  follows : 

Total  cost  of  materials .^34  725.20 

Excavation  and  back-filling 10  126.41 

Pay  rolls  to  May  31st 10  096.02 

Total !$54  947.63 

In  February,  to  avert  a  threatened  epidemic,  due  to  the  dry  season 
and  the  pollution  of  the  stream,  a  2-in.  overhead  hydrant  was  put  in, 
and  carts  which  formerly  obtained  water  from  the  river  to  supply  the 
town  were  allowed  to  get  water  free  of  charge,  As  soon  as  the  mains 
were  put  in,  house  owners  were  allowed  to  make  connections,  under 
the  supervision  of  the  Resident  Engineer  and  in  accordance  with 
the  regulations  of  the  Department:  A  f-iu.  connection,  with  an 
18-in.  goose-neck  and  a  cock  at  the  main,  and  |-in.  galvanized-iron 
pipe  with  service  box  and  curb-cock.  To  include  June  30th,  1901, 
368  houses  had  made  connections,  and  it  can  safely  be  said  that  the 
entire  town  has  been  furnished  with  water  for  the  past  four  months.  A 
scheme  for  control  and  taxation  is  being  drawn  up  and  will  be  submitted 
as  soon  as  possible. 

The  total  cost  of  the  work  was -1^206  304.98 

Of  this,  the  duty  amounted  to 7  090.81 

The  quantity  of  water  supplied  in  24  hours  is  9^5  152  galls.,  or 
133.8  galls,  per  capita. 

The  ideal  plans  on  which  this  work  was  projected  made  the  diffi- 
culties almost  insurmountable.  A  cut-stone  parabolic  dam,  built  by 
native  labor  in  Cuba  at  this  date,  means  that  the  engineer  had  to  lay 
out  all  forms,  and  watch  the  cutting  and  placing  of  each  stone.  Had 
he  not  been  a  stone  mason,  carpenter  and  plumber,  as  well  as  engi- 
neer, the  work  could  not  have  been  done.  The  works  give  not  only 
a  plentiful  supply  of  water  to  Guantanamo,  but  have  been  a  good 
mechanical  school.  Common  laborers  have  become  stone  masons,  car- 
jjenters,  blacksmiths  and  plumbers,  rising  from  $1  to  $4  per  day  of 
ten  hours,  and  have  gone  to  sugar  estates  and  towns  where  they  com- 
mand that  wage.  Two  men,  trained  on  the  work,  have  opened  a 
plumber's  shop  in  Guantanamo. 

Freight  was  excessive  when  the  work  was  commenced,  but  owing 
to  competition  it  Avas  much  reduced.     For  the  pipe  in  the  main  line 
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the  freight  from  New  York  to  the  dock  at  Caimaneta  cost  $7.50  per 
ton.  A  year  later  the  freight  on  the  pipe  for  the  distribution  system 
was  $5  per  ton. 

This  work,  from  February  10th,  1900,  was  under  the  direct  charge 
of  Mr.  C.  A.  Knowlton,  as  Eesident  Engineer,  and  great  credit  is  due 
to  him  for  the  ability  and  energy  he  displayed  in  pushing  it  to  its 
present  state  of  completion. 

A  stand-pipe  is  needed  to  give  a  reserve  supply  and  equalize  the 
pressure  in  the  town,  and  this  and  the  extension  of  the  pipe  line  to 
Caimanera  will  be  taken  up  later. 

This  work,  in  its  design,  presents  little  that  is  peculiar  or  original, 
but  in  the  execution  there  is  much  to  be  considered  by  those  without 
experience  in  the  Santiago  Province  of  Cuba. 

Labor  costs  10  cents  per  hour,  double  the  cost  in  Porto  Eico,  and 
the  work  performed  may  be  estimated  as  worth  3^  cents  in  the 
United  States.  As  far  as  possible,  work  should  be  paid  for  by  the 
piece  or  task.  Time  is  worth  nothing  in  Cuba,  and  contractors  will 
find  that  the  time  allowed  for  a  project  requires  more  careful  consid- 
eration than  any  other  item. 

Transportation,  except  on  the  rail  and  the  few  metalled  roads,  is 
practically  impossible  from  June  15th  to  November  15th. 

The  main  requisite  of  a  constructing  engineer  in  Cuba  is  sobriety 
and  nerve,  as  new  and  unexpected  difficulties,  due  to  climate,  native 
labor,  and  distance  from  market,  will  arise.  It  is  absolutely  neces- 
sary that  he  should  have  a  workman's  knowledge  of  all  the  details  of  his 
work.  A  nervous,  excitable  man  swearing  at  the  top  of  his  voice  will 
stop  the  work  of  every  Cuban  in  hearing. 

All  things  considered,  concrete  is  the  most  economical  con- 
struction in  Cuba.  The  absence  of  frost,  and  a  generally  uniform 
temperature,  allows  a  great  variety  of  uses,  and  its  strength  is 
very  great.  A  concrete  construction  dam  2  ft.  thick,  15  ft.  high  and 
24  ft.  long  successfully  withstood  10  ft.  of  water  flowing  over  its 
crest. 

Duty  and  freight  ran  all  imported  material  up  30%",  and  labor  pro- 
portionately high,  so  that,  taking  the  total  cost  of  the  work,  .1f206  304.98, 
its  cost  in  average  cities  in  the  United  States  should  not  have  exceeded 
$140  000. 
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GATION,  ILLUSTRATED  BY  RECENT 

EXPERIMENTS  IN  GERMANY.* 


By   EiiNATHAN    Sweet,    M.   Am.   Soc.   C.   E. 


Some  months  ago  the  writer  had  occasion  to  investigate  the  sub- 
ject of  the  resistance  to  be  overcome  in  navigating  the  proposed  1  000- 
ton  barge  canal,  then  under  consideration  by  the  canal  authorities  of 
New  York  State,  and  in  these  studies  he  availed  himself  of  the  recent 
very  extensive  experiments  and  researches  by  M.  Fernaud  DeMas,  in 
France,  and  by  Herr  E.  Haack,  in  Germany.  The  results  of  this  in- 
vestigation are  published  in  the  recent  report  to  the  Governor,  by  the 
State  Engineer,  on  "  The  Barge  Canal,." 

In  that  investigation  attention  was  directed  almost  exclusively  to 
the  question  of  resistance.  The  experiments  of  Herr  Haack,  however, 
illuminate  other  very  important  phases  of  canal  navigation,  and  this 
brief  monograjih  will  be  devoted  to  the  consideration  of  the  contri- 
bution they  make  to  our  knowledge  of  the  negative  velocities  pro- 
duced in  canal  navigation,  and  the  limiting  rate  of  dirigible  speed 
therein.  To  make  this  article  clearly  intelligible  it  will  be  necessary 
to  indulge  in  a  repetition  of  portions  of  the  writer's  contribution  to 
"  The  Barge  Canal  "  report,  above  mentioned. 

*  Presented  at  the  meeting?  of  January  8th,  1902. 
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Herr  Haack's  description  and  illustration  of  his  experiments,  enti- 
tled "  Seliiffswiederstand  und  Scliiffsbetrieb,"  were  published  by  A. 
Asher  and  Company,  Berlin,  1900.  His  experiments  were  very  nu- 
merous, and  ajjpear  to  have  been  made  with  characteristic  German 
thoroughness  and  accuracy.  They  were  made  near  Lingen,  upon  a 
stretch  of  the  Dortmtind-Ems  Canal,  having  the  usual  trapezoidal  sec- 
tion, with  a  mean  area  of  600  sq.  ft.  and  a  mean  center  depth  of  about 
Sift. 

The  boats  used  in  the  experiments  consisted  of  a  tug,  the  Goed- 
hardt,  and  three  steel  barges,  the  Emhden,  the  Dortmvnd  and  the 
Lloi/dkahii. 

The  Goedhardt  was  68  ft.  long,  16.4  ft.  beam,  5  ft.  draft,  with  3  175 
cu.  ft.,  or  90  tons  displacement;  its  coefficient  of  displacement  being 
0.587.  It  was  supplied  with  a  compoiind,  condensing  engine  of  206 
I.  H.-P.  and  a  marine  boiler  working  under  a  pressure  of  8  atmo- 
spheres. 

The  Emhde)i  and  Dorltnund  were  new  steel  barges,  precisely  alike, 
except  that  the  Dortmund  was  supplied  with  a  marine  boiler  and  a  non- 
condensing,  compound  engine  of  60  I.  H.-P.  The  dimensions  of  the 
Dortmund  and  the  Embden  were  as  follows:  Length,  216  ft. ;  beam,  26.9 
ft. ;  area  of  midship  section  at  6.6  ft.  draft,  173.6  sq.  ft. ;  displacement 
at  6.6  ft.  draft,  33  313  cu.  ft.,  or  1  041  tons;  coefficient  of  displacement 
at  6.6  ft.  draft,  0.887. 

The  third  barge,  the  Lloydkcdm,  was  also  a  steel  boat,  somewhat 
similar  to  the  Doitmnnd  and  Emhden,  180  ft.  long;  26.3  ft.  beam;  area 
of  midship  section  at  6.6  ft.  draft;  167.68  sq.  ft.;  displacement  at  6.6 
ft.  draft,  740  tons;  coefficient  of  displacement,  0.762.  These  experi- 
ments had  for  their  object,  not  only  the  determination,  by  accurate 
measurements,  of  the  actual  resistance  in  this  canal  at  varying  veloc- 
ities and  ratios  of  prism  to  boat  section,  but  the  determination,  by 
accurate  instrumental  work,  of  the  precise  condition  of  the  prism  of 
water  in  a  canal  while  a  vessel  was  being  forced  through  it,  on  the 
theory  that  the  relative  conditions  of  this  prism  of  water  at  rest  and 
while  a  boat  was  moving  in  it  should  afford  a  measure  for  determining 
the  entire  resistance  of  the  boat  navigating  it. 

The  results  of  these  experiments  seem  to  be  in  agreement  with  this 
hypothesis. 

This  theory,  advanced  by  Haack,  briefly  stated,  is  as  follows: 
When  a  vessel  moves  in  a  canal,  unlike  a  vessel  moving  in  open  water 
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where  the  water  moves  freely  from  all  directions  to  fill  the  void  behind 
it,  the  water  can  only  reach  this  void  by  moving  back  through  the 
narrow  spaces  between  the  boat  and  the  bottom  and  sides  of  the  canal. 

Immediately  in  front  of  the  wave  made  bj  the  boat's  prow  the 
water  is  absolutely  at  rest,  while  behind  the  prow  wave,  the  whole 
length  of  the  boat,  and  for  some  distance  behind  it,  the  water  sinks, 
below  its  position  before  being  disturbed,  with  a  back  flow  seeking  to 
restore  the  normal  condition  behind  the  boat.  The  extent  of  this 
sinking  of  the  water  surface  and  of  the  velocity  of  this  negative  cur- 
rent depend  on:  The  rate  of  the  boat's  motion,  its  model,  the  friction 
of  its  immersed  surface,  the  friction  of  the  canal  bed,  and  of  the 
water  particles  on  one  another. 

In  other  words,  the  amount  of  this  sinking  of  the  water  surface 
and  the  extent  of  the  negative  velocity  are  functions  of  the  boat's 
total  resistance. 

The  following  is  the  analytic  reasoning: 

Let  Q  =  the  wet  cross-section  of  the  canal; 
D  =  the  displacement  of  the  boat ; 
L  r=  the  length  of  the  boat  on  the  waterline; 

V  =  velocity  of  the  boat; 

V  —  the  mean  negative  velocity,  or  back  flow; 
q  =  Y-  ^  the  mean  cross-section  of  the  boat; 

Li 

R  =  the  resistance  of  the  boat ; 
w  =  the  Aveight  of  a  cubic  unit  of  water ; 
and  /\  §  =:  the  cross-section  between  the  sunken  surface,  due  to 

the  boat's  motion,  and  the  normal  water  surface. 
Then,  Q  —  ^  Q  —  q  represents  the  cross-section  remaining  be- 
tween the  boat  and  the  bed  of  the  canal,  through  which  the  displaced 
water  must  pass.  Nosv,  the  volume  of  water  displaced  in  a  unit  of 
time  by  a  boat  moving  at  a  velocity,  V,  is  V  (/\  Q  -\-  q),  and  equals 
the  volume  flowing  at  the  negative  velocity,  v,  in  the  section 
^Q  —  A  Q  —  '?)'  therefore  the  mean  negative  velocitv  is 

V  -  -  -^  ^  +  ^       V  ^  (I) 

Now,  the  weight  of  the  volume  of  water  moved  \s>-w  [Q  —  ^Q  —  q)  L, 
and  the  work  required  for  moving  this  weight,  with  the  velocity,  v,  is 
G  111  (Q  —  ^Q  —  'l)  L  V,  and  as,  with  uniform  motiou,  this  equals 
the  resistance  of  the  boat  multiplied  by  the  velocity,  we  have 

R  V=C  w  {Q  —  ^Q  —  q)  Lv (II) 
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in  whicli  C  is  a  cofficient  determined  by  experiment.  As  the  resist- 
ance does  not  vary  directly  as  tlie  change  of  velocity,  this  coefficient 
is  necessarily  a  variable.  If  we  substitute  in  this  equation  the  value 
of  V  shown  in  Equation  (I), 

AQ  +  q 

^  =  y.        .    ^    — .  we  have 

R=Cw{l\q-\-q)L (in) 

Combining  Equations  (II)  and  (III)  we  get 

Substituting  this  value  of  /\  ^  in  Equation  (III)  we  have 

or,  E=C  w  -jj—  QL (IV) 

Expressions  for  the  values  of  the  coefficient,  C,  are  readily  derived 
from  Equations  (II),  (III)  and  (IV). 

R  V 
As  from  Equation  (II) C  = -rr^ t\ r-r 

Since  q  L  —  D,  as  from  Equation  (III) C  =  n   T  J-  T)) 

As  from  Equation  (IV) G=  ^JZ  +  y^ 

^      '  w  V  Q  L 

These  formulas  furnish  the  means  for  determining  R  for  a  given 
value  of  V,  when  G  has  been  determined  for  a  like  value  of  v,  for  a 
vessel  of  similar  model,  in  a  similar  prism,  with  identical  value 
of^. 

q 

An  important  and  interesting  result  of  these  experiments  is  their 
demonstration  of  the  serious  error  in  the  ordinary  assumption  that 
the  velocity  of  the  negative  current  or  back  flow  induced  by  the 
motion  of  a   boat  in  a  narrow  channel   is  measured  by  the  formiila 

V  =  -^ — —  V;  where  v  is  the  velocity  sought,  V  the  velocity  of  the 

boat,  and  A  and  a  the  areas  of  the  cross-section  of  the  canal  and  mid- 
ship section  of  the  boat,  respectively.  This  is  illustrated  by  the  dis- 
gram.  Fig.  1. 

Let  the  full  lines  of  the  diagram  represent  the  prism  of  the  canal, 
its  normal  water  surface,  and  the  midship  section  of  a  boat;  and  let 
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tlie  dotted  lines  represent  the  surface  of  the  water  as  depressed  by 
the  motion  of  the  boat,  and  the  mean  section  of  the  boat.  Then  the 
space  between  the  dotted  lines  and  the  full  line  representing  the  normal 
water  surface  is  the  mean  section  of  water  displaced,  and  the  space 
between  this  dotted  and  the  full  lines  representing  the  canal  bed  is  the 
section  through  which  the  displaced  water  must  pass;  and  they  show, 
for  any  considerable  speed  of  the  boat,  so  much  larger  negative  velocity 
of  the  displaced  water  than  that  derived  from  the  old  formula  as  to 
prove  the  latter  to  be  not  even  approximately  correct  for  ordinary  ratios 
of  canal  section  to  boat  section. 


Fig.  1. 

Negative  Velocities. — The  experiments  most  pertinent  to  the  discus- 
sion of  this  subject  consist  of  the  following: 

Ten  trial  trips  of  the  Goedhardt,  under  steam,  with  varying  velocities 
and  constant  draft,  in  which  r,  the  ratio, 

_  Wet  section  of  canal  _  o  rn 

Immersed  mid-section  of  boat  ~~ 
Forty-seven  trial  trips  of  the  Dortmund,  under  her  own  steam, with 
varying  velocities  and  depths  of  draft,  as  follows : 

Depth  of  draft, 
in  meters.  "  Ratio,  »•. 

1.50 4.76 

1.75 4.15 

2.00 3.63 

2.25 3.22 

Seventy  trial  trips  of  the  Emhden,  towed  by  the  Goedhardt,  at  vary- 
ing velocities  and  depths  of  draft,  as  mentioned  above  for  the  twin 
boat  Dortmund,  and  identical  values  of  r. 

Also,  fifteen  trial  trips  of  the  Lloydkahn,  lowed  by  the  Goedhardt, 
with  varying  velocities  and  depths  of  draft,  as  follows: 

Depth  of  draft, 
in  meters.  Ratio,  r. 

1.75 4.30 

2.00 3.75 

2.25 3.30 
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The  values  of  the  negative  velocities,  as  well  as  all  the  other  data 
determined  by  these  experiments,  were  tabulated  and  published  by 
Haack,  and  from  these  tables  the  writer  has  plotted  the  curves  of 
negative  velocity  shown  in  Fig.  2,  and  has  shown  in  Fig.  3  the  curves 
of  resistance,  expressed  in  units  of  indicated  horse-power,  for  the  same 
groups  of  experiments  as  published  by  Haack. 

The  abscissas  in  Figs.  2  and  3  show  the  speed  of  the  boats,  in  meters 
per  second,  and  in  miles  per  hour.  The  ordiuates  in  Fig.  2  represent 
the  negative  velocities,  in  meters  per  second  and  in  feet  j^er  second. 
In  Fig.  3  the  ordinates  represent  units  of  indicated  horse-power. 

It  should  be  noted  that  the  number  of  trial  trips  for  different  values 
of  r  differed  considerably  in  these  experiments,  giving  greater  weight 
to  some  of  the  curves  than  to  others,  and  that  for  small  values  of  r 
the  speeds  attained  in  the  experiments  were  so  low  as  to  leave  a  con- 
siderable fraction  of  their  curves  of  negative  velocity  and  resistance 
conjectural,  but  these  portions  are  probably  not  flatter  than  shown  in 
the  diagrams. 

It  must  also  be  borne  in  mind  that  the  mean  negative  velocities  are 
probably  as  much  less  than  the  corresponding  maximum  negative 
velocities  as  the  mean  immersed  section  of  the  boat  is  less  than  its  im- 
mersed midship  section.  It  will  be  observed  that  the  resistance 
curves  in  Fig.  3  indicate  considerable  sharper  curvature  for  the  Bort- 
mwnd  going  under  steam  than  for  the  twin  boat  Embden  towed  by  the 
Goedhardt.  The  data  for  the  negative  velocity  curves  for  these  two 
cases  show  small  divergencies  in  the  same  direction,  but  these  are  not 
marked  enough  to  make  separate  curves  necessary.  Though  the 
action  of  the  Dortmund  screw  doubtless  had  some  effect,  the  diflfer- 
ence  in  the  resistance  curves  in  these  two  cases  is  jjrobably  i^rincipally 
due  to  the  necessarily  inexact  result  of  reducing  to  indicated  horse- 
power the  resistance  of  the  Embdev,  which  was  measured  in  the  tow 
line. 

There  is  perhaps  no  i^henomenon,  incident  to  canal  navigation, 
where  considerable  speed  is  desired,  so  important  in  determining  the 
projaer  section  of  the  canal  prism  as  this  of  the  negative  current 
induced  by  its  operation,  as  such  current  cannot  be  permitted  to  ac- 
quire a  velocity  destructive  to  the  integrity  of  the  earthwork,  and 
these  experiments  afford  the  first  and  only  important  contril)iitiou  ta 
our  knowledge  on  this  subject. 
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Mean  negative  velocities,  in  meters   per  second,  and  feet  pei'  second. 
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Let  us  consider  the  applicability  of  the  results  to  canals  of  larger 
section,  in  which  the  limit  of  allowable  speed  is  a  question  of  the 
first  importance.  The  diflference  of  conditions  which  might  affect  the 
negative  velocity  in  a  ship  canal,  compared  with  this  Dortmund-Ems 
barge  canal,  navigated  by  steel  boats  of  like  model,  with  equal  values 
of  r,  affect  only  that  element  of  the  total  resistance  represented  by 
the  friction  of  the  disturbed  particles  of  water  upon  one  another  on 
account  of  the  greater  distance  between  the  wet  surface  of  the  boat 
and  that  of  the  canal  in  the  former  case. 

It  is  well  known  that  when  a  boat  moves  in  shallow  water  the 
proximity  of  the  boat's  bottom  to  the  ground  retards  the  speed  of  the 
boat,  owing  to  the  friction  among  the  particles  of  water  lying  between 
the  boat  and  the  ground  induced  by  the  friction  of  the  boat's  surface 
carrying  along  the  water  adhering  to  it,  while  the  friction  of  the 
ground  retards  the  water  adjacent  to  its  surface,  thus  setting  up  mo- 
tion and  friction  among  the  particles  of  water  between  these  surfaces. 

This  retardation  diminishes  rapidly  as  the  distance  between  the 
boat  and  the  ground  increases,  and  this  element  of  resistance  is  doubt- 
less negligible  in  seeking  the  relation  between  the  negative  velocities 
m  the  Dortmund-Ems  canal  and  those  in  a  larger  canal,  except  that 
due  to  the  depth  of  water  under  the  boat.  It  will  be  remembered  that 
the  larger  values  of  r,  in  Haack's  experiments  were  obtained  with  the 
boats  at  light  draft,  leaving  2  to  3  ft.  of  water  under  them,  and  are  there- 
fore directly  comjiarable  with  the  boats  of  like  model  running  equally 
near  the  bottom  in  large  canals,  where  the  values  of  r  are  identical. 

The  effect  of  model,  on  both  resistance  and  negative  velocity,  is 
shown  by  comparing  the  curves  for  the  Dortmund  and  Embden,  having 
a  coefficient  of  displacement  of  0.88,  with  those  of  the  Lloydkahn,  having 
a  coefficient  of  0.76,  the  resistance  and  negative  velocity  both  being  less 
m  the  case  of  the  Lloydkahn,  with  r  =  4.30,  than  in  the  case  of  the 
Dortmund  and  the  Embden,  with  r  =4.76. 

The  writer  is  convinced  that  these  curves  can  be  used  without 
serious  error  in  determining  the  approximate  mean  negative  velocities 
of  boats  having  block  displacements  of  0.75  to  0.90  for  the  values  of  r 
which  they  cover,  from  which  the  maximum  negative  velocities  can  be 
derived  from  the  coefficient  of  the  boat's  displacement. 

Limits  of  D trig ibility  in  Canals. — The  observations,  made  during  the 
progress  of  Haack's  experiments,  upon  the  steering  qualities  of  the  ex- 
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perimental  boats,  at  different  depths  of  draft  and  different  rates  of  speed,, 
are  interesting  and  important.  They  show  that  with  2  ft.  of  water,  or 
more,  under  the  boats  when  at  rest,  and  the  valne  of  r  more  than  4,  the 
difficulties  of  steering  did  not  become  serious  until  the  negative  veloc- 
ity approximated  3  ft.  per  second,  but  that  with  little  more  than  1  ft.  of 
water  under  them,  and  the  value  of  r  about  3.25,  the  boats  became  diffi- 
cult to  steer  when  the  mean  negative  velocity  was  only  2  ft.  per  second. 

The  rationale  of  these  steering  difficulties  is  not  far  to  seek. 

It  is  clearly  impossible  to  projjel  a  vessel  accurately  upon  the 
center  line  of  a  narrow  channel,  and  if  it  is  moving  off  this  center  line 
the  sinking  of  the  water  surface  will  be  unequal  at  its  sides,  because 
the  void  created  by  its  motion  is  equal  on  both  sides  and  must  be 
filled  by  the  water  adjacent,  necessarily  resulting  in  a  greater  depres- 
sion of  the  water  surface  between  the  vessel  and  the  contiguous  shore 
than  on  the  opposite  side;  the  difference  of  head  creating  a  pressure 
tending  to  move  the  boat  toward  the  near  shore.  This  tendency  is 
increased  greatly  by  the  turning  moment  induced  by  the  greater  neg- 
ative current  on  the  narrower  side  of  the  channel,  obviously  tending 
to  turn  the  bow  of  the  vessel  toward  the  same  shore.  It  is  true  that 
these  effects  are  diminished  because  the  change  of  head  on  opposite 
sides  of  the  boat  induces  a  current  under  it,  the  volume  of  which  de- 
pends on  the  depth  of  water  existing  there.  It  is  the  relative  efficiency 
of  this  current,  which  de^iends  upon  the  depth  of  water  under  the 
boat,  that  explains  the  greater  difficulty  of  steering  in  a  canal  which  is 
shallow  as  well  as  narrow,  than  in  one  of  like  width,  but  deeper. 

As  a  concrete  example,  Herr  Haack's  analysis  gives  the  following 
conditions  for  the  Lloydkahn  moving  at  the  rate  of  1.60  m.  per  second 
at  a  draft  oi  i.65  m.,  2  m.  to  starboard  of  the  middle  of  the  Dort- 
mund-Ems Canal:  Sir  king  of  water  surface  0.089  m.  greater  on  star- 
board than  on  j^cvl  .-side;  mean  negative  velocity  0.285  m.  per  second 
greater  on  that  side;  and  turning  moment  to  starboard  135  kgr. 

The  light  which  these  experiments  have  thrown  ujDon  these  prob- 
lems of  negative  velocities  and  dirigibility  emphasizes  the  importance 
of  assigning  a  liberal  value  to  r,  in  the  design  of  canals  where  speed  is 
highly  desirable;  and  also  the  fact  that  width  may  with  advantage  be 
sacrificed  for  depth  in  realizing  a  given  value  for  r. 

Such  a  modification  in  the  prevailing  ratios  of  canal  depth  to  width 
would  diminish  the  resistance  to  propulsion,  as  well  as  the  back  flow 
and  the  steering  difficulties. 
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